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PREFACE

Consumer demand analysis attempts to explain variations in consumers’
expenditure, using time-series and cross-sectional data on income, price, the 
distribution of income, the effects of the introduction of new commodities andf
changes in tastes and preferences.  In most planning and forecasting situations, the
error in forecasting of real income is likely to be less than that associated with
relative prices.  As a result, interest centres on the relationship between expenditure
on a particular item and income, treating prices as fixed.  Hence, it is of great
interest to estimate income elasticity for various household expenditure items.  This 
is because it gives the percentage change in expenditure on a commodity due to 1% 
rise in household income, which is very helpful for planning and forecastingr
purposes.

Any planned governmental investment would lead to economic growth, which is
mainly measured by income elasticity, but the methods of estimating income
elasticity is quite large, varying from traditional methods to sophisticated method
based on concentration curves. The method of estimating income elasticity by
various alternative methods is the subject matter of this book. The present book is
mainly concerned with cross-sectional data in estimating income elasticity for
various household expenditure items.  It provides a number of new techniques for
estimating income elasticity, which have distinct advantages over the traditional
methods.  For example, estimating income elasticity from the Box-Cox Engel
fuff nction based on a non-linear mumm lti-dimensional search technique is a new addition 
to our knowledge.  A new method of computing Engel elasticity based on
concentration curves is also presented in this book.  Furthermore, a new method of 
estimating the change in consumer demand with respect to an increase in income
and a change in income inequality from household expenditure survey data is also
provided.  Empirical illustrations are given with reference to Australian Household
Expenditure Survey (HES) data.

The present book constitutes an investigation into the principles underlying the 
formulation and estimation of income elasticity by various techniques for the
Australian HES data. Some basic observations on the Australian HES data collected
by the Australian Bureau of Statistics (ABS) are provided in Chapter 2.  The 
discrimination among the various forms of Engel curves has been made in Chapter
3, while various problems in computing Engel elasticity by the traditional Weighted
Least Squares (WLS) method are dealt with in Chapa ter 4.  Estimation of income
elasticity based on the Box-Cox general Engel function is presented in chapter 5.  A 
review of income distribution, and estimation of income elasticity based on
concentration curves are presented in chapters 6 and 7 respectively.  Chapter 8 is
concerned with the estimation of increased consumer demand fd off r various household
consumption items with respect to changes in income and income inequality. 
Demands for some specific household consumption items such as food, transport 

xiii



and communication, and alcohol are presented in chapters 9, 10 and 11 respectively. 
Chapter 12 deals with a review of consumers’ equivalence scales, which are
important for an accurate estimation of income elasticity, while the final chapter
provides some concluding remarks about the studies presented in this book.

This book provides good examples showing how to calculate income elasticity
using a number of methods from widely available published grouped data.  Some of 
the techniques presented here can be used in a wide range of policy areas in all 
developed, under developed and developing countries. Policy analysts, economists, 
business analysts and market researchers can find this book very useful.

M. O. HAQUE
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CHAPTER 1 

INTRODUCTION

In this chapter, readers will find out what is contained in this book. A brief t

review on demand analysis and its properties are provided in this introductory
chapter, because the book is concerned with income elasticitytt , which evolvesyy fromff

the theoryr ofo demand analf yll sis. It also provyy ides a briefe review of fo literature on Enf gel

curve analyll sis and its uses. A broad outline and contributions oyy fo the book are also
presented here along with limitations and concluding remarks.   

1. INTRODUCTION

A review of what is contained in this book is given in this introductory chapter.
The book provides a number of alternative methods of estimating income elasticity
based on the analysis of the Australian Household Expenditure Survey (HES) Data.
The nature of the work is partly theoretical and partly empirical. In most of the
chapters, methodological developments are provided first and then those theories are
applied to the empirical data to estimate income elasticity. As this book is concerned
with the estimation of income elasticity, which evolves from demand analysis, it is
felt necessary to give a short review of demand analysis, which is presented in
Section 2. Definitions, limitations and uses of Engel curve analysis are presented in
Section 3, while an outline of the contributions of the book is given in Section 4. 
Some concluding remarks and limitations of the studies presented in this book are
given in the final section. 

2. A BRIEF DISCUSSION ON DEMAND ANALYSIS

Demand analysis attempts to explain variations in consumer expenditure, using
time-series and cross-sectional data on income and prices. For a meaningful study, a
model should be built in such a way that it can test a priori beliefs.ff These a priori

beliefs may be taken on an ad hoc basis, or be deduced from the maintained
hypothesis under some assumptions and postulates. Demand theory uses both the ad

hoc specification and the derived theoretical specification. Most demand models are
combinations of these two. However, a broad distinction can be made between two
classes of models, which are known as ‘ad hoc models’ and ‘axiomatic models’. The
ad hoc models in demand theoryrr  can be constructed independently from utility
theoryr , whereas the axiomatic models of demand have developed from the neo-
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classical utility theory.1 As a result of the developments of utility theory, the 
empirical demand theorist can adopt as his maintained hypothesis a definite
axiomatic structure, which yields substantial restrictions on the demand functions.
Thus, it is clear that the estimates of the parameters of the ‘axiomatic model’ are
conditional. Moreover, empirical researchers can test the maintained hypothesis and yy
test an a priori belief regarding the external factors.

On the empirical side, attention has been focused on the theory of demand and its
relevance to applied demand analysis. In this connection, the theory is regarded as a
tool of empirical investigation. Demand analysts are basically concerned with
finding out the change in demand for a particular commodity due to a change in
certain specified explanatory variables. In particular, we are interested td o see the
effects of changes in real income per person, the structure of relative prices, the 
distribution of income, the introduction of new commodities and changes in tastes f
and preferences. For example, per capita expenditure of a particular item may be
expressed as a function of per capita income, the price of the goods relative to some
overall price index, time, tastes and preferences, etc. In this regard, a functional form
must be chosen for the demand emm quation before any analysis is carried out. Hence it
is clear that the choice of the demand model itself has important implications.  

Usually strong a priori beliefs are used to build demand models, which would
interact with the data to yield reliable results. In this regard, some previously used 
functional form should serve as a basis for estimation. Moreover, even when the
demand model is chosen, in most circumstances it is preferred to estimate only a few
parameters for each consumption item. This is because in many planning and
forecasting situations, the economist often has a mucmm h clearer idea aboua t the fuff ture
course of real income than relative prices. As a result, the interest centers on the 
relationship between expenditure on a particular item and income, treating prices as
fixed. In 1857 Engel formulated empirical laws stating the relation between income
and expenditure on a particular consumption item. More importantly, he established 
the proposition that ‘the percentage of income spent on food decreased as the
income increased’. This is popularly known as Engel’s law. In this regard, some
empirical illustrations are given below.

2.1 Literature on Applied Engel Curve Analysis 

The collection of HES data is an old tradition, which stretches from the
beginning of the nineteenth century to the present day. But, besides Engel’s work,
the subjb ect did not attract much theoretical attention until Allen and Bowley (1935).
They studied the British Family Budget data using a theoretical model and cross-
sectional data. They used the linear functional form for their demand analysis. The

CHAPTER 1

1 For discussion of these works, see Marshall (1890), Cassel (1899, 1918), Moore (1914, 1922, 1925-26),
Hicks and Allen (1934), Georgescu-Roegen (1936), Wold and Jureen (1953), Schumpeter (1954), Barten
(1964, 1965, 1977), Bridge (1971), Brown and Deaton (1972), Ellis (1976), Blackorby, Boyce and 
Russell (1978), Deaton (1978, 1982, 1997), Muellbauer (1974, 1980), Deaton and Muellbauer (1980), r
Pollak and Wales (1978, 1979, 1981), Diewert and Wales (1987), Boyle (1996), David and Wales (1996),
Banks, Blundell and Lewbel (1997), Brosig (1998, 2000)), and Huang and Lin (2000).
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subjb ect has further regained its importance, following the works of Nicholson
(1949), Wold and Jureen (1953) and Stone (1954). After that, Prais and Houthakker
(1955) conducted a pioneering work. They fitted five different forms of Engel
functions, which can be listed as linear, semi-log, hyperbolic, double-loy g and log-
inverse. They then concluded that the semi-log and the double-log Engel functions
fitted best foff r foodff and d nd on-foodff itd ems respectively. They estimated thd e total
expenditure elasticities for various food and nd on-foodff itd ems on the basis of these
fuff nctional foff rms.

Prais and Houthakker (1955) also incorporated household compmm osition as a
determinant of consumption patterns and rediscovered the concept of ‘specific
consumer scales’ introduced by Sydenstricker and King (1921). In their analysis,
individuals of different age and sex of a household were given different weights for
different types of specific items. Unit weights were attached to the adult male
members of the households for each specific commodity. They also introduced and
overall ‘income scale’ by which individual consumers were weighted according to
their shares in the total income of the household (HH). They used an iterative
method td o estimate these scales. Prais and Houthakker succeeded in estimating the 
specific coefficients because of the assumption of unit income coefficients over all
types of family members at the outset of the analysis. This is an arbitraryf
assumption, which cannot be used in general for an Engel curve analysis. In this
regard, Nicholson’s (1949) method of estimating income scales may be used. He
estimated the income coefficients of children by considering commodities for which
the child’s specific coefficients may be reasonably fixed at zero. Nicholson
considered men’s and women’s clothing, tobacco and drinks for his analysis. His
estimates were refeff rred td o as income diffeff rentials (or the ‘cost of a child’) rather
than to income scales, because his Engel functions were not based on logarithmic
transformations. However, the empirical results were disappointing although his
principle seems to be sound. Forsyth (1960) made a thorough investigation on
equivalent scales and concluded that the restrictions on the parameters of the Prais-
Houthakker model, which incorporated specific and income effects could not be
estimated simultaneously. Since then a number of authors such as Barten (1964),
Singh and Nagar (1973), Muellbauer (1974, 1975, 1980), Bojer (1977, 1998),
Kakwani (1977c), Hymans and Shapiro (1976), Kapteyn and Praag (1976), Ryan 
and Wales (1996, 1999), Ryan, Wales and Woodland (1982), and many other
prominent authors have done research on this topic in different countries in the
world, but none of them gained complete success. The problems of estimating 
‘consumers’ equivalence scales’ will be discussed extensively later in Chapter 12 of 
this book.

In 1957 Houthakker analysed 60 budget inquiries from 33 countries and 
concluded that expenditure elasticities varied from country toaa country. However,
without any statistical tests, he has taken these elasticitytt estimates for different
countries to be similar and estaba lished a fd eff w regularities, e. g.: (i) income elasticity
of food is always less than unity (Engel’s law); (ii) expenditure on housing also
shows a similar pattern (Schwabe’s law); and (iii) the elasticity of clothing is usually
greater than unity. He used the double-log Engel function for this study. Later, 
Houthakker (1965) also used the double logarithmic functional form to combine
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time-series and cross-sectional data on expenditure of five groups of consumption
items for the OECD countries and concluded that there were significant differences
in the demand elasticities among various countries. 

However, in the meantime Summers (1959) and Forsyth (1960) pointed out two
maja or weaknesses of the traditional Engel curve analysis. Summers (1959) showed 
that the use of the Ordinary Least Squares (OLS) method to a single relationship
with total expenditure as an independent variable produced inconsistent estimates of
Engel parameters due to the fact that the statistical model underlying the study was
really a set of simultaneous equations. Liviatan (1961) however, solved this problem
by using the instrumental variable method, with family income as an instrument for
total expenditure and obtained consistent estimates of Engel parameters for the
double log and linear Engel functions.

The subjb ect has also been developed in two other directions. First, Iyengar
(1960a, 1964a) computed Engel elasticities foff r various Indian household
consumpmm tion items from concentration curves, based on: (i) the double log Engel
function; and (ii) the log-normal income (total expenditure) distribution function.
Later, Kakwani (1977a, 1978) generalised this method and computed Engeld
elasticities from a special type of concentration curve. Second, Zarembka (1972,
1974) estimated total expenditure elasticities for Philippine food consumption items
based on the Box-Cox type Engel function that contained many commonly used 
Engel functions. Bensu, Kmenta and Shapaa iro (1976) and Chang (1977) have also
used the Box-Cox tyt pe Eny gel functions for their analyses.2

2.2 Properties of Demand Functions

A consumer’s ordinary demand function gives the quantity of a commodity that 
a consumer will buy and can be expressed as a function of commodity prices (own
price and prices of substitute, complementary and independent goods) and income t
(total expenditure) as follows.3

( )fY i = (1.1)

where Yi = the quantity of the ith commodity, Pi = the price of the ith commodity

and X = income (total expenditure).
The theory of consumer behaviour gives certain properties of individual demand 

from the constrained maximisation of a given individual utility function that is a

CHAPTER 1

2
Phlips (1974) showed how to analyse consumer behaviour of the households, using a dynamic demand

system. While Lluch, Powell and Williams (1977) analysed the patterns of household demand and 
savings jointly for different countries of the world, using Lluch’s (1973) extended linear expenditure
system.   

3
This is because both total expenditure and prices of various goods and services play a maja or role in

maintaining living standards. For example, the cost of living can vary significantly from region to region.f
In fact each region has its own price structure. Moreover, different people may pay different prices for the
same commodity at a certain time in the same region, because of variation in prices among milk bars,
Food Plus, Seven Eleven, 24 hour stores, supuu er markets and items on sale, etc.
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non-decreasing function of the quantities of all n commodities. However, if thef
above demand function is maximised subjb ect to the budget constraints, then a
complete demand model should satisfy the following restrictions.

(i) Budget restrictions:                           ( ) XYP ii
i

=

(ii) Homogeneous of degree zero  
    in income and all prices, i.e., 

   derivartives must satisfy:               niforff
P

Y
P

X

Y
X

j j

i
j

i ..,2,10 ==
∂
∂

+
∂
∂

(iii) Slutsky relations, i.e. the

substitutt tion effecff t:
X

Y
Y

P

Y
K

i
j

j

i
ij ∂

∂
+

∂
∂

= ,  is symmetric, i.e 

Kiji foff r the ith item with        KK jiij =  for all i, j = 1, 2,… , n and hence

respect to the jth price:             .0=
i j

ijjiji KP

These restrictions are the main content of the neoclassical theory of consumer
demand. These are independent restrictions on a complete set of demand equations
and are responsible for the considerable economy of parameterisation, which results
when consumer behaviour is derived frd om certain axioms.

Applied consumption analysis is mainly concerned with the estimation of they
parameters of one or all the equations in the system. Properties of these demand 
equations are obtained by utility maximisation. These properties will take the formrr
of mathematical restrictions on the derivatives of the demand fd uff nctions. The
restrictions serve to reduce the dimensionality of the estimation problem and to deal
with certain shortcomings of the available data. The analysis of demand can easily 
be conducted with refeff rence to the traditional mathematical concept of ‘slope’ of the 
demand function, or the partial derivative. But usually it is historically analysed with
reference to ‘elasticity’ or logarithmic partial derivatives. Thus the (Cournot) ‘price
elasticity of demand’ for good i with respect to the price of the jth good is defined
by 

P

Y

Y

P

PLog

YLog

j

i

i

j

j

i
ij ∂

∂
=

∂
∂

=η (1.2)

If i = j, then ηij is referred to as the ‘own price elasticity’ and otherwise ‘cross-

price elasticity’.
These (Cournot) price elasticities measure the percentage of uncompensated 

change in the demand for the ith good with respect to the percentage change in the
price of the jth good. The alternative Slutsky’s ‘price elasticity of demand’ is givenkk
by
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K
Y

P
S ij

i

j
ij = (1.3)

where Kij is defined earlier. It could easily be shown that S ij  measures the utility,

maintaining income compensated percentage variation in the demand for the ith 
good, with respect to the percentage change in the jth price.

The ‘Engel total expenditure (income) elasticity of demand’ for the ith good is
defined by

X

Y

Y

X

XLog

YLog i

i

i
i ∂

∂
=

∂
∂

=η (1.4)

Here ηi measures the percentage change in demand with respect to percentage

change in total expenditure (income). 
Furthermore, the ‘Budget share’ of the ith good is defined by

X

YP
W

ii
i = (1.5)

which connects the Cournot and Slutsky price elasticities by the following relation.

ηη ijijij WS += (1.6)

This relation is known as the Slutsky’s relation.  Finally the ‘elasticity of 
substitution’ between good i and j is defined by 

W

S
d

j

ij
ij = (1.7)

With these concepts we can derive some important restrictions on a complete set 
of demand equations implied by utility theory, which can be listed as follows. 

(a) Engel aggregation:         1=ηiiW

(b) Cournot aggregation:      ( )WW jiji ,−=η

(c)   Symmetry condition:    ( )SWSW jijiji ,=

(d) Homogeneity: ( )j
j

ij −= ηη

(e) Slutsky homogeneity:     ( )S
j

ij ,0=
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(f) Slutsky aggregation:      ( )SW ij
i

i ,0=

(g) Slutskey’s negative 
definite Hessian matrix: K is negative semi-definite, i.e.,  

K11  < 0, K11 K12

≥ 0, ... etc.
K21 K22

This is a familiar result that the principal minors of a negative definite matrix
alternate in sign, beginning with the first minor being negative. These results are 
often relied upuu on in practice.

3. ENGEL CURVE ANALYSIS AND ITS USES

The theory of consumer behaviour is one of the most important sections of 
microeconomic theory. This is actually the theoretical basis of family budget 
analysis. This section of microeconomic theory is now regarded as a ‘settled area of 
belief’. Hence theoretical models are well established. In this section, definitions,
some problems and uses of Engel curve analysis are discussed. From the discussion
in the previous section, we have seen that the demand equation of a particular item
may be expressed as a function of consumers’ income and market prices of all
commodities. Now, if the prices are held constant, the demand for a particular item
becomes a function of consumers’ income only, which is popularly referred to as an
Engel function.

Definition:  An Engel curve is defined by the relationship between the
expenditure on a particular commodity and total expenditure (disposable income).
Thus, in general, the Engel curve is represented by

( )fY i = (1.8)

where Yi  represents the expenditure on the ith commodity and X is the

consumer’s total expenditure (disposable income). This is the starting point of the 
Engel curve analysis.

The estimation of the above Engel function (1.8) from HES data based on the 
assumption that on average, the differences in consumption patterns between high
and ld ow income households can be ascribed td o their diffeff rences in current income
(total expenditure). All other differences between consumpmm tion patterns of individual
households are split into stochastic and non-stochastic compmm onents. The stochastic
part is nicely described by a selected probability distribution, while non-stochastic
differences are mainly due to differences of various socio-demographic 
characteristics of the households. Normally, the Engel curve analysis should be
performed with homogeneous groups of households in which there is only a slight
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variation in factors that might have a significant effect on preferences. These factors
are the educational and cultural background, occupation, age and sex composition of 
the households, and in particular the family size of the households. Moreover, this
kind of study ignores prices, which means the budget data need to be collected over
a short period of time and from regions where prices are more or less similar. In
practice, these conditions are rarely satisfied, though a relaxation of some is made
by certain techniques. 

The concept of income and its statistical measurements are questionable. A 
household’s wealth, both in total and in terms of its ownership of particular assets,
could influence its current consumption pattern. The estimation of Engel curves
without the separate influence of income and wealth is likely to be misleading if the
relationship is used for prediction over time, because wealth and income are
positively correlated in budget data. In such a situation, a sudden increase in income
may not be matched by a similar increase in wealth. Dynamic specifications of 
demand functions are needed to solve this kind of problem. In a similar manner, the 
effects of the household’s past income, consumption history and the effects of its 
expectations are ignored. By ignoring all these factors (which includes savings), the 
income variaba le can be treated ad s identical with total expenditure on consumer
goods and services. Of all the factors other than income, household composition is
the most important determinant of household consumption. Its effect on the
expenditure pattern is also of considerable interest.

Households consist of individuals of different age, sex and family size. Their
needs varyrr with these characteristics. There is no single natural measure of family
size. Measurement of family size is a big problem in an Engel curve analysis.
Counting the number of individuals in the household is one of the simplest measures
of family size. Hence, a general formulation of the Engel curve is represented by

( )SX((fY jjiij ,= (1.9)

where andXY jij ,, S j are the expenditure on the ith item, household total

expenditure (income) and household size of the jth household respectively.
Application of the OLS method to this formulation (usually the widely used 
functional forms are linear, double log, semi-log, log-inverse and hyperbola)
produces large standard errors of the estimated regression coefficients. This is 
because of the existence of a strong positive correlation between income and 
household size. In order to avoid this problem the function has often been
formulated on a per capita basis as 

=
S

X
f

S

Y

j

j

j

ij (1.10)
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which is widely used in practice, but this has the disadvantage that in randomly

selected sampmm les
S

X

j

j tends to be negatively correlated with the number of 

children in the household.4

As a result of this, economies of scale prevail and hence for households with the 
same total expenditure (income) per person, the larger ones would enjn oy a higher
standard of living, in that they would have a larger expenditure per person on 
luxuries. Therefore, the family size measured by counting the number of persons in
the household is not acceptable and hence both the above foff rmumm lations are
inadequate. Econometricians have tried to establish some measure for weighting the
members of the household to transform them into a per unit consumer scale. For
over a century, many attempts have been made by economists and statisticians to 
estimate the consumer unit scales. But, none of the attempts have been completely
successfuff l. An excellent review of the literatutt re on consumers’ economics of scale
can be found in Woodbury (1944), Prais and Houthakker (1955), and Muellbauer
(1980). The issue of measurement of “consumer’s unit scale” will be discussed in
details in Chapter 12 of this book.

Household expenditure surveys are concerned with the direct observation of the
economic behaviour of households or of individuals of varying social and economic
condition. Earlier, this kind of information was mainly used in making social
policies, showing how poverty may affect certain sections of populations, what 
proportion of families live in various states of poverty, and how those proportions
change through time. Household expenditure survey data can also be used for the
purpose of providing weights for index numbers of the cost of living. Econometric
investigations of family budgets are of great interest to academics for research
purposes in understanding the demand structure of consumers and estimating 
income elasticities. This kind of data is also used to compare the living standard of 
households of diffeff rent compmm ositions.

Apart from the abovementioned uses, the demand fd uff nctions derived frd om cross
sectional data are of great interest and importance for production planning, policy
making and for prediction purposes. Family budget analysis provides independent 
estimates of income elasticities in contrast to time series data, where both income
and price elasticities can be estimated. Income elasticities estimated from time series
data are not accurate because of the existence of serious multicollinearity between
incomes and prices. But, the income elasticities derived from the cross-sectional
data are quite good and hence these independent estimates are of great importance.
Stone (1954) estimated price elasticities from time series data bm y using income
elasticities derived from budget data as a priori infoff rmation. Income elasticities
derived from family budget data are also used in demand forecasting.    

4
 A simple double logarithmic Engel curve for per capita expenditure on a particular item as a function of

per capita income may avoid such a problem of multicollinearity. 
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4. OUTLINE AND CONTRIBUTIONS OF THIS BOOK

This book is mainly concerned with the estimation of income elasticity of
demand fd off r various Australian household expenditure items based on a number of
Australian HESs data. These surveys were designed to investigate how the 
expenditure patterns of households varied according to various income levels and
other characteristics (such as size and composition of the household, age, sex and 
occupational status of the household head, etc.). A rapid change of incomes and 
prices during several survey periods might have implications for interpreting
changes in patterns of expenditure and income. This would not create a maja or
problem for this study, because most of the present analyses are based on only one
HES data, the 1975-76 Australian HES data, which are presented in a special form.
Estimation of income elasticity by various alternative methods based on this data set
is still quite valid and relevant even today for various developed, developing and
under developed countries in the world. This is because even today most of the 
official HES data are published in grouped form due to the confidentiality nature of 
the data and fd off r a numbem r of other reasons.5 Thus, income elasticity estimates by
various methods based on this data can still be taken as relevant.

Estimating accurate income elasticity is important for making a number of
proper social and economic development policies. This is because income elasticity
of demand measures how much the quantity demanded of a good responds to a
change in consumers’ income. It is calculated as the percentage change in the 
quantity demanded divided by the percentage change in income. It allows us to 
analyse supply and demand with great precision. An accurate estimate of income
elasticity is important, because, if elasticity lies between 0 and 1, the good is
regarded as income inelastic, i.e., a necessary good implying that demand for it rises
as income increases, but a smaller percentage of income is spent on these items. 
However, if the elasticity is greater than 1, the item is regarded as income elastic
meaning a luxury item indicating that quantity demanded rises as income increases,
and a larger percentage of income is spent on the item. Whereas, if the elasticity
becomes negative then the item is considered inferior meaning that the demand fom r
this kind of item decreases as income rises. Income elasticity of a certain item can
indicate whether it is a luxury, necessary or inferior good depending on the level of 
income. Very high/low income elasticity suggests that when consumers’ income
goes up, consumers will buy more/less of that item. Thus, an accurate estimate of 
income elasticity of demand is very important and useful for proper policy
implications, because it is used to see how sensitive the demand for income changes. 

In addition to the above application of income elasticitytt , it is also commonly
used in making proper demand forecasting. To estimate income elasticities one musmm t
specifyff  and estimate demand relationships. This book constitutes an investigation
into the principles underlying the formulation and estimation of income elasticity
from the Australian HES data. Several methods of estimating income elasticity

CHAPTER 1
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 A number of HESs have been undertaken by the ABS since 1975-76, but none of them are appropriately

presented to estimate income elasticity by the various methods used in this book. 
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based on the Australian HES data are presented in thid s book. The contents of each
chapter of the book are discussed as follows.

Some basic observations on the Australian HESs data are provided in Chapter 2.
The discrimination among the various forms of Engel curves has been made in 
chapters 3 and 5. We fitted several functional foff rms and fd ouff nd that a nd ew fuff nctional
form called the double semi-log (DSL) Engel function, which has never been used
elsewhere, turns out to be the best functional form among several alternativet
fuff nctions on the basis of the distance fuff nction D2-criterion and nd on-nested
hypothesis testing procedure. This DSL function can also satisfy some important 
economic criteria viz.: (i) threshold; (ii) saturation; (iii) variable elasticity at 
different total expenditure levels; and (iv) the adding-up criteria. Finally, the
elasticity estimates based on this DSL Engel function for different commodities
show that the expenditure pattern of Australian households is veryrr similar to those
of other western developed countries.

A more general Engel function based on the Box-Cox transformation is
presented in Chapter 5. A non-linear optimisation algorithm is applied to estimate
the Box-Cox Engel function. A joint test on the different power transformations has
been done by the likelihood ratio test and it turns out that the commonly used simple
functional forms which are special cases of the general form, are not appropriate for
the Australian HES data, although the double log function is not significantly
different from the Box-Cox Engel function for five out of ten expenditure items. Wer
thus, come to the crucial conclusion that the Box-Cox Engel function is the most
appropriate to estimate income elasticity for various household expenditure items in
Australia. However the estimated td otal expenditure elasticities for various food and
non-food items obtained from the Box-Cox Engel function are not significantly
different from those of commonly used Engel functions. 

Chapter 4 is concerned with the problem of estimating non-linear Engel
functions when estimated by the Generalized Least Squares (GLS) method for
grouped data. It is argued here that in order to get unbiased estimates of Engel 
elasticities, the GLS method needs the within group geometric/harmonic means for
the logarithmic/inverse Engel relationships. The Australian Bureau of Statistics
(ABS) does not provide these within group geometric/harmonic means. We have
estimated within group geometric/harmonic means by the indirect method based on
concentration curves for any variable that is a function of per capa ita income.6 These
indirectly estimated within group geometric/harmonic means are then used to obtain
Engel elasticities for the logarithmic/inverse relationships. The percentage
differences of elasticity estimates computed by the GLS method using arithmeticmm
means as the proxies for geometric/harmonic means, and estimated within group
geometric/harmonic means based on concentration curves are then evaluated fd off r the
various non-linear Engel functions with refeff rence to the Australian HES data. With
regard to the direction of the difference of elasticity estimates of these two methods,

6
Our results suggest that the estimation of within group geometric/harmonic means from concentration

curve is not entirely satisfactory, since the indirectly estimated within group geometric/harmonic means
sometimes exceeded the reported within group arithmetic means, which are calculated from sample 
values by the direct method.
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in many cases our results contradict with the previous study made by Kakwani
(1977b). In this chapter, we also extended the concept of the average elasticitytt of af
variable elasticy Engel function for the multivariate case and some numerical results
are then presented.

A review of the literature on personal income distribution is given in Chapter 6
to show how theoretical income densityt  functions are developed. It also discusses
the uses of income distribution in measuring income inequality and poverty for
effective public policies, which may help to improve the economic well being of
individuals and society as a whole. These concepts are then used to develop new
theories to estimate income elasticities and increased consumer demands based on
concentration curves, which are presented in the subsequent chapters.

A detailed discussion of the concentration curves, their constructions and
specifications are provided in Chapter 7. We have also provided a new method of 
estimating income elasticity based on non-linear concentration curves. It is shown
empirically, using the Australian HES data, that the proposed Engel curve is better
than other commonly used well-known functional forms in two respects: goodness
of fit, and the adding up criteria. The effects of family composition and economies of
scale on total expenditure elasticities for the whole population are also provided.  It 
should be pointed out that income elasticity estimates based on this new method can
nicely describe the actual economic situation of the households of a nation at the
time of economic growth and increasing inequality of income among individuals of
a country. An alternative method of estimating increase in consumer demand from
HES data is provided in Chapter 8. This is obtained by relaxing earlier assumptions
about both the Engel function and the per car pita total expenditure (income)
distribution. The major contribution of this chapter is an evaluation of the effect of
an increased income and changes in income inequality on consumer’s demand of
various commodities. Empirical results on an increase in consumers’ demand for a
number of functions are provided for the Australian HES data, and a few
contradictory observations are made comparing these results to previous studies.

The natural sequence of the previous chapters is an extension of the analysis to 
specific commodities in detail instead of aggregate consumption of those 
commodities. In this respect, food, transport and communication, and alcohol
expenditures are analysed separately in chapters 9, 10, and 11 respectively. Each of 
these items demands comprehensive study about the nature and composition of their 
expenditures. This is because food, and transport and communication are very
important, since these are the largest and the second largest expenditure items
respectively in Australian family budgets; while alcohol is an important part of 
Australian life and culture, and frequently used in religious, cultural and social
ceremonies as well as business fuff nctions and recreational activities in Australia.

Demand for food is presented in Chapter 9 by disaggregating various food 
expenditure compmm onents, and per capa ita income levels and household compmm ositions.
Elasticities of various foodff itd ems are computed based on the commonly used Engelmm
functions along with the new method based on the implicit End gel function derived
from concentration curves. It is demonstrated from our results that income
elasticities of various foodff itd ems are diminishing with the rising incomes, which is 
consistent with previously established theoretical and empirical evidence. More 

CHAPTER 1
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importantly, elasticity indices of various food items are provided in this chapter
together with the contributions of each of the food items to the total food elasticityf
index. This will also show which foodff itd em contributes the highm est or the lowest
amount of inequality of food expenditure in Australia.

Demand for transportation and communication is provided in Chapter 10, which
is based on the double semi-log Engel function, the best fuff nctional foff rm on the basis

of the distance function, D
2
-criterion, and the non-nested hypothesis testing

procedure. This function is then used to estimate total expenditure elasticity, and the
percentage change in consumer demand due to changes in total expenditure and total
expenditure inequalities; using the 1975-76 Australian Household Expenditure
Survey data. The results of the analyses demonstrate that transport and 
communication is a necessary item in Australia on the basis of two criteria, viz., its 
elasticity is not significantly greater than unity, and the demand increases with the
decrease of the total expenditure inequality, a criterion emphasized by Iyengar
(1960b).

The demand for alcohol in Australia is presented in Chapter 11. Income
elasticities foff r various alcohol items have been estimated from a new Engel
function, which can be called the double semi-log Engel function. Beer had the
lowest elasticity, whereas the elasticities for wine and spirits were much higher,
placing them in the ‘luxuryrr ’ category. Elasticitytt  indices of various alcohol items,
including the contributions of different alcohol items to the total elasticity index are
also provided in this chapter. The percentage changes in demand due to changes in
total expenditure and total expenditure inequalities were also calculated. It is shown
that the per capita changes in demand for beer and wine were inaccurate unless
income distribution was considered. This technique can also be used to determine
the level of consumption demand for various alcohol items.

An extensive review of literature on the measurement of consumers’ equivalence
scales is presented in Chapter 12, and discusses its usefulness in calculating income 
elasticity based on these scales due to varying needs of members of the household 
according to age and sex. Thus to find the consumers’ unit scale, meaning exactly
how many effective consumers there are in a household is important to accurately
estimate income elasticity, which has wide ranging policy implications. Finally,
some concluding remarks of the book are provided in Chapter 13.               

5. LIMITATIONS AND CONCLUSIONS

This chapter briefly discusses demand analysis including Engel curve analysis 
and its properties. This is because income elasticity based on various alternative
methods is presented in this book, which basically evolves from the theoryrr of
demand analysis. Maja or contributions of this book are also presented in this
introductory chapter.  The methods of estimating income elasticity presented in this
book are highly relevant at present times when various countries are facing the 
problems of growing income inequality among its citizens due to emerging
economic growth. Income elasticity estimates based on various methods presented 
in this book can nicely describe the actual economic situation of the households of a
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nation. This is because some of the methods can incorporate economic growth and 
income inequality nicely in calculating income elasticity. More importantly, we have
presented a method, which is able to measure the effect of consumer’s demand due
to an increase in income and changes in income inequality. It is thus hoped that the
contributions made by this book would help to solve some of the economic
problems faced by various countries due to economic growth and income inequalityt .

Estimating income elasticity from a general survey is often problematic. More
importantly, we have estimated income elasticity mainly based on household income
and family size. We did not include other relevant socio-economic, environmental
and geographical variables, which together might have a significant effect in
estimating income elasticity. The income elasticity estimates presented in this book 
are based on the 1975-76 Australian HES data, which is quite dated. But it is still
valid and relevant, because most of the elasticities are estimated based on grouped
data, which are still valid and relevant since most of the official HES data are
presented in grouped form due to the confidentiality nature of the data and for afiif
number of other reasons. It can thus be argued that some of the new methods of 
estimating income elasticity based on grouped data, which are still widely produced 
by the data collecting authorities, are relevant even today more than any other time 
when various countries of the world are facing the problem of tackling the growing
income inequality at a time of high economic growth.            

CHAPTER 1
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CHAPTER 2 

AUSTRALIAN HOUSEHOLD EXPENDITURE 

SURVEYS

Readers will uncover how the Australian Bureau of Statistics (ABS) collects

various versions of the Household Expenditure Survey (HES) data. They will alsoHoH

learn how these data are presented, their limitations and uses for academic and 
policy analyses, and how to improve the qualitytt  of the HES data for future social 

policy research.

1. INTRODUCTION

The Australian Household Expenditure Survey (HES) is a multi-purpose socio-
economic enquiry of the nation conducted by the Australian Bureau of Statisticsy
(ABS) in the form of successive ‘series’. Each series took approximately a year for
data collection. The enquiry on consumer expenditure has been a regular of all the
HES series, beginning with the first series, which was conducted during July 1974 to
June 1975 and confined to capital cities only. Later HESs covered the whole of 
Australia (except remote and sparsely populated areas). 

These HESs were designed to find out how the expenditure patterns of private
households vary according to diffeff rent income levels and characteristics of
households. Most of the infoff rmation was collected frd om households on a recall basis
with a particular reference period (which varied according to the type of 
expenditure) using interview techniques. In addition, all members of households
aged 15 years and over were requested to record all ‘payments made’ over a two to
four week period in a diary provided to each of them. The stratified multi-stage 
probability (proportional to the households and collector’s districts) sampling 
procedure was followed for selecting the households, who were interviewed evenly
throughout the survey year. Any expenditure made by members of the selected 
households for business purposes were not considered in these surveys. These
surveys collected ‘household expenditure’, which included expenditures on those
goods (both durable and non-durable) and services made by the members of the
selected households for private consumption. Other components of householdmppm
expenditure such as income tax, superannuation contributions, life insurance
premiums, purchases of and deposits on dwellings and land are classified as ‘other
payments’. 

Estimates for the broad (15 groups) and medium (120 major items) expenditure
items were available from the beginning of the HES series by broad weekly
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household ind come and all hd ouseholds foff r the capital cities only. The estimates for
urban and rural sectors were always distinguished and (see point 6 on page vii of the 
ABS catalogue No. 6516.0) became available from the 1975-76 HES in different
broad income groups for different states and territories and for the whole of
Australia. More importantly, the ABS began to release ‘confidentialised’ Unit
Record Tapes for public use from the 1984 HES. Detailed tabulations covering
various expenditure items can be found from the ABS publications for various
versions of the HES. The concepts, definitions, and procedures remained more or
less the same over the various versions of the HES, with some noticeable exceptions
discussed in the following section.

Many important academic and policy research works are based on the HES data.
Among many others, the following are some important and useful works based on
these survey data.

* Studies on the functional forms of Engel curves by Haque (1988, 1989a, 
  1989b, 1996), Bewley (1982) and Hoa, Ironmonger and Manning (1983). 

* Studies on income distribution by Yates (1991), Kakwani (1986), Houghton
(1988), Harding (1984, 1995, 1997), Borland and Wilkins (1996), Borland 
(1998), Page and Simmons (2000) and NATSEM (1998, 2000).

* Studies on taxes and social welfare benefits on various classes of the
population by Warren (1986, 1991), Dixon, Foster and Gallagher (1985),
Agrawal (1989), Saunders (1987, 1992, 1994, 1997, 1998), Castles (1987),
Australian Bureau of Statistics [ABS] (1987), and Mitchell, Harding and
Gruen (1994).

* Studies on the cost of children by McDonald (1989, 1993), Bradbury (1989a)
and Edgar (1989). 

* Studies on patterns of household expenditure by Bradbury (1996), Haque
(1984, 2000, 2001), Perkins (1991), Newell (1990), Whiteford (1991), Powles,
Hage and Cosgrove (1990), and Newell, Ham and Coady (1987). 

Despite many problems, researchers, planners and policy makers are using the 
HES data increasingly. It is necessary to continually examine the validity of the data 
and to take all possible steps for improving the usefulness of the data for planning
and policy-making purposes at regional and national levels, and also for certain
target groups such as aborigines and disadvantaged groups.

In this chapter, we make some observations on the limitations of HES data based
on our experience, processing, tabulation and analysis of such data for various
investigations. Among other things, we emphasise: (a) the need for field as well as
technical studies, which examine the validity of the data being collected; (b) the
need for studies on the inter-temporal comparability of the HES data from different
versions; and (c) the need for timely release and/or publication of these data in a
more meaningful way for some broad groups of consumption items.

CHAPTER 2
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2. CHANGES IN DATA COLLECTION PROCEDURES FOR VARIOUS

VERSIONS

The basic data collection methodology remained approximately the same over
the various versions of the HES.  However, a few changes were made from time to
time in the procedure of collecting HES data. Some important changes are
mentioned below.

(1) The geographical coverage of the 1974-75 HES was confined to the six
state capital cities and Canberra only. However, the subsequent surveys 
covered the entire country (both urban and rural areas) except for remote
and sparsely populated areas.

(2) In the first series of the HES, any usual member of the household 
(including the head) absent at the time of interview and not returning within
7 days was excluded from the survey, whereas in the later series if the head
of the household was absent at the time of interview and was expected to
return after 7 days, but within 6 weeks of that date then the person was
included ad s a membem r of the household. Income and expenditure data were
collected for absent heads by a recall method without any diary information
relating to the household head. 

(3) The diary-keeping period was ‘two weeks’ in the first series. During the
second and third series the length of the diary-keeping period was two
weeks foff r urbr an households and fd ourff weeks for rural households. Butr , in
the 1988-89 HES the diary keeping period was two weeks for all
households (both urban and rural).

(4) In the first survey the value (retail price) of only free goods and services
obtained from an employer was included in the ‘income-in-kind’
component. However, this concept was extended to cover goods and 
services provided by an employer at reduced prices and free of charge in
the later surveys. In addition, from the second series, households were
requested to keep records of all details of any product taken from their back
yard and/or vegetable gardens in the supplied diary.

(5) In the first series of HES any income earned by a member of the household 
aged less than 15 years was excluded from the family income. However,
children’s income was included in the family income from the second
series.

(6) The different treatment and incidence of non-monetary income commenced 
from the third series. Income in kind received from an employer is counted 
in the 1984 HES as both income and expenditure of the household 
concerned. However, the items are restricted in the income questionnaire to
cars, housing, electricity and telephones, and to any goods obtained during
the diaryrr -keeping period. The respondent is asked for their current retail
value (and the amount if any that they cost him). Unlike previous series 
only the last financial year’s income from investment and/or self-
employment is considered from the third series.

AUSTRALIAN HOUSEHOLD EXPENDITURE SURVEYS
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(7) Negative income (in the case of business loss) was collected to estimate the
total household income from the 1988-89 HES. This income was treated as
‘zero’ in previous surveys. 

(8) In order to estimate household expenditure, the first two series adopted a 
mixture of the ‘payments (i.e. payments made during the reference period 
for goods and services, whether or not acquired or consumed during that t
period)’ and ‘acquisitions (i.e. the cost of those items acquired during the
period, whether or not fully consumed or paid for)’ approaches.  However,
only the acquisition approach was followed from the 1984 HES.

(9) Important changes in categorisation in the HES Commodity Code List 
(HESCCL) were made between the first two series and other series:
separate identification of current housing costs for selected dwelling (item
code 01); allocation of the principal component of mortgage payments to
form part of ‘other capital housing costs’ (item code 16); and collapsing
and splitting of previously established expenditure items. The number of
expenditure items in different surveys is given in Table 2.1. This table 
shows that more detailed expenditure items are collected in recent HESs
than earlier HESs, but maja or expenditure items remain approximately the 
same in various HESs except the 1998-99 HES when 609 detailed
consumption items were collapsed into 123 maja or items; while total number
of broad expenditure items remained same in Australia in various HEd Ss.

Table 2.1. Number ofo  expenditure items in variousf
            HES in Australia: 1974-1975 to 1998-1999

Source: Australian Household Expenditure Surveys: 1974-1975 to 1998-1999.

(10) The Australian Standard Classification of Occupations (ASCO) has
replaced the Classification and Classified List of Occupuu ations (CCLO)
since the 1988-1989 HES.

(11) A three-month recall period was used for some infrequently purchased 
items such as refrigerators, washing machines, etc., since the third series of
the HES, while a two-week or four-week recall period was used for such
items in earlier versions.

(12)  Different sample sizes of households were used in d diffeff rent series of the
HES. These are given in Table 2.2 below. This table shows that sample size 
of households vary from HES to HES.

Description 1974-75 1975-76 1984 1988-89 1993-94 1998-99

Detailed items 300 300 440 430 626 609

Major items 102 90 100 100 99 123

Broad items 15 17 17 17 17 17

HAPTER 2
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Table 2.2.  Number of households sampled in various HESs in 
     Australia: 1974-75 to 1998-1999

Source: Australian Household Expenditure Surveys: 1974-1975 to 1998-1999.

As a result, the estimates of the change in expenditure between different series of 
HESs are subjb ect to various degrees of sampling and non-sampling errors.  Standard 
errors foff r some variaba les can differff significantly from version to version.

(13) Financial years were chosen as a survey period for the first two series of the
HES. However, a calendar year was chosen for the third series, 1984 HES.
The data collection period for the fourth series was from July 1988 to July 
1989.

(14) The main differences of the 1993-1994 HES from the previous HESs are as
foff llows.

(a) The survey weighting process for the 1993-1994 HES used independent 
estimates of the numbem r of households in Australia as benchmarks.

(b) The number of households contributing to the 1993-1994 HES
(approximately 900) increased, replacing some missing items by its
impmm uted values calculated on the basis of information reported for similar
households.

(c) Estimated income tax was calculated for all households according to the
taxation criteria for 1993-94, and using the income and other characteristics
of household members, as reported in the survey. 

(15)  New techniques were introduced to collect the 1998-99 HES data. The
main differences of the 1998-99 HES from that of the previous HESs are
given below.

(a) A compmm uter assisted interviewing (CAI) technique was used to collect data 
from households and individuals through a written diary.rr

(b) More household and individual estimates were used as the weighting
process for the 1998-99 HES.

(c) Extra detail was collected for characteristics such as mobile phones, taxes,
childcare, education, gambling, and income-in-kind through improved 
methods.

Year oYY fo survef ye  Sample size (number ofo
households)s

1974-75 9095 

1975-76 5869 

1984 9571

1988-89 7405 

1993-94 8389 

1998-99 6893 
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(d) New questions on financial stress and lump sum payments were included,
and the definition of a dependent child changed. The new definition of ad
dependent child includes people 15 years and under, and full-time students
aged between 15 and 24 years (instead of 15 to 20 years, as used 
previously), who have a parent in the household, but no child of their own.

(e)  A Household Expenditure Classification was introduced instead of the HES
Commodity Code List (HESCCL) as used previously.

These changes were made over various versions of the HES with a view to 
improve the quality of data. The idea behind all these changes was to obtain a more
comprehensive picture of the economic activities of the households.  However, there
is a serious danger in interpreting and analysing such data, particularly for
intertemporal comparisons among various versions of the HES data.  Intertemporal
comparability of household income and expenditure data is veryrr important and 
useful to understand the performance of the economy, and the standard and quality 
of living of households.  The continuing changes in the data collection procedures
make it difficult to fulfill such objectives. 

3. VALIDITY OF THE HES DATA

The HES data are based on recorded information in a diaryrr (during a two to four
weeks period depending on the series and localitytt of the responding households) as
well as answers provided by a responding household to questions which were asked 
about their consumption of various goods and services during a certain period of 
time (using a recall period method). There could be random errors and biases in the
data entries due to recall periods and wilful distortions. Also there is a possibility
that the keeping of diaries results in behavioural change of the responding
households. There is evidence that the respondents have a tendency to over-state
some items of consumption and under-state the consumption of others. The diary
keeping method is a good way of collecting day-to-day expenditure data. Yet, there
is no way of getting over the response biases completely. Also, there is no evidence
that a shorter reference period would necessarily ensure greater accuracy of the data.

From the third series, the ABS has adopted the acquisition appa roach which
means the full cost of goods and services is recorded at the time of acquisition (not
at the time of consumption) with a reference period of time, two weeks for diary
keeping, and three months to two years for infrequent purchases depending on the
item. Average weekly expenditures on various goods and services were then
recorded on the basis of being evenly spread over the reference period. This creates
a problem, because some households may not spend anything on certain items
durindd g the reference period or diaryrr -keeping period at the time the survey was
conducted. For exampmm le, the 1988-89 HES showed that 19% and 22% of households
did not purchase anything on clothing and furniture respectively during the survey
period. On the contrary, some households purchased more than usual during the 
survey period. As a result, in some cases their spending may well exceeding their
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income. The 1988-89 HES Unit Record Tape showed that 57% of households spent 
more than their net income over the reference period.

Experience suggests that as time passes, more and md ore Australian families are
purchasing bulk household commodities including some food items such as flour,
rice, meat, and seafood etc. As a result, they purchase household commodities at less
frequent intervals. This could probably happen due to widespread use of cars,
freezers etc., because of changing life-styles as well as to save time due to the
greater participation rate in employment by couples. The Australian Institute of t
Family Studies (AIFS) Bulletin (no. 6, p. 17) shows that the employment 
participation for couples with children increased to 53.2% in July 1988 from 42.8%
in July 1979; the corresponding figures for couples without children are 61.8% and 
50.7% respectively.

The Australian Bureau of Statistics collects expenditure data with the main 
purpose of providing weights for the Consumer Price Index (CPI). However, data on
quantity (in physical terms), which are very important for nutritional analysis, are
not collected. Also, the availability of both quantity and expenditure information
would provide a valuable crosscheck on the reliability of the information. By 
computing the price as a ratio of these two, it is possible to eliminate extreme
observations due to errors of recording. It is thus hoped that the ABS will collect 
both quantity and expenditure information in future HESs.

Because quantities are not collected, it is not possible to estimate quality
elasticity, an important indicator of the quality of living of the households. Quantity
data can be obtained by dividing the expenditure estimates (value term) by consumer
price indices. However, the consumer price indices available in the country
produced by the ABS are often found to be inadequate for such purposes, as they
relate to particular capaa ital cities and to particular commodities. In addition, there is a
problem of inter-temporal and inter-regional differentials in price variation. Hence,
one should had ve diffeff rent sets of consumer price indices for different income groupsr
of the population. This is important for examining the expenditure pattern of
households in real terms, because Haque (1991c) has shown that there is a clear time
trend in average weekly household income and expenditure of the population in
different income groups in different states.

We now come to the effect of seasonality on HES data. Spreading interviews
evenly over the 12 months of the survey year eliminates the effect of seasonality
almost completely as far as the averages of expenditures based on the entire survey
year are concerned. However, as different households are interviewed at different t
points in time, seasonal variation is superimposed on the true variation between
households, and the distribution of population by size-classes of household income
exagerates the true extent of the inequality. More seriously, seasonality may be
distorting the estimates of the Engel functions and Engel elasticity based on the HES 
data.

Many analyses based on HES data assume that the biases (if any) in the data are 
uniform over time. This may not be true even under the most favourable situations,
because the biases may change abruptly in some unusual situations, for example 
when prices change very sharply. Also, biases may fall or rise systematically
through time. However, one might assume that estimates represent consumption
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expenditures obtained from large samples. But, in the case of the HES data, the
situation was weakened by the changes in the data collection procedure mentioned 
in the preceding section. 

One of the maja or weaknesses of HES data may be the ‘unduly high’ estimate of
per capita intake of ‘meals out and take-away food’, and alcohol and non-alcohol
beverages in the highest quintile income group, as the level of consumption of such
items in physical terms is one of the better indicators of living standards in 
Australia. It is unfortunate that this problem has not been given the attention it 
deserves. Variations in consumpmm tion standards may be reflected more or less
consistently over time and across regions. However, the absolute levels of these 
estimates are quite doubtful and should be checked more thoroughly. ‘Ceremonial
parties’ may provide a partial explanation. The host households report the entire
quantum of meals in hotels and restaurants, drinks and alcohol needed for the
function in its budget, while most, if not all, of the invitees mayaa forget that they had
a meal outside when reporting for their respective households. The same difficulties
arise when one is offered drinks or biscuits, etc., while visiting friend’s or relative’s
houses on special occasions like Christmas Day or Mother’s Day. Haque (1989a,
1989b) has observed that the Engel elasticity obtained for meals out and take-away
food is high and sensitive.

Another criticism of the HES data may be the possible under-enumeration of the 
highest and lowest income bracket households. The HES excludes inmates of
hospitals, jails, militaryrr  cantonments, etc., and also is possibly under-enumerating
the homeless and destitute people. Although, there is no clear evidence of such a
claim, it is desirable to keep a systematic record of appaa roximate characteristics of
these households. It would be excellent if a representative sample of these casualty
households could be pursued and covered for the consd umer expenditure enquiry.

On the whole, the HES income data appear to agree fairly well with the
corresponding figure derived from other household based surveys, such as the 
Survey of Employed Wage and Salary Earners, the Income Distribution Survey, the
Housing Survey, etc. This agreement is quite remarkable considering the completely
different data sets. However, when the HES and the Australian Taxation Office
(ATO) data are compmm ared, it appa ears that incomes have been significantly 
underestimated in the HES data. In a recent study, the Australian Bureau of 
Statistics (1991) has shown that the average annual per capita income for those
individuals with taxable income over the tax threshold based on the 1988-89 HES
was $20,007, compared to $24,374 based on the 1988-89 ATO estimates for those 
individuals who lodged tax returns. This obviously does not guarantee that the ATO 
income data are correct and should be preferred over HES income data. Substantial
research work should be carried out to justify the superiority of the ATO income
data over the HES income data.

As regards the pattern of household expenditure, the picture emerging from the
HES differs systematically from that based on the private final consumption
expenditure of the Australian National Accounts (ANA) estimates. These
differences are quite reasonable on the grounds of the significant differences in 
scope, concepts, sources and methods used for these two data sets. The ANA
estimate is designed to provide an aggregate of the diverse transactions in the
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economy, and the various components (viz. household sector) involved in those
transactions. While, the HES deals with the levels of private expenditure of 
households in a narrowly defined population, one still does not know which of the
two estimates approximates more closely to reality. By and large, the HES estimates
are lower than the ANA estimates across commoditytt groups.

In view of the importance of the HES data, it is indeed surprising how little
technical work has been done in the country to cross-examine the data to improve its 
quality. For example, there is no research to justify the ‘accusation method’ over the
‘payment method’, which has been adopted since the third version of the HES. It 
would be expected that a sample survey organisation would carry out various typesy
of field studies before embarking on a regular large-scale survey and also to publishr
the results of such studies. This has hardly been done so far.  As a result, there have
been a very few field studies, which throw light on or justifyff the procedures
followed in the HES. It is possible that sudden changes in the questionnaire and data
collection procedures introduced a break in the time series of HES estimates and 
increased discrepancies between the HES estimates and the Official National
Income and Expenditure estimates. In the absence of appaa ropriate field trials, one
cannot easily rule out this possibility. Similar observations may be made regarding
the change in the method of imputation of consumption expenditure out of ‘self-f
done jobs’ and/or homegrown foods or vegetables. At this stage, we emphasise theabb
need for systematic and continual verification of the HES data at the technical level 
with a view to solve the questions frequently raised by various users concerning the
validity and the need for additional information for future HES data collection.

4. OTHER OBSERVATIONS ON THE HES DATA

One of the most obvious drawbacks of the HES data is the delay in the
publication of results, although it has become quicker in the later series. Yet, it took
about 15 months to get any usable data on income and expenditure from the HESa
from the completion of data collection. Further, the ABS failed to release any
information on income and expenditure data for unemployed families at a time when
the country was seriously discussing the ‘problem of unemployment’. It is important 
to know the degree to which the community is suffering in terms of a fall in quality
of living due to unemployment.

Household expenditure on different commodities and income data, have been
published by weekly household gross income deciles, since the 1984 HES. 
However, the concept of income and its statistical measurement are questionable. 
Moreover, data on expenditure and income per family cannot give the real picture of 
the expenditure pattern of the commodity. This is because Cramer (1973a) has
mentioned thatd

large families tend to have high incomes, and conversely. This is not due to a direct 
causal link between the two variables (income and family size) but to fortuitous 
characteristics of our social strucrr ture.

Hence, there is a strong positive correlation between income and family size.  
For this reason, it is advisable to present the HES data for differentt per-equivalent
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adult (or at least per capita) total expenditure deciles instead of household gross
income deciles. Literatutt re in favour of total expenditure versus income is abundant 
[see Cramer (1973a), Friedman (1957), Prais and Houthakker (1955), Podder
(1971), Vickrey (1947) and Haque (1984), Dayal, Gomulka, Milford, Southerland 
and Taylor (2000), Geoffrey and Ferraro (1996), and Thesia and Blanciforti (1994)].

Theoretically, one is interested in the relationship between expenditure on a
particular item (Y) and income (X) and hence the same reference time interval (i.e.,
from July 1 to July 21; not some households in July, some in December, and some in
March, etc.,) for all households. A moving two or three weeks reference period 
introduces transitory (seasonal) components in both X and Y. Successive transitory
components are correlated. Under these circumstances, it is quite possible that the
Engel elasticity for some luxuryr items may be over-estimated and those of some
necessary items underestimated. This subtle problem has been relatively unnoticed
in the literature [see Liviatan (1961)]. In this regard, the following steps are
suggested to clarify the position.

(i) Commodity type analysis may be undertaken by collecting budget data for
the same reference year, through repeated visits. These data can be
analysed to investigate the biases. If any bias is found in the currently
collected HES data, a decision may then be taken for future data collection,
to convert to a moving annual refeff rence period for clothing and other
categories of items where purchases are infrequent and marked by
pronounced seasonality.

(ii) The ABS may also collect data on infrequent purchases of two or three
items such as clothing with respect to an annual reference period and the
data be analysed to clarify the problem. 

(iii) One may also obtain a better measure of consumption than per capita
expenditure by excluding unusual purchases such as housing, cars, health or
ceremonial expenses, and use these as explanatory variables in the Engel
curve analysis. In this connection, it would be of interest to collect the data
from those households who spent a large sum of money for housing, cars, 
health or ceremonial purposes, by asking how much the household 
normally spends on such items when they are not making the infrequent,
large expenditures on those items. Those data would then be added with 
other expenditures to get the total expenditure, which can then be used as
one of the explanatory variables in a regression model. Total expenditure 
elasticity for all the consumption items would then be accurately estimated. 

Most researchers need some idea of the sampling errors of the ratios, indices or
coefficients. Such needs cannot be met by computing the standard errors (S.Es) of a
few global estimates. Even if S.Es are presented for everyrr estimate appearing in the
‘Tables with notes’, the researchers may not be able to compute the S.Es of thet
ratios etc. In such situations, one mayaa need sampling co-variances of various pairs of 
estimates. In this regard, one may consider the following list of statistics frequently
estimated from HES data:
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(1) cumulative percentages of population living below specified levels of per
capita expenditure (X);

(2) shares in aggregate consumer expenditure enjn oyed by various groups of the
population;

(3) Lorenz ratios for the distribution of population by size of (x);
(4) the analogues of (2) and (3) for specified items of consumption like cereals,

etc;
(5)  Engel elasticity of consumption for various items; and 
(6) indices of inter-regional variation (in consumer prices or the like) in average

per capita household consumer expenditure.

Scrutiny of statistical data is an ‘art’ and it is difficult to put objb ective rules
which would be acceptable to all experts. Scrutiny of filled-up HES ‘consumer
expenditure’ questionnaires is essential; because some defects may arise from the
failure to distinguish between purchase, expenditure and consumpmm tion. Without 
editing the raw data from the field, the technical section has problems with some
absurd entries. The data for households can be scrutinised on a computer, using
limits set up after preliminary examination of the data. A number of sample 
households can be rejected on the grounds of defective entries. A household can bef
reje ected altogether if its per capita expenditure on some item, say for example
consumption of cereals exceeds $30 or 10 kg per week, or the expenditure on cereals 
appears to be less than 50c or higher than $50 per kg.  Similar rules can be applied 
to other items.

There are doubts about the utilization of multi-stage probability sampling 
techniques to measure and control non-sampling errors creeping in during the field 
work. It is really difficult to find biases that are common to both parties of 
investigators. However, the technique is extremely helpful in controlling errors 
entering at the processing and tabulation stages. Unfortunately, the importance of 
this is not clear to persons who do not have wide experience of survey data
processing.

It is standard practice to publish mass individual household expenditure data in
the form of cell means for a given classification of sample households. As a result,
most analyses are based on grouped cell means, even though individual data are
available. This is probably because of high variability in the individual data, which 
also fails to answer some basic questions such as what is the average expenditure on
food made by the poor people of the community, is there any significant difference 
between the average expenditures on food by the poorer and richer sections of the 
community. Grouped cell means can answer these questions very accurately, if the 
distribution of expenditures on those commodities within groups is symmetrical.

Inspection of scatter diagrams of expenditures of different commodities by
income groups of a number of individual households shows that the dispersion is so 
large that any Engel function will give an equally poor fit. A good fit of some
specified form can emerge when the within group cell means are used. Cramer

(1973a) has shown that the coefficient of determination (R
2
) is usually low for
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individual data and a higher R
2

can be achieved by using the grouped data for the 
same phenomenon, leaving the properties of the regression estimates largely intact.

However, cell means are sometimes meaningless, since mean values are highly
affected by the extreme values. In fact, the 1988-89 HES Unit Record Tape shows
that the distribution of expenditure on some commodities, particularly infrequently 
purchased items, is highly skewed even within the gross income deciles. For some
items there are multiple modes. In these circumstances, it is very difficult to accept
cell means as the representative values for those groups. Moreover, cell means are
dependent on the particular income class limits adopted. The choice of an optimal
classification, which maintains homogeneity within each group, is a difficult task. 
The case of multiple regression grouping may well affect the correlation among the
explanatory variables and hence lead to a serious multicollinearity problem,
although this does not occur in the individual observations when the least squares
method is used.  Until now, very little attention has been paid to this problem. Prais
and Aitchison (1954) mentioned that an investigation of optimal grouping in
multiple regressions should begin from matrimm x algebra. We urge that the ABS should
do some research work on the optimum classification and present the data 
accordingly instead of in gross income deciles. It is our feeling that the data would
be better represented by fractile groupings [Vide, Mahalanobis (1960)], with 
households having continuous ranks when they were ranked in ascending order of 
income (say either gross or net). Then the group denoted by 0-5 per cent would 
comprise the bottom 5 per cent of the estimated number of households, the group
represented by 5-10 per cent would comprise the next 5 per cent of the estimated 
number of households, and so on.

Currently, the ABS publishes the arithmetic cell means within each gross deciles 
income groups for different consumption items. Aitken’s (1934) Generalised Least 
Squares (GLS) method can be used to obtain unbiased estimates of regression
coefficients, using the within group arithmetic cell means if the linear function is
chosen. However, Haque (1988, 1989b), Podder (197l), Bewley (1982) and many 
others have shown that the linear fuff nction is not supu erior over other functions for the
Australian HES data. In fact, almost all published works are based on non-linear
Engle functions such as semi-log, double-log, and log-log inverse. In such cases,
Aitken’s GLS method needs the within group geometric/harmonic means for the
logarithmic/inverse functional forms, in order to estimate unbiased regression
parameters and hence income elasticity. A bias is introduced when the within group
arithmetic cell means are used as a proxy for the geometric/harmonic means in
estimating non-linear Engel functions. Both Kakwani (1977b) and Haque (l990a)
showed that these biases are significantly higher for some items, using the estimated
within group geometric/harmonic means based on the concentration curves. It is thus
urged that the ABS should produce at least one set of within group
geometric/harmonic means for some broad groups of items. See more about the uses
and validity of the HES data in the United Nations (1989), Taylor, Gomulka and 
Sutherland (2000), Sutherland, Taylor and Gomulka (2001) and Mario (1995). 
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5. RECOMMENDATION AND CONCLUDING REMARKS

Some recommendations and conclusions are made in this section. To examine
the validity and to improve the quality of the HES data, the following
recommendations are made.

Substantial technical work should be done by the ABS and elsewhere to verify
the HES data both for internal consistency as well as against external evidence.

Fieldwork should be undertaken to investigate:

(a) the effects of various changes made in the questionnaire over time in
collecting the HES data;

(b) the validity of the estimates for meals out and take-out food and drinks;
(c)     the effects of seasonality on the budget data;
(d) the effects on data collection of the ‘acquisition’ method; and 
(f) the appropriateness of the month reference period for clothing and some

other durable items.

Improved procedures of scrutinizing the field data should ald so be evolved and d
standardised.

· A systematic record of expenditures and incomes and other appropriate
characteristics of the households at different income level particularly the
lowest and the highest income groups should be kept.

. Expenditure, quantity as well as price information for various goods and 
regarding changes in the quality of living and in disparities of level of living in
real terms cannot be answered satisfactorily with the present data. The HES 
data of various ‘series’ cannot be compared in the absence of appropriate
Consumer Price Indexes for different income groups (deciles groups) of the
population.

. It is important to publish estimates of consumption in quantity for a number of
food items along with average prices. These are important for studies of 
nutrition. Also, Hofsten (1952) has shown that quality variations have an
economically significant effect on the calculated value of the index number.

If the HES data have to meet the growing and varied needs of researchers and 
policy makers then the following recommendations should be given special 
considerations.

·  All estimated statistics should be published promptly. They must include
expenditure and quantitytt for detailed food items and other important groups of 
expenditure items. 

· Statewide households and persons based data in different size-classes (deciles
groups) of per capita expenditure data (if not per equivalent adult expenditure) 
should be published.
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· A table for broad groups of items kept consistent for every ‘series’ should be 
published on the basis of per capita (if not per equivalent adult) fractile
groupings of the total expenditure. 

· It is also argued that the ABS should produce one set of within group
geometric/harmonic means for broad groups of items based on per capita
fractile groupings of the total expenditure.

· Estimates of standard errors and co-variances of some commonly estimated 
statistics mentioned in Section 4 should be published.

· The ‘Unit Record Tape’ should be released quickly to the users of the HES
data.

· We finally would like to make a suggestion to the ABS to collect the same
HES information repeatedly from version to version for some specified 
households (say 1500) who are socially disadvantaged such as aborigines,
migrants and low income households (viz., single mothers, retired elderly
people, etc., whose per capita annual income say is less than $10,000). This
will help us to investigate how the living standards of those families are
affected due to many changing situations such as economic recession,
government interventions and changes in social and economic environments.
Short and long term income elasticity of some consumption items using such
panel data on households would be of great interest in making proper social
policies. The demand for intake of nutrients such as Bhargava (1991), Strauss
and Thomas (1998), and National Nutrition Surveys can also be analysed
using time observations on individuals of households. It is hoped that thesef
data will suppuu ort the view that increases in household ind comes will in tutt rn
impmm rove the intakes of nutrients, which the Australian National Health and
Medical Research Council (NHMRC) tries to establish for health reasons. This
suggestion is quite consistent with an ABS Australian Statistician, Castles
(1991), who wrote as: 

Our mission is to assist and encourage informed decision-making, research and 
discussion within governments and the communitmm y by providing a high-quality, user-
oriented and dynamic statistical service....

He also mentioned that in introducing the Australian Bureau of Statistics Bill
1975, the Honourable Minister L. F. Bowen, MP pointed out that:

There is no need for me to argue the virtues of statistical information in providing a 
generally informed society; in providing a firm basis for decision-making in providing arr
basis for the development of programs and a means of measuring their progress over 
time.

In conclusion, we would like to mention that the stratified multi-stage probability
sampling procedure should be continued in the collection of HES data. In future, the
data including tabulation and analyses of the HES as recommended in this study,
should be suppuu lied to the various researchers. It is impmm ortant to bear in mind that the
consumer expenditure enquiry over time for some sr pecified households would be a
maja or feature for future HES data collection. However, we may state that the risks of
non-comparability of data from successive enquiries of the same nature would be
minimised if the enquiries were carried out continuously. Also if one carries out 
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budget enquiries at regular intervals, say once in every four or five years, the
fluctuations in some consumption products may prevent us from examining gradual
trends in levels of living. It appears to be wise to distribute the resources and effoff rt
over many medium-tyt pe enquiries to be carried out every yrr year instead of conducting
a large-survey at a regular interval of say every five years. Household Expenditure
Survey data of this tytt pe is important for future development and social policies, andyy
can be found in Carnegie and Walker (2001), Dasgupta (2001), Deaton (1997),
Dolton (2002), and Lechner and Pfeiffer (2001).
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CHAPTER 3 

FUNCTIONAL FORMS FOR ENGEL CURVES 

Readers will learn how to choose a best Engel function from various alternativesEnE

based on a number ofo statistical and economic criteria when estimatinf g incomeg

elasticitytt . More importantlyll , theyy ye will fiff nd a new Engel function called the doubleff
semi-log (DSL) Engel function, which turns out to be the best functional form when

compared with other widely used common functional forms based on the non-nested 

specification PEPPE-test, and the distance function, D2-criterion. This DSL Engel 
function is quite flexible in that it gives rise to a wide range of shapes. It can alsoii

satisfy other economic criteria such as the adding-up criterion. More importantly,

readers will find that the Weighted Least Squares (WLS) method produces
inconsistent estimates ofo the parameters of fo a sinf gle relationship when total 

expenditure is used as one ofo  the explanatorf yrr  variables (which is usuallyll  the case).
The Instrumental Matrix Approach is used TT to obtain consistent estimates of the 

Engel elasticities and their asymptotic standard errors, which are essential because 

of the simultaneous nature of the model. Both consistent and inconsistent income
elasticities together with their standard errorsrr are then calculated based on this

DSL Engel function for various Australian household expenditure items, which are

then used to conduct two separate one-tailed t-tests, taking 0 and 1 as the true 
elasticity to classify the necessary and luxury items respectively.

1. INTRODUCTION

The choice of the most appropriate functional form in an Engel curve analysis is
an old econometric problem. There is no unique functional form and the choice
depends mainly on the importance placed by the investigators on the various criteria 
they wish to satisfy. Many authors choose the best functional form from various
alternatives on statistical grounds. Some emphasize the economic criteria (such as
the adding up property).

The present study has two basic aims. First, we will find a best Engel function 
among various alternatives for different household expenditure items. Second, we
estimate total expenditure elasticity for various consumption items on the basis of 
the best Engel function.

A new Engel function, which can be called the double semi-log (DSL) Engel
function, is considered in this chapter. This function has the ability to satisfy various 
economic criteria (including the adding-up criterion), which will then be compared 
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with other well-known Engel functions, using the non-nested hypothesis testing
procedure, and the distance function criterion. The Australian 1975-76 Household
Expenditure Survey (HES) data were used extensively for this purpose. The total
expenditure elasticity was then computed for various Australian householdmppm
expenditure items on the basis of the best Engel function.7

The outline of the chapter is as follows. The model for the Engel curve analysis
is given in Section 2. Data used in the present study are described in Section 3. 
Section 4 is concerned with the choice of functional form; while empmm irical
illustrations are given in Section 5. Conclusions with some comments and
limitations of the study are given in Section 6.

2. THE MODEL

Under the homogeneity postulate, the expenditure per person can be written as a
function of total expenditure/income per person. This does not allow for possible
economies of scale, since it impmm lies that expenditure on a particular item compmm ared
to total expenditure and household size, is homogeneous and of degree one. We 
have relaxed thid s rather restrictive assumption by including household size as a 
separate explanatory variable in the per capita model. Despite the many problems,

which may be associated with this model, i.e., Y/S = ƒ (X/S, S), we will assume that 
it gives an adequate representation of the expenditure patterns for Australian
households.

In the present chapter, household size is taken to be the number of persons in the
household without regard to other characteristics such as age, sex, occupation, etc.,
which may have an important influence on the expenditure of particular
commodities. Ignoring the effects of these characteristics can be justified because
the analyses are based on averages of a number of households grouped by per capita
income, but not grouped by age or sex, and hence the differential effects of
variations in these characteristics are likely to average out between households.

CHAPTER 3

7
 It should be noted that income and total expenditure are used alternatively throughout the book.



FUNCTIONAL FORMS FOR ENGEL CUU URVES 33

2.1 Specifi ication off fo Functional Formsf

The following forms of Engel curves have been considered for our investigation.

where Y = average per capita expenditure on a particular commodity made by
households in a certain income group.

X = average per capita total expenditure of the households in that income
group,

 S = average family size of the households in that income group, and  

α, β, γ andγ δ are parameters.
The first five functional forms are widely used by many authors, viz., Prais and 

Houthakker (1955), Podder (1971), Haque (1989a, 1990a, 1996), Wu, Li and 
Samuel (1995), Widjajanti and Li (1996), Tiffin and Tiffin (1999) and Werner
(2000), to analyse household expenditure patterns around the world. The log log-
inverse function is a direct generalisation of the double log model with the inverse of
total expenditure term added to the explanatory variables. Goreux (1960) used this 
function for his larger FAO (Food and Agriculture Organisation of the United 
Nations) study. In a similar way, the semi-log model is generalised in the present 
study by adding a total expenditure term to the covariates to obtain the double semi-
log (DSL) Engel function.

The justification for using the DSL functional form is that it covers widely 
varyrr ing situations because of the nature of the curve. It can also satisfyff many
economic criteria such as the adding-up property. It should be noted that we have
also tried other functional forms including the Working model (1943), Generalized 
Working model due to Leser (1963), and the quadratic Engel curve due to Banks,
Blundell and Lewebel (1997), Fry and Pashards (1992), Ryan and Wales (1999), 
Diewert and Wales (1987, 1988a, 1988b, 1993, 1995), Buse and Chan (2000) and
many other functions given in Christine, Geoffery and Murray (1998), Fagiolo
(2001), and Levedahl (1995). But these functions did not perform well compared to
the DSL Engel function on the grounds of goodness of fit, when the simple 
relationship between per capaa ita expenditure of various commodities and total
expenditure was examined.
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2.2 Complete SySS stems oyy fo  Consumer Demand Equationf

Engel curves may be estimated as a compmm lete system of equations, rather than
individually as proposed above. The systems approach takes account of
contempmm oraneous covariance between disturbances in equations for different cross-
equation parameter restrictions that arise from constrained utility maximisation. In
general, the systems approach results in an efficiency gain when the Maximum 
Likelihood method or Zellner’s (1962) procedures are followed.8 However, these
procedures are not more efficient than the single equation least squares estimation 
method if: (i) covariances are zero between equations and there are no cross-
equation parameter restrictions; or (ii) all the regressors, i.e., independent variables
in each equation, are the same and there are no cross equation parameter restrictions.
Our Engel functions are not derived from the utility functions. Therefore, there are
no cross-equation parameter restrictions. Moreover, all the independent variables in
each of the equations are identical. Accordingly it is appropriate to use the 
Generalised Least Squares (GLS) method on each of the Engel functions to estimate 
elasticities foff r various items.

We will now discuss the adding up criterion, which asserts that the sum of 
expenditures on various commodities adds up to total expenditure. With the
exception of the L and DSL forms, none of the functional forms considered in this
chapter are capable of satisfying the adding up criterion at all potential data points.
For the L and DSL forms, we can refer to Powell (1969) for the proof that the GLS
method is appropriate and yields estimates that automatically satisfy the adding up
criterion. For other functional forms this is clearly not the case, even though the
adding up criterion can be approximated and verified empirically by Cramer’s
formula (1973a, p. 147). This states that the adding up criterion is approximately
satisfied at a particular point if the Engel elasticity estimates weighted by the budget 
shares sum approximate to unity. If Cramer’s adding up criterion is satisfied exactly
at every point and the sum of expenditures on different commodities adds up to total
expenditure at everyrr point then Cramer’s adding up criteria coincides with the
general adding up criterion.

3. DATA

The Australian 1975-76 HES data obtained from a special tape prepared by the
Australian Bureau of Statistics (ABS) is used for the present study. The data are
divided into relatively homogeneous groups of 5,869 households in twofold cross-
classified tables, namely 12 broad per capita (gross) income groups and 15 different 
household compmm ositions. For each household composition, commodity-wise
arithmetic mean expenditure, mean household disposable income, average number
of persons in household and estimated number of households were availaba le foff r the
12 per capita income groups. The absence of households in certain cells leaves 120
observations in all.
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8
 A number of authors such as Conniffe (2001), Park, Holcomb, Raper and Capps (1996), and Frohberg

and Winter (2001) have undertaken a systems approach to study various household expenditure items.
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In this chapter only 10 broad expenditure items are considered for our
investigation. These items are: (1) all food; (2) current housing costs; (3) fuel and 
power; (4) all alcohol and tobacco; (5) clothing and footwear; (6) household tw
equipment and operation; (7) medical care and health expenses; (8) transport and 
communication; (9) recreation and education; and (10) miscellaneous goods and
services. These groups are mutually exclusive and exhaustive.

4. THE CHOICE OF FUNUU CTIONAL FORM

The main objb ective of the present investigation is to examine the suitability of 
different algebraic forms of Engel curves. Quite often researchers have uncritically
used only one form for estimating Engel elasticity. But the choice of the functional 
form for the relationship between the expenditure on a particular item and total
expenditure  (income) is a matter of great concern. Bhattacharyrr a (1973), Kakwani
(1977b), Leser (1963), Prais (1953a), and Prais and Houthakker (1955), Miles,
Pereyra and Rossi (2000), Beatty and LaFrance (2001), and Dong, Shonkwiler and 
Capps (1998), Brosig (1998, 2000), and Elsner (1999) have shown that the
calculated Engel elasticities depend appreciably on the algebraic form used. Having 
this fact in mind, we tried to find the best functional form among seven different 
Engel curves, which are listed earlier in Section 2.1.

It is desirable that the functional form should be simple and should satisfm yff the
following properties:

(i)  the possibility for threshold and saturation levels;
(ii) the adding up criterion. i.e. the sum of all expenditures is equal to total 

expenditure at all levels; and 
(iii) it is supposed to give the best representation of the data on statistical 

grounds.

In general, none of the well-known Engel functions satisfyff  all these properties 
simultaneously. Therefore, options are given to econometricians for their personal
judgments in choosing the functional form for Engel curve analysis. Criterion (i)
was considered by Iyengar (1967), and Prais and Houthakker (1955); while Barten
(1965), Leser (1961), Nicholson (1949) and Theil (1965) empmm hasised; (ii) and
finally, Jain and Tendulkar (1973), Kakwani (1977b), Podder (1971), Ray (1973),
Singh (1973), Levedahl (1995), and Didukh (2001) based their choice of functional
form on goodness of fit. In fact most authors such as Miles, Pereyra and Rossi
(2000), RyRR an and Wales (1999), Diewert and Wales (1987, 1988a 1988b, 1993,
1995), Hanrahan (2002), Shahabi-Azad (2001) and Huang and Lin (2000) used the
latter criterion. In this study, we select the form of the Engel function, which
satisfies most criteria.9

In the present chapter, a non-nested hypothesis testing procedure is used tott
discriminate various Engel functions on statistical grounds. This is because Pesaran

9
 See Ramsay and Silverman (2002) for more on functional data analysis.
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(1974) argued that the widely used R
2

as a model selection criterion among nested

models is not appropriate and misleading. However he mentioned that R
2

could be
used as a selection criterion, only when the models are not nested. This alone is not
sufficient, and does not guarantee against high probability of choosing a ‘non-true 
model’. On the other hand, the parametric test on the power parameters of the Box-
Cox type Engel function [See Zarembka (1972), Bensu, Kmenta and Shapiro (1976),
Davidson and MacKinnon (1985), Godfrey, McAleer and McKenzie (1988), Linnet 
(1988) etc.] cannot be done, since the seven functional forms are not nested under
one super-model. 

4.1 Non-nested HypothesisTesting 

A non-nested test is used to find a best Engel function. Non-nested procedures
are called for because the standard Neyman-Pearson theory of hypothesis testing f
applies only when the null hypothesis Ho and the alternative hyy ypothesis Hyy 1 belong to
the same family of distributions. This theoryrr  fails when they belong to separate
families, which is the case for the Engel curves considered in this study.10 The idea
of testing for separate families of hypothesis was introduced by Cox (1961, 1962).yppy
In recent years, non-nested hypothesis testing has received considerable attention
and some impmm ortant contributions are made by Peasran (1974), Pesaran and Deaton
(1978), Evans and Deaton (1980), Davidson and Mackinnon (1981), Mackinnon,
White and Davidson (1983), Aguirre-Torres and Gallant (1983), Mizon and Richard 
(1982) and many others. An excellent review of the literature on model specification
against non-nested alternatives is given in Mackinnon (1983).

We have applied the procedure due to Mackinnon, White and Davidson (1983)
to test our Engel functions against each other, because their procedure is veryrr easy
computationally and has a very clear intuitive explanation. This test is now outlined.

Suppu ose that the model to be tested is

H0 : Yt =t ƒt (Xt, β) + µ0t, µ0t ~ NID(0, σ0
2 I )  and the alternative is

H1: ht (Yt t) = gt (Zt t, γ) +γ))γ µ1t, µ1t ~  NID(0, σ1
2 I )

where ht ( . ) is at monotonic,  continuously  differentiable  function, e.g., log Yt,
expYt, and Yd t

½ , which does not depend on parameters.

Zt and Xt t are vectors of exogenous variables, β and γ are parameter vectors, and γ
the uit ( i = 0, 1) are random disturbances. The Mackinnont et al. (1983) test
procedure for this situation is based upon the artificial regression

( ) ubFfhg((fY ttttttt ++−=− ˆ)ˆ(ˆˆ α (3.1)
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10 Two probability density functions (p.d.f.) y ƒ1(Y, θ1) and ƒ2(Y, θ2) are said to be of separate families, if 

for an arbitrary parameter value θ10 the p.d.f of ƒ1(Y, θ10) cannot be approximated closely by ƒ2 (Y, θ2) for

any θ2.
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where Ft
ˆ  is the row vector of derivatives of ƒt (Xt, β) with respect to β evaluated atd

β = β̂ , β̂  is the nonlinear least squares estimates of β, and b is a vector of

regression coefficients. The procedure then is to test α = 0 in Equation (3.1), i.e.,
whether the model under the null hypothesis H

0
is true.rr

The test is plausible, because if the model under the null hypothesis (Hf 0) is true

then α = 0 in Equation (3.1), whereas
h t′

= 1α  if the model under the alternative

hypothesis (H1) is true and the power of the alternative hypothesis (H1) decreases as

h t′ increases, where h t′ is the derivative of ht.  This can be shown as foff llows.

Under H1: Yt = ht

-1
[gt (Zt t, γ) + uγ))γ 1t].

So the estimation of u0t in Ht 0 is that of

ht

-1
[gt (Zt t, γ) + uγ))γ 1t] = ƒt (Xt, β) + u0t.

or gt (Zt t, γ) + uγ))γ 1t= ht [t ƒt (Xt, β) + u0t]

≈ ht [ t ƒt (Xt, β) + h t′ (ξ) u0t] (By Taylor's series expansion)

[gt (Zt t, γ)  -  hγ))γ t { t ƒt (Xt, β)} + u1t]

u0t =  ---------------------------------------------

h t′ (ξ)

∴ Yt in Ht 0 when alternative hypothesis (H1) is true, is given by

Yt =t ƒt (Xt, β)  +  1/ h t′ [gt (Zt t, γ)  -  hγ))γ t {t ƒt (Xt, β)} + u1t]

Hence α = 1/ h t′ ≠ 0.

The t-statistic on α from Equation (3.1) is given by

( ) ( )
( ) ( )))))′

′

((M((
((M((

ˆˆ

ˆ

0

2/1

0

σ
(3.2)
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where Y, f̂ and ĝ are vectors whose tth components are Yt, f t
ˆ and gt

ˆ respectively,

and ′denotes  the transpose, σ is the estimated standard error, based on the nonlinear
least squares from (3.1) and

( ) F((FIM ˆˆˆ
1

0
′−−= ; where F̂ is the matrix whose tthtt row is Ft

ˆ .

Mackinnon, White and Davidson (1983, pp. 57-59) show that under certain
assumptions, the null distribution of (3.2) tends in probability to

u0′M0(g - f) / σ0 [( g – f ) ′ M0 ( g – f)]½ (3.3)

which is N (0, 1). The quantities without hats in this last expression are evaluated at 

β0, the true value of β, or at γ0γγ0γ , the plim of γ̂ under H0. The principal merit of this

test procedure is its simplicity.  It can readily be applied in empirical research.  
Moreover, Mackinnon el al. claimed that their experience with the test suggests 

that:

… it often has plenty of power in applied situations, so that its theoretical deficiencies
may be of small consequence to applied workers who find its simplicity appealing. 

5. EMPIRICAL APPLICATION

The Mackinnon, White and Davidson (1983) model specification test against 
non-nested altd ernatives has been used td o compare different Engel functions. This test mm
has been applied on a pair-wise basis for five Engel functions (viz., L, HYP, LI, LLI
and DSL), and the values of the t-statistics for ten different expenditure items are 
presented in Table 3.1.11

It should be noted that the DL and SL functions are excluded from the non-
nested hypotheses testing procedure. This is because the DL and SL are nested
within the LLI and DSL Engel functions respectively.

Significant values at the (asymptotic) 5% level are indicated by #.  Many
interesting and important observations can be made from Table 3.1. First, in many
two-way comparisons, both functional forms are rejected. For example, for transport 
and communication the linear form is reje ected when tested against the log-inverse
form, and similarly the log-inverse form is also reje ected against the linear foff rm.
Second, the LLI form is accepted against one another and alld other forms treating
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11
Although the tests are pair-wise tests of one functional form against another, the overall choice of 

functional form is based upon an evaluation of results for all pair-wise tests on all commodities. As is
well known, the procedure leads to difficulties in establishing an appropriate abb significance level for the
overall decision regarding the best functional forms. For example, a joint hypothesis is to be rejected if r
either of two single hypotheses is rejected. It has long been recognized that if several t-tests have beenejj
performed jointly, the probability that at least one of these is significant and is much greater than 0.05 
[see Cochran and Cox (1957, pp. 756-76]. For exampmm le, if the t-tests are independent then this probability
is 0.04 for ten tests.  This is an undeveloped area in statistics.
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each of the foff rms as H1 for all the commodities. The DSL Engel function is also
accepted against all functions for all commodities, with the single exception against 
the LLI form for current housing costs. The hyperbolic Engel function is reje ected
against most of the other functions for almost all commodities.

Therefore, the non-nested hypothesis testiny g procedure based on Mackinnon, et

al. PE test shows that the LLI and DSL Engel functions are consistently accepted
against each other and against all the other fr uff nctions. This shows that the LLI and
DSL are two competing functions and their PE test is not aba le to discriminate
between two rival models.

Now, we come to a conclusion that there are some ‘true models’ in the Engel
functions under investigations. If this conclusion is taken as correct and if all thd e
properties of the classical regression models hold for the ‘true models’ then there is
no harm in choosing the best model between two non-nested ‘truly specified’ rival
models on the grounds of goodness of fit.

In order to choose the best functional form on the grounds of goodness of fit 
between the LLI and DSL Engel functions, we have regressed the per capita
expenditure (Y) of a particular item on per capa ita total expenditure (X) and the
household size (S) by the Weighted Least Squares (WLS) method, taking the
proportion of the estimated population in each income class as weights.12

The LLI and DSL Engel functions are then compared on the basis of the distance

function, D
2
-criterion.  We have defined the distance function criterion for choosing

curve type co by 

D2co = Min co [ { θi e2
ij,c} / (g – k)]   (3.4)

where co is the curve type which attains the minimum mean residual sum of squares,
and e2

ij,c is the residual in predicting per capita expenditure on the ith commodity in

the jth observation with curve tytt pe cyy o, and θi is the estimated sample proportion of 
the population in the jth cell, g is the number of groups and k is the number of 
parameters to be estimated for a specified Engel function under consideration.  Thed
smaller the value of D2-statistic the better the functional form. Jain and Tendulkar
(1973), Kakwani (1977b) and Haque (1989b, 1992, 1996) also used this criterion to
choose a best Engel function from various alternatives.

The values of the distance function, D
2
-statistic for the DSL and LLI Engel

functions for various commodities are presented in Table 3.2. The values of the D
2
-

statistic from Table 3.2 show that the DSL Engel function performs better than the
LLI form in 9 out of 10 cases, while the LLI fits better than the DSL function only
in one case. This implies that the DSL Engel function fits well for most of the

12
 In the family budget study, total expenditure is commmm only used rather than income as an independent 

variable, because of the unreliaba ility of income data. Thus, it is used td o avoid thd e errors in the income
variable. Literature in favour of total expenditure versus income is abundant [Cramer (1973a), Friedman
(1957), Prais and Houthakker (1955), Podder (1971) and Vickrey (1947)].
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Australian expenditure items, which would be aba le to describe the overall Australian
household expenditure pattern more accurately than other functions.

Table 3.1.  The values of test-statistics for various Engel functions under non-nested TT

alternatives

Functional forms as alternative

hypothesis (H1HH1)1))1

FunctionalFF

forms in null ff

hypothesisyy

(H0HH0H )0))0

Consumpm tion items

L LI HYP LLI DSLSS

(1) All foods  0.54 0.35 0.56 0.74 

(2) Current housing costs * -0.48 * 2.38#

(3) Fuel and power 2r .82# 3.32# 0.44# 2.92#

(4) All alcohol & tobacco  -1.05 -1.43 -0.48 -1.34

(5) Clothing & footwear  1.20 1.46 1.51 1.92 

(6) Household equipment
& operation

 -0.65 -0.75 0.17 0.95

(7) Medical care &
      health expenses 

1.33 1.36 1.35 1.34

(8) Transport &
communication

2.22# 2.53# 2.06# 1.89

(9) Recreation & education  0.86 -0.61 1.49 2.32#

Linear (L)

(10) Miscellaneous goods  -0.17 0.48 -0.31 -0.58

(1) All foods 8.31# 4.03# 5.60# 8.45#

(2) Current housing costs 5.99# *  * 6.03#

(3) Fuel & power 2r .18# 0.08  1.91 2.56#

(4) All alcohol & tobacco 6.93# *  * 6.90#

(5) Clothing & footwear 3.72# * * 4.01#

(6) Household equipment 
& operation

4.66# * * 4.65#

(7) Medical care &
      health expenses

2.10# *  * 1.94

(8) Transport &
communication

6.67# *  * 6.58#

(9) Recreation & education 6.32# *  * 6.54#

Hyperbola
(Hyp.)

(10) Miscellaneous goods 4.27# * * 4.26#

made, because the log of negative values.
# Significant at (asymptotic) 5% level.

Source: The 1975-1976 Australian Household Expenditure Survey data obtained from a
special tape supplied by the Australian Bureau of Statistics.

CHAPTER 3
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(Table 3.1. Continued)d)d

We have drawn the estimated double semi-log Engel curves for some selected 
commodities for two-member households in Figure 3.1. It is apparent from this
figure that the DSL is quite flexible in that it gives rise to a wide range of shapes.
Food, fuel, and medical care, and health expenses approach some saturation levels
within a certain range of total expenditure. These are quite expected from Australian
households, because the bulk of medical care and health expenses are covered by  

(1) All foods 4.74# 3.90# 4.62# 4.67#

(2) Current housing costs 2.34# 2.33# 2.70# 2.23#

(3) Fuel & power 2.72# 2.39# 3.52# 0.99

(4) All alcohol & tobacco 3.15# 2.60# 3.05# 3.14#

(5) Clothing & footwear 1.78  1.98# 1.86 1.94

(6) Household equipment
     & operation

1.55 1.34# 1.59 1.55

(7) Medical care & 
     health expenses

0.78 0.36# 0.56 0.51

(8) Transport &
communication

2.37#  1.64 2.94# 2.29#

(9) Recreation & education 6.25# 5.22# 6.22# 6.15#

Log-inverse
(LI)

(10) Miscellaneous goods 3.38# 3.43# 3.44# 3.37#

(1) All foods 0.76 0.48 0.56  0.71 

(2) Current housing costs -0.26 -0.19 -0.12  -0.28

(3) Fuel & power 1.77 -0.60 -0.50 0.21

(4) All alcohol & tobacco 0.50 0.19 0.38  0.50

(5) Clothing & footwear -0.75 0.43 -0.52  -0.51

(6) Household equipment
     & operation

0.61 -0.66 0.62 0.62

(7) Medical care &
     health expenses

0.90 0.23 -0.62  -0.78

(8) Transport &
communication

-0.79 -1.72 -1.92 -1.17

(9) Recreation & education 0.52 0.01 -0.51  0.49

Log
log-inverse
(LLI)

(10) Miscellaneous goods -0.45 0.65 -0.23  -0.43 

(1) All foods -0.28 0.53 0.72 -0.12

(2) Current housing costs -1.61 1.29 0.90 2.25#

(3) Fuel & power -0.74 1.41 1.24 1.62 

(4) All alcohol & tobacco -0.91 -0.06 0.36 -0.51

(5) Clothing & footwear -0.48 * -1.12 *  

(6) Household equipment
& operation

-0.91 0.19 0.24 0.29  

(7) Medical care &
     health expenses

0.66 -0.41 0.18 -0.38

(8) Transport &
communication

1.57 -0.03 0.60 0.06

(9) Recreation & education -1.46 1.80 0.87 1.90 

Double
semi-log
(DSL)

(10) Miscellaneous goods -0.20 -0.72 -0.75 0.02
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Medicare, while expenditures on fuel are more or less the same for all types of 
households, because of a generous government subsidy for poor income households.
Expenditure on total food generally continues to rise and attd ends a situtt ation level at
some income level probably because of consumption of better quality of food as
income increases, which is expected from the expenditure pattern of households 
with growing income without violating Engel’s law. Engel’s law suggests that the
share of expenditures on food decreases as income increases. On the other hand,
Figure 3.1 shows that expenditures on current housing costs, clothing and 
miscellaneous goods and services grow as the total expenditure increases. This is
quite expected from the Australian society, because Australian households are very
fond of spending money for better housing, clothing, cosmetics and other luxury
items.

Thus, the analysis so far suggests that the DSL Engel function is the most
appropriate functional form for the Australian 1975-76 HES data, based on both
statistical and economic criteria.

5.1 Computation of Engel Elasticity

One of the primary aims of the present chapter is to estimate total expenditure 
elasticities for various commodities. We have estimated the total expenditure 
elasticities for all the commodities, based on seven Engle functions. However, we
only present the elasticities for the DSL Engel function, since this function
dominates the other functions on the basis of the specification tests and goodness of 
fit criterion as indicated in the previous section. The calculated expenditure
elasticities together with the estimates of their standard errors are presented in
parentheses in Table 3.3.13

We also present the consistent estimates of elasticities and their asymptotic
standard errors obtained by the instrumental matrix approach in Table 3.3.14 This
approach is used because the use of the Weighter Least Squares (WLS) method in
estimating single relationships, taking total expenditure as one of the independent 
variables, produces inconsistent estimates of the Engel parameters due to the
simultaneity of the model as pointed out by Summers (1959). In this chapter three
instrumental variables are used to form an instrumental matrix Q for the data matrix 
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13
Calculation of standard error for elasticityt estimate is based on Cramer (1946), which is given in 

Appendix 3A.
14

Liviatan (1961) also used the instrumental variable approach in order to solve the simultaneity problem

of the single equation relationship between expenditure of an item and total expenditure.
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Figure 3.1. Double semi-log Engel curves for some selected items of two person households. 

Table 3.2. The value of the distance function, D2-criteria, for the log-log inverse and the

double-semi log Engel functionsdd

Distance function statisticsffCommoditiesCC

LLI DSLSS

(1) All food 0.0134 0.0129 
(2) Current housing costs 0.0876 0.0866
(3) Fuel and power  0.0004 0.0003
(4) All alcohol and tobacco 0.0109 0.0097
(5) Clothing and footwear 0.0244 0;.0235
(6) Household equipment & operation 0.1393 0.1242
(7) Medical care & health expenses 0.0019 0.0019
(8) Transport and communication 0.0665 0.0543
(9) Recreation and education 0.0535 0.0556
(10) Miscellaneous goods  0.0481 0.0476

Source: The 1975-1976 Australian Household Expenditure Survey data obtained from a special tape
supplied by the Australian Bureau of Statistics. 
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X of the same order. The three instrurr mental variables are measured hd ousehold
income (I), the log of household income (Log I), and the log of family size (Log S). 
Note that the last variaba le serves as its own instrurr ment.

The estimates of the instrurr mental variaba le coefficients β* of various variables can
be obtained by

β* = [Q' (GG')-1 X]' [Q'(GG')-1 Y (3.5)

where (GG')-1 is a diagonal matrix with the estimated proportion of households in
different per capita income classes as diagonals, Y is a vector of the per capita
expenditure and Q' stands for the transposition of Q.

It can easily be shown that these parameter estimates are consistent if there exists
a high correlation both between total expenditure (X) and income (I), and between
the log of total expenditure (log X) and the log of income (log I).

5.2 Classification of Items

Consumer goods can be classified on the basis of their Engel elasticities into
three maja or categories, viz., luxury, necessary and inferior, on the basis of Engel

elasticities according as η > 1, 0 ≤ η ≤ 1 and η < 0 respectively. 
On the basis of the above criteria, estimates of the expenditure elasticities from 

Table 3.3 indicate that all food, fuel and power, clothing and footwear, and medical
care and health expenses are classified as necessaryrr goods.  All other items seem to
be luxuries.

The conventional one-tailed t-test at the 5% level of significance is now applied 
to the estimated elasticities for the classification of different expenditure items. Two
separate one-tailed t-tests are carried out for each necessary item, taking 0 and 1 as
the true elasticity in two separate null hypotheses.  Luxury items are tested by a one-tht
tailed t-test, taking 1 as the elasticity in the null hypothesis.15

The outcomes of these statistical tests are presented in Table 3.3 by putting N or
L for necessaryrr or luxuryr items respectively. The tests foff r classification of items
confirm that all expenditure items are necessaries, except all alcohol and tobacco.

The value of the elasticity of the DSL form depends on the parameter estimates
and on total expenditure. The rate at which the proportional expenditure on the ith

commodity changes with total expenditure is given by

( )
=

−
=

x

y

x

yx
xd

yd

xd

x
y

d
ii

i
ii

22

. ((
(3.6)

CHAPTER 3

15 It is noted here that an item is classified as necessary if its elasticity is neither significantly greater than
1 nor significantly less than 0, whereas the item is considered as luxuryrr if the elasticity is significantly
greater than 1.
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This shows that the proportional expenditure on the ith commodity increases or 
decreases depending on whether the commodity is or is not a luxury good.

The results of the present analyses contradict previous findings made by many
authors such as Podder (1971), Williams (1976b), McRae (1980), Bewley (1982)
and Hoa (1986), who found that many of the abovea commodities were luxuries in
Australia. This might have happened due to the use of diffeff rent fuff nctional foff rms and
data sets together with differences in item definition. Thus, the use of the 1975-76 
cross-classified (120 observations) HES data and an appa ropriate Engel functional
form could change the previous estimates, and demonstrate that the various
household expenditure items in Australia are necessary items. Despite many
problems in interpreting the results of various studies, one can clearly observe that 
the elasticity estimates for various commodities vary widely over time.  This may be
explained by structural changes in the economy as shown by Williams (1978c).tut

Table 3.3.  Estimates of total expenditure elasticities at mean values of X and S*TT

Elasticity estimates for the DSL Engel 

function based onff

CommoditiesCC

Single equation Simultaneous

equation

(1) All food 0.49N (0.10)   0.53N (0.11)
(2) Current housing costs 1.20N (0.41)   1.17N (0.43)
(3) Fuel and power  0.18N (0.15)   0.25N (0.17)
(4) All alcohol and tobacco 1.51L (0.25) 1.54L (0.26)
(5) Clothing and footwear 0.96N (0.27)   0.86N ((0.30)
(6) Household equipment & operation 1.19N (0.59)    1.83N (0.60)
(7) Medical care & health expenses 0.72N (0.21)    0.84N (0.25)
(8) Transport and communication 1.16N (0.18)    1.13N (0.19) 
(9) Recreation and education 1.28N (0.44)    1.32N (0.49)
(10) Miscellaneous goods  1.19N (0.42)    1.29N (0.44)

*Estimated standard errors are presented in parentheses ( ). The classification of items based on the DSL
Engel function is represented by N or L for necessary or luxury items respectively.

Source: The 1975-1976 Australian Household Expenditure Survey data obtained from a special tape
supplied by the Australian Bureau of Statistics. 

6. LIMITATIONS AND CONCLUSIONS

This section discusses some of the limitations and conclusions of the present 
study. First, it should be pointed out that some disadvantages arise from the nature
of the data itself such as the grouping of observations on the basis of income rather
than total expenditure. Second, the data used for the studydd are grouped means
instead of individual household data and thd erefoff re the estimated coefficients based
on grouped data (reduced data point) have reduced efficiency due to loss of
observations, hence the estimated elasticity also has a lower efficiency. Third, in this
study within group arithmetic means are used as the proxies for the within group
geometric and harmonic means of expenditures of various expenditure items, total 
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expenditure and family size for different per capita income classes when logarithmicr
and/or inverse relationships are estimated. But, it can be demonstrated that thd e use of
such within group arithmetic means as the proxies for geometric and harmonic
means produces biased regression coefficients when logarithmic and/or inverse
relationships are estimated by the Aitken’s Generalized Least Squares (GLS) 
method. This is because, in order to obtain unbiased estimates of logarithmic and/or
inverse relationships when within group individual values of various variables are
transformed into logarithms and/or inverses, the within group geometric and/or
harmonic means are needed in order to obtain unbiased regression coefficients for
the logarithmic and/or inverse relationships. This problem of estimating non-linear
Engel functions in the absence of appropriate grouped means will be dealt with in 
the next chapter. Fourth, the survey did not collect data on the quantities of the
commodities purchased by the households; as a result it was not possible to estimate 
quality elasticity. Also, we did nd ot consider other economic, demor graphic and 
geographical factors, which might affect our calculated elasticities. Finally, noff
attention has been paid to the household compmm osition in terms of consumer’s

equivalent units, which would have been a truer representation of reality. This
problem will be discussed further in Chapter 12.

The main conclusions of the present study are as follows. First, the Mackinnony
et al. (1983) PE test is used to discriminate different Engel functions, which has not 
been applied for Engel curve analysis in Australia. Second, both the DSL and LLI
Engel functions are accepted against each other and against all other functions under
study for all items except in one case, against the LLI form when the non-nested
hypothesis tenting procedure was carried out. This makes it difficult to find a best
Engel function, because the PE test is not aba le to discriminate between the LLI and
DSL rival models. In order to choose the best Engel function between these two
rival non-nested models (DSL and LLI), we have used thd e distance fuff nction
criterion, which shows that the DSL Engel function is better than the LLI function
for most of the expenditure items for our data set. 

Our preference between these two functions is for the DSL Engel function. This
is because the DSL Engel function performs better than all other fuff nctions foff r most
items on statistical grounds. It also satisfies some important economic criteria viz.; 
(i) threshold; (ii) saturation; (iii) variable elasticity at different total expenditure
levels; and (iv) the adding-up criterion. The elasticity estimates and their standard 
errors can be taken directly from the standard regression results.

Finally, the elasticity estimates for different commodities show that the
expenditure pattern of Australian households is very similar to that of other Western
developed countries, which can be found in Fousekis and Revell (2001), Kalwij,
Alessie and Fontein (1997), Lariviere, Laure and Chalfant (2000) and Blake and
Nied (1997).

CHAPTER 3
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APPENDIX 3A: APPROXIMATE STANDARD ERRORS OF     

ELASTICITY ESTIMATES16

Let f  be a function of r parameters { }{{{θ /}/}= foff r the

expenditure elasticity η, i.e.,

{ }{{{{η f=

Then the estimate of η may be written as 

{ }θθθ{{η ˆ...,ˆ,ˆˆ
21 rf=

where the θ̂ i
’s are the least squares estimates of the .,...,2,1;' risi =θ

The fuff nction { }θθθ{{ ˆ...,ˆ,ˆ
21 rf can be expanded around the true

parameters θθθ r...,, 21 in a Taylor series and the variance of 

{ }θθθ{{η ˆ...,ˆ,ˆˆ
21 rf=

can be approximated by  
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The numerical estimated values of variances and co-variances can be taken from
the output of any regression program.

16
For detailed proof see Cramer (1946, pp. 353- 54) and Klein (1953, p. 259).
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CHAPTER 4 

PROBLEMS IN NON-LINEAR ENGEL FUNCTIONS 

The readers will discover how the widelTT yll reported within-group arithmetic means
(AMs) introduce biases when the parameters ofo various non-linear Enf gel functionsff

are estimated byb  the Aitken’s Generalised Least Square (GLS) method.  This is 

because within-group geometric means (GMs) and harmonic means (HMs) are
needed to get unbiased estimates of the parameters for various logarithmic and 

inverse Engel functions. It is shown here how the repe orted AMs can be used to

estimate appropriate grouped means (for instance GMs or HMs) for a number of 
variables based on a general type of concentration curve, which can then be used to 

obtain unbiased estimates of the parameters for various non-linear Engel functions.  

These unbiased estimates of the parameters can be used to estimate unbiased Engel TT
elasticities for various non-linear Engel functions. These unbiased elasticities are fff

diffi erentff from those obtained ff from various loff garithmic and inverse Engel functionsff
when AMs are used as proxies for GMs and HMs. It is also demonstrated here that

the average elasticity of a variable elasticity Engel function is more meaningful than 

the traditional elasticity estimates computed at some representative values for somed
variable elasticity Engel functions. Empirical illustrations are provided for the

Australian HESEE dataS 17.

1. INTRODUCTION

Engel curve analysis relates household expenditure on a particular commoditytt or
a group of commodities to total expenditure (income) and other socio-demographicr
variables.  If the relationship is Y = f (X, S), then the elasticity of Y with respect to X

is {∂{{∂{ Y / ∂∂∂ ∂ X) · (X/Y),∂∂∂ i.e. {∂1ogY / ∂log X}. In general, the elasticity varies with X
and S, and conventionally the elasticity is calculated at its arithmetic means. The
algebraic form of the relationship is often not specified byftf universally accepted y
economic theory, although some theoretical analysis can point to some particular
forms.

This chapter deals with some specific problems of Engel curve analysis for
grouped data. First, we will consider some of the statistical questions that arise inf
estimating regression parameters of non-linear Engel functions (EFs) that are still 
linear in parameters, but non-linear in their variables. In a pioneering work, Prais 
and Aitchison (1954) demonstrated that Aitken’s GLS method could produce

17
Materials presented here were earlier published in the Journal of Applied StatisticsJJ  [see Haque (1993)].



unbiased estimates of regression parameters when grouped arithmetic means are
used.  It can be shown that their inference is correct only for linear functions. Thus, 
this method fails to produce unbiased estimates of the coefficients for non-linear
EFs.  In fact, to get unbiased estimates of the parameters for the logarithmic/inverse
EFs, the GLS method needs the geometric mean (GM)/harmonic mean (HM) within 
each income group. Because of the nature of some questionnaires of the HES, and 
the confidentiality of the various socio-economic data, grouped arithmetic means
(AMs) are usually published in tabular forms. A bias is introduced when these AMs
data are used to estimate the parameters of the non-linear EFs. However, unbiased 
estimates of parameters from grouped data for the class of functions to be
considered here would be possible if one uses the unbiased estimates of within-
group appropriate means (for instance GMs or HMs) for logarithmic and inverse
fuff nctional foff rms.

We have estimated the within-group GMs/HMs from a general type of
concentration curve (CC) for a number of variables that are functions of per capa ita
income. One of the purposes of this chapter is to investigate whether the method of 
estimation of within-group GMs/HMs based on the CC is reliable and valid for the 
Australian HES data.18 Another contribution of this chapter is that we have extended 
Bhattacharya’s (1973) definition of the average elasticity of variable elasticity EFs 
for more than one variable, which is different from the conventionally estimated 
elasticities at the arithmetic means of the explanatory variables. Empirical
illustrations are given with reference to the 1975-76 Australian HES data.

This chapter is organized as follows.  Section 2 considers methodological issues
in estimating within-group GMs/HMs from the CCs and the average elasticity of 
variable elasticity EFs. Numerical illustrations are given in Section 3, while some
comments are made in the final section.

2. METHODOLOGICAL ISSUES

2.1 Estimation of Engel Functions from Grouped MeansFuF

The specification of EFs is an important issue in an Engel curve analysis. A huge
body of literature is available for the specification of an appropriate EF. Many
authors such as Banks, Blundell and Lewbel (1997), Bates and Watts (1988), Carrol,
Ruppert and Stefanski (1995), Fry and Pashardes (1992), Hausman, Newey and RR
Powell (1995), Kneip and Engel (1995), Tiffin and Tiffin (1999) and Zweimuller
(1998), have discussed the specification of the functional form of the Engel curve,
and estimated income elasticity for various household consumption items. 

Six non-linear Engel functions (ii) – (vii), specified in Section 2.1 of Chapter 3
are considered here to show how the estimated unbiased income elasticity for

 CHAPTER 50 4

18
 Kakwani (1977b) also estimated the within-group GMs/HMs from the Kakwani-Podder (1976) Lorenz

curve for various non-linear Engel functions to estimate unbiased elasticity for various Indonesian
household consumption items. 
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different expenditure items based on the estimated within group GMs and HMs
differs from those elasticities when estimated by using the AMs as the proxies for
the GMs/HMs for various logarithmic and/or inverse Engel functions.  It is worth
noting that all these functions have the common propertytt  that they can be estimated
by Aitken’s GLS method after appropriate transformation from grouped data.

We have estimated each of the equations (ii) – (vii) given in Section 2.1 of
Chapter 3 separately by the GLS method, using the directly estimated within group 
AMs obtained from observed sampmm le values.  Henceforth, the elasticity estimate
based on this method will be refeff rred td o as method A.  This method A is the simpmm lest
and md ost conventional method of getting elasticities.19

It should be noted that expenditure on commodity (Y) can be zero for individual
households, and hence functions featuring logY must necessarily be fitted to non-
zero values, and thus average values are preferred rather than data on individual
households.  However, Keen (1986) has shown how to deal with zero observations
when estimating Engel elasticities. To obtain unbiased estimates of the 
logarithmic/inverse EFs, the GLS method requires within group AMs of the
transformed variables like the within group means of log X or (1/X). This follows
from the fact that here, the variables are aggregated (integrated) over a number of 

households within a group. For example, if the Engel relation Y = α + β log X + γ
log S holds good for each individual household, then the Engel relation for a group
of households can be obtained by

( )) dYdXY ƒ

where f(X, S)ff is the joint density function of X and S.  After integrating (or
summing in the case of integer variables such as S), over the range of X and S for a
particular group, the above expression can be written as

GG SXY
__

loglog γβα ++=
−

where GX
−

, GS
−

stand for the within-group GMs of the variables X and S.  Similarly,

the estimated within-group GMs/HMs of each Y, X and S are needed, depending on
the various fuff nctional foff rm to be estimated.

The within-group sample GMs/HMs for Y, X and S in each income classes are
not provided by the Australian Bureau of Statistics (ABS).  However, we have
estimated the within-group GMs/HMs of Y, X and S indirectly from the equation of 
the CCs, which is discussed below.

PROBLEMS IN ESTIMATING NON-LINEAR ENGEL PARAMETERS

19 Many authors such as Brosig (1998), Buse (1994), Lyssiotos, Pashardes and Stengos (1999), 
Meenakshi and Ray (1999), Michelini (1997), Pashardes (1995b), Pashardes and Fry (1994), Perali 
(2001), Tiffin and Tiffin (1999), and Yatchew (1999), have used the reported within-group AMs as the
proxies for the GMs and HMs to estimate income elasticities from various non-linear Engel functions. 
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2.2 Estimation of Within Group Geometric and Harmonic Means from

ConcentrationCC CurvesCC

The concentration curve is the generalized version of the Lorenz curve. A
detailed discussion of the properties of these curves will be provided later in Chapter
7.

Let X is the per capita income (total expenditure) of a family, and also a random

variaba le with mean µ and density function f (X).f Now let the probability distribution
function and the proportion of income (total expenditure) attributable to families
with an income (total expenditure) not exceeding x are respectively defined by P(x(( )x

and Q(x(( )x . The relationship between P(x)(xx(x( and Q(x(( )x , defined implicitly via x, is 
known as the Lorenz curve for per capita income (total expenditure).  Analogous to
Q(x(( )x , one could define Qi{WiWWWiW (x)} to be the proportion of expenditure on the ith
commodity made by families with a per capita income (total expenditure) not 
exceeding x.  The relationship between P(x(( )x and Qi{WiWWWiW (x)})) , again implicitly defined
via x, is known as the concentration curve for the ith commoditytt .  For the Engel

fuff nction WiWWiW (x(( )x , Qi{WiWWWiW (x)} can be expressed as follows     
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Further, for any function S(x(( )x , one may define
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and the relationship between Qi {S(x){{ })) and P(x(( )x is the CC for S(x(( )x . We shall later
make use of the particular function S(x(( )x , being the family size at income (total
expenditure) x.

Suppose the CC is expressed by Q(x) = g {P(x){{ })) . This expression can be used to
derive within-group GMs/HMs. This requires the assumption that the density
fuff nction f(x) is continuous and

( ) ( )
µ
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X

dX
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dPdd ==

exist.  Under these assumptions, it can be shown that X is related to these curves by
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dPdd

dQ
X µ= (4.3)

Therefore, the log of the GM and the inverse of the HM for any arbitrary group k
can be obtained by the following relations 
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where dQ/dP can be obtained from any implicitly specified CC. Any estimates of
the GMs and HMs based on the equations (4.4) and (4.5) will be called the indirect
estimates of the GMs and HMs respectively. 

The indirect estimates of within-group GMs and HMs for different variables are
then used td o obtain estimates of the regression coefficients for logarithmic and 
inverse relationships. In fact, these functions are estimated exactly in the same way
as method A by replacing indirectly estimated GMs and HMs of various logarithmic 
and inverse variables in the appropriate places. This will now be called method B.

2.3 Average Elasticity of a Variable Elasticity Engel Curve

The elasticity of an EF [except the constant elasticity EF (iv) of Section 2.1 of 
Chapter 3] should vary with different values of explanatory variables.  In order to 
obtain the variability of the elasticity of EFsf , econometricians often fit variable
elasticity EFs to HES data. Elasticities of these curves are usually computed at some
representative values. Usually these are the mean values, but occasionally the 
median values [see Prais and Houthakker (1955), Iyengar (1964a), Sinha (1966),r
etc.] are also used. The weighted average of the elasticities at all the points of the 
Engel curve may be looked upon as the market elasticity if per capita income
changes in the same proportion for all the consumers. In most situations, it is a better

PROBLEMS IN ESTIMATING NON-LINEAR ENGEL PARAMETERS
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measure than the elasticity at the mean values, which does not have any particular
significance.

Bhattacharya (1973) introduced the notion of an average elasticity of a variable
elasticity EF. He took the shares of the different income classes in the aggregate
expenditure of the item under consideration as weights instead of the weighted
average of the Engel elasticities at all the points of the EF.  This is actually an
appaa lication of Stone’s (1954) formula for getting the macro-elasticity from the
micro-level. Here, we have extended Bhattacharya’s definition of the average 
elasticity of a variable elasticity EF. In our analysis, a multivariate type of EF is
considered.

2.3.1 Definition

Let the variable elasticity Engel curve be denoted by Y = ψ (X, S), where Yψ
is the per capita household expenditure of a commodity, and X and S are the per
capita household total expenditure and family size respectively. 

Let h(X, S(( )S be the joint density function of X and S and if ψ (X, S)=ψ E(Y / X, S(( )S ,
the conditional expectation of Y given X and S, then the total expenditure elasticity
with respect to X is given by 

( )( )[ ]
Xx log

log

δ
ψ[[δ

η =

The average elasticity of the function E (Y / X, S) for the entire range of X and S is
defined below.
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For convenience, we will drop the subscript X from the elasticity formula η
throughout the remainder of the chapter.20

This is, in fact, the market elasticity if all X-values change in an equiproportional
manner.  It will not be appropriate for other types of shifts in the X-distribution. It 
depends on the form of the EF and the joint distribution of X and S, and hence the 
marginal distribution of X and S.

It is important to observe that for the DL Engel function, η coincides with the

constant value of the Engel elasticity.  Furthermore, η  is more meaningful than η

( S,X ) for a variable elasticity EF, since the elasticity of such a function varies with

the values of explanatory variables.
The above equation may be written as

=η ( ) ( ) dSdXp
0 0

∞ ∞
(4.7)

where ( ) ( ) ( )
( )E

h
p =

This p(X, S) has all the characteristics of a joint density function and hence

( ){ }( ))))(((EpEEpE {{η = (4.8)

where EpEEp stands for the expectation taken with respect to p(X, S). 

Engel functions are often such that η (X, S) is a convex or concave function of
(X, S). Then, by Jensen’s inequality, we have

{ }( ) ( ){ }E pp {{{{{{η = (4.9)

according as η (X, S) is a convex, linear or concave function of X and S. The

formulae of the average elasticity (η ) for some variable elasticity EFs are given

below.

PROBLEMS IN ESTIMATING NON-LINEAR ENGEL PARAMETERS

20
Note that the symbol  ‘ / ’ stands for conditional.
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(i)  Linear (L)            : ( ) ( )SXX γβα((β((η ++= /

(ii) Semi-log  (SL)        : ( )/ ((βη =

(iii) Hyperbolic  (HYP)       : ( ) ( )((η =

(iv) Log-Inverse  (LI)            : ( ) ( )Eβη −=

(v)  Log Log-inverse(LLI)    : ( ) ( )Eγβη −=

(vi) Double Semi-log (DSL) : ( ) ( )SXXX GG loglog/ δγβα((γβ((η ++++=

where the overbar and the subscripts G and H stand for the arithmetic, geometric
and harmonic means of the respective variables. We refer to the average elasticity of
various Engel functions obtained by the above formulae as method C. 

It is mentioned here that foff r the linear EF the average elasticity and the elasticityr

at mean values ( S,X ) are exactly the same. But for other Engel functions (ii) - (vi)

of Section 2.1 of Chapter 3, the average elasticityt and the elasticitytt at mean values
will be diffeff rent because of the need of within group E (Y/X), GMs and HMs asf
shown by the above formulae. In case of the LI and the LLI, we need to estimate
within group expected value of (Y/X) [i.e., E (Y/X)] for all the households in the
population.  In the absence of such figures, it may however be approximated by

taking the weighted average of the ratios ( Y kl /l X kl)l))l foff r all the kxl cclls, where k
and l are the number of classifications of the per capita total expenditure and family l

size respectively, and Y kl and l X kl are the average expenditure on the commodities
and the per capita total expenditure in the (k,kk l )th cell. Further, we need to know
within group GMs and HMs for the per capita total expenditure and family size to
compute the average elasticity for some logarithmic and inverse EFs. In order to
estimate within group GMs and HMs of total expenditure and family size, we fitted 
the following Lorenz equation (4.10) for both ther per capa ita total expenditure and
family size to their marginal distributions obtained from the cross-classified 1975-76
HES data.21

3. NUMERICAL ILLUSTRATIONS

The theoretical considerations discussed in Section 2 are now applied to the 
Australian 1975-76 HES data. Commodity wise weekly AMs of household 
expenditure on various commodities, total expenditure, income, number of persons,
etc., per household and the estimated number of households were available inmbb
ascending order for twelve average weekly per capita (gross) income groups of 
households in Australia.22

CHAPTER 4

21 In order to estimate the concentration curve forff household size, we first arranged the household size in 
ascending order (out of household composition) and then found the frmm equency for each household size.

22 Twelve groups classified by average weekly per capita income are given by: (i) less than $30; (ii) $30-
$50; (iii) $50-$70: (iv) $70-$100; (v) $100-$130; (vi) $130-$160; (vii) $160-$190; (viii)  $190 -$220; (ix)
$220-$250; (x) $250-$280; (xi) $280-$310; (xii) $310; and more.
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These data are used to estimate within group GMs/HMs of Y, X and S by the
following concentration curve

Qi = Pi – ai Pi
α

i (1 – Pi)
β

i (4.10)

where ai, αi and βi  are the parameters of the CC for the ith item, and all arer greater
than zero. A sufficient condition for Qi to be a convex fuff nction of Pi in the unit

interval is that 0 < α, β < 1, although this is not a necessary condition.  Note that 
Kakwani (1980a) used this Lorenz curve to describe the poverty measure.  We use

this CC to obtain within-group GMs and HMs.

The implicit Lorenz function derived from its properties was introduced by
Kakwani and Podder (1973).  The CC given in Equation (4.10) is constructed from
the properties of a CC that should satisfy the following: (i) Q = 0 if P = 0; (ii) Q = 1 

if P = 1; (iii) Q ≤ P, for 0 < P < 1; (iv) dQ/dP ≥ 0; (v) d2 Q/ dP2 ≥ 0, for 0 < P < 1ff ;

and (vi) ( ) 2/10 1
0 ≤111111
0000≤ dPg . Equation (4.10) satisfies all these properties except 

(iv) and (v), which do not give positive values in many cases. This is why many of 

the fitted values of α are required to be greater than 1 for the eligibility of Equation 
(4.10) to be a concentration curve. It should be pointed out that unlike the Lorenz
curve derived from the well-known income distribution, viz., the log-normal

distribution, Equation (4.10) is not symmetrical unless α = β. This is quite
understandable, since this curve is based on its fitting performance to the real data. 

Equation (4.10) is estimated by the non-linear least squares method [the ordinary
least squares method can also be used to estimate the parameters taking logs on both

sides after rewriting Equation (4.10) as Pi – Qi = ai Pi
α

i (1 – Pi)
β

I]. The estimated
parameters and the values of the residual sum of squares for different expenditure
items, total expenditure and family sizes are presented in Table 4.1. Table 4.1 shows
that the residual sums of squares for most of the items are very small, indicating that 
the Equation (4.10) fits well to the data. After estimating the parameters of Equation
(4.10) and finding dQ/dP,QQ the GMs/HMs for different expenditure items, total
expenditure and family size in each income classes have been estimated by the
relations (4.4) and (4.5) respectively, which are presented in Table 4.2. Simpson’s
numerical integration technique is used for this purpose.

The familiar inequality AM ≥ GM ≥ HM musmm t hold. This inequality holds good 
foff r our various estimated md eans based on the indirect method of estimation from

CCs. For example, the indirect estimates of the AMs ≥ GMs for cereals and dairy 
products in different income classes, which are shown in Table 4.3.

However, figures from Table 4.2 show that the indirectly estimated GMs exceed 
the reported AMs obtained directly from the sample for about half of the per capita
income classes for almost all items. Our results appa ear to contravene the well-known

inequality that AM ≥ GM. Since the AM has been correctly calculated, it follows
that the indirect estimates of the GM and HM ought here to be rejected in many
cases. Thus, our finding questions the reliability of Kakwani’s (1977b) method of 
estimation of within-group GMs/HMs from the CC. The explanation for this may be
that these means are in fact not calculated frd om the same set of numbem rs. The
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income distribution within any income group impmm lied by the fitted CC will
invariably differ somewhat from the sample observations, which are used to
calculate the within group AMs. Thus, the use of the restrictive functional form of
the CC might be the cause of such results.

Table 4.1.  Parameter estimates of theTT concentration curves foff r different commoditiesr

Commodity groups A α β Residual

sum of

squares

(1) Bread, cakes, cereals, dairy
       products, oils & fats

0.070646 0.844887 0.981122 0.000020

(2) Meals in restaurants &
hotels

1.252357 1.251027 0.646148 0.000755

(3) All foods 0.332769 1.031065 0.755593 0.000015 

(4) Alcohol & tobacco 0.817956 1.214220 0.839964 0.000215

(5) Current housing costs 0.794079 1.384408 0.679038 0.000170

(6) Fuel & power 0.224401 0.905444 0.634756 0.000159 

(7) Clothing & footwear 0.767346 1.156576 0.932109 0.000146

(8) Household equipment
    & operation 

0.517776 0.902163 0.507240 0.000682

(9) Medical care & health expenses 0.434448 0.946921 0.796430 0.000104

(10) Transport & communication 0.742749 1.075145 0.847491 0.000045

(11) All recreation & education 0.832697 1.180547 0.818986 0.000205

(12) Miscellaneous goods
& services

0.866451 1.193864 0.785701 0.000319

(13) Total expenditure 0.614966 1.090035 0.736060 0.000038

(14) Family size 0.201084 0.825278 0.681528 0.000839 

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied
by the ABS.
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Table 4.2. Within-group GMs estimated indirectly from concentration curve*

                        Commoditytt groups

Per capita

income

groupsgg

All

foodff

All

alcohol &

tobacco

Current

housing

costs

FuelFF

&

power

Clothing

&

footwear

Household

equipment & 

opo eration

Medical

care &

health

expenses

< $30 
8.12
(7.84)

1.99
(1.77)

6.04
(3.94)

0.99
(0.91)

2.60
(2.33)

2.26
(2.95)

0.98
(1.01)

$30–50
8.94
(9.14)

1.96
(2.06)

4.88
(5.45)

1.13
(1.19)

2.87
(3.03)

3.67
(3.44)

1.30
(1.30)

$50–70
10.37
(10.23)

2.79
(2.93)

5.75
(6.85)

1.27
(1.21)

4.18
(4.20)

4.93
(4.60)

1.65
(1.63)

$70–100
11.83
(11.77)

3.86
(3.52)

7.86
(7.03)

1.39
(1.43)

5.59
(5.48)

6.15
(6.90)

1.97
(1.97)

$100–130
13.30
(13.45)

4.96
(5.22)

10.64
(9.32)

1.51
(1.45)

6.88
(6.86)

7.54
(6.98)

2.26
(2.37)

$130–160
14.64
(14.68)

5.90
(6.11)

13.60
(13.95)

1.64
(1.59)

7.86
(7.92)

9.13
(9.66)

2.51
(2.46)

$160–190
15.87
(15.77)

6.69
(6.81)

16.58
(18.76)

1.77
(1.84)

8.55
(8.48)

10.99
(12.47)

2.72
(2.55)

$190–220
16.90
(17.62)

7.26
(6.67)

19.23
(21.97)

1.90
(2.16)

8.99
(10.37)

12.95
(7.51)

2.90
(3.17)

$220–250
17.91
(15.99)

7.77
(7.57)

21.96
(26.48)

2.04
(2.19)

9.32
(9.65)

15.30
(14.23)

3.06
(2.23)

$250–280
19.01
(21.42)

8.28
(8.11)

25.08
(26.81)

2.20
(2.51)

9.60
(8.74)

18.35
(22.58)

3.24
(3.18)

$280–310
19.91
(19.36)

8.66
(12.53)

27.74
(19.31)

2.35
(1.62)

9.79
(18.27)

21.25
(24.12)

3.38
(2.92)

≥ $310
23.03
(22.41)

9.81
(9.18)

37.16
(29.31)

2.94
(2.51)

10.26
(6.51)

33.57
(43.77)

3.84
(4.77)

Over the
entire
range

11.91
(12.93)

2.14
(2.32)

8.22
(8.91)

1.48
(1.61)

3.43
(3.72)

5.83
(6.33)

1.96
(2.13)

values are presented in parentheses, while the 
harmonic means  of total expenditure and family size estimated indirectly from concentration curves, 

are given in curly braces. 

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied
by the ABS. 
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Table 4.2.TT (Continued(( )d

Commodity groupsCC

Per capita

income

groupsgg

Transport & TT

communi-

cation

All rl ecreation

& education&

Miscellaneous

goods &

services

TotalTT

expx enditure

Familyll

sizii e

< $30 5.08
(5.16)

2.82
(2.40)

2.58
(1.94)

32.72
(30.26)
{32.69}

3.98
(4.54)
{3.98}

$30 – 50 6.49
(6.44)

2.90
(3.22)

2.56
(2.99)

36.83
(38.27)
{36.68}

3.54
(3.13)
{3.54}

$50 – 70 9.79
(10.12)

4.28
(4.01)

3.82
(3.56)

49.24
(49.34)
{49.11}

3.23
(3.53)
{3.23}

$70 – 100 13.14
(12.92)

6.00
(5.96)

5.46
(5.38)

63.32
(62.38)
{63.16}

2.98
(3.15)
{2.98}

$100-130 16.32 
(16.23)

7.76
(8.14)

7.21
(7.58)

78.14
(77.62)
{78.04}

2.74
(2.69)
{2.73}

$130-160 18.95 
(19.18)

9.30
(9.09)

8.81
(8.45)

92.10
(93.11)
{92.01}

2.50
(2.17)
{2.50}

$160-190 21.08 
(22.46)

10.61
(11.40)

10.22
(10.34)

105.21
(110.89)
{105.16}

2.27
(1.95)
{2.26}

$190-220 22.66 
(21.37)

11.61
(11.02)

11.34
(12.80)

116.33
(114.69)
{116.29}

2.05
(1.99)
{2.05}

$220-250 24.05
(22.97)

12.51
(10.83)

12.40
(10.50)

127.41
(122.72)
{127.37}

1.82
(1.80)
{1.82}

$250-280 25.43
(22.66)

13.43
(10.49)

13.52
(14.97)

139.66
(141.58)
{139.61}

1.55
(1.71)
{1.55}

$280-310 26.49
(21.82)

14.15
(27.21)

14.41
(26.75)

149.84
(154.29)
{149.83}

1.33
(1.85)
{1.33}

≥ $310 29.62
(33.23)

16.35
(16.74)

17.24
(13.50)

184.69
(182.01)
{180.77}

1.23
(1.54)
{0.99}

Over the
entire range

11.02
(11.96)

5.58
(6.06)

4.50
(4.88)

56.08
(60.85)
{51.37}

2.64
(3.09)
{2.22}
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Table 4.3. Estimated arithmetic and geometric means for cereals 

and dairy products based on concentration curves

Various estimated means Various income

classes*
Arithmetic means Geometric means

< $30 2.65 2.64 

$ 30–50 2.80 2.80

$ 50–70 2.91 2.91 

$ 70–100 2.99 2.99 

$ 100–130 3.05 3.04 

$130–160 3.08 3.07

$160–190 3.11 3.10 

$190–220 3.12 3.12 

$220–250 3.13 3.13 

$ 250–280 3.14 3.13

$ 280–310 3.14 3.14 

 $ 310 3.15 3.14

* These income classes are defined in Fd ootnote 22.

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income
groups supplied by the ABS.

The greater the discrepancy between the implied income distribution within any
income group and the actual distribution of the group, the less likely it is that the
inequality between the GMs and HMs will be preserved. An inspection of goodness
of fit reveals that the poor GM estimates arise precisely from commodities like
current housing costs, whose goodness of fit is eight times worse than that of 
cereals. This suggests that for the indirect method to be a success, a high degree of t
accuracy is needed in fitting the CC. This is unlikely to be attainable for practical
data sets. Thus, we come to the conclusion that Kakwani’s method of estimating
within group GMs and HMs based on the CC is not reliable in all cases, certainly 
not for our data set. However, the overall indirectly estimated GMs based on CCs
show that these means are lower than the overall directly estimated AMs for the
entire sample (see total expenditure and family size in Table 4.2), but not within the 
groups.

3.1 Comparisons of Elasticities

Engel elasticities for various expenditure items of different non-linear, and
variable elasticity EFs have been estimated to show the effects of using the
estimated within group GMs/ HMs based on the CC, and to show how the average
elasticity of variable elasticity EF differs from those elasticity estimated at the mean
values of the various independent variables. Elasticityt estimates of various
expenditure items based on methods A, B and C are presented in Table 4.4. It is
interesting to note that the elasticity estimates for some items based on method A,
are similar to the estimates of method B, although elasticity estimates based on these
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two methods A and B are different for some expenditure items. For example, the
elasticity for total food based on the SL function is estimated to be only 0.24 when
the indirectly estimated within group GMs of per capita total expenditure and family 
size are used, compared to 0.48 when directly estimated within group AMs are used 
as the proxies for the GMs of these variables. But none of the estimates are 
unreasonable. Some different results are also observed fd off r other fuff nctional foff rms of
various items. The extent of the difference of elasticity estimates based on methods 
A and B varies considerably from function to function and from commodity to
commodity. 

The diffeff rence between the estimates of Engel elasticity calculated at meanf
values of the explanatory variables and the average elasticity of a variable elasticity
EF is often very large and hence important. For example, elasticity estimates
calculated at mean values of the explanatoryrr variables for the hyperbolic functionyy
are often below one for some common luxuries such as recreation and education,
miscellaneous goods and services, etc. But the average elasticity of the hyperbolic
form correctly indicates that these items are luxuries. It is reasonable to suppose that 
a commodity is a luxury for low spenders but a necessity for higher spenders. In
particular, a commodity may well have elasticity greater (less) than one at the
means, but an average elasticity less (greater) than one overall. This casts doubt on 
the validity of a single elasticity statistic. Thus, average elasticity of a variable
elasticity EF is more meaningful than the elasticity computed at the mean values for 
the variable elasticity EFs, which varyr  with the values of explanatory variables.
Larger discrepancies are also frequently noted for the SL form. For most of the

items η is highest for the SL form.  For the LI and LLI thd e two estimates are often

very close. For the DSL Engel function, the two estimates are veryrr  similar except in
two cases.
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4. CONCLUSIONS

We have investigated Kakwani’s method of estimating of within-group GMs and 
HMs for various consumption items, family size and total expenditure in various per
capita income classes for the 1975-76 Australian HES data. Our results suggest that 
Kakwani’s method of estimation of within group GMs/HMs is not valid for our data 
set, because in some cases the within-group GMs exceeded the correctly estimated
AMs directly obtained from sample observation, which is contradictory to the

familiar inequality AM ≥ GM ≥ HM for any set of data. Thus, we come to a crucial
conclusion that Kakwani’s method of estimation of within-group GMs and HMs is
not reliable for all data sets. Hence, we urge researchers to investigate the estimated 
within-group GMs and HMs based on Kakwani’s method by verifying the usual

inequality AM ≥ GM ≥ HM before using such means for any estimation of the
parameters of the logarithmic/inverse relationships.

Thus, in the absence of actual within-group GMs/HMs, Kakwani’s method of 
estimating within-group GMs/HMs based on CCs can be used if these means satisfyff

the usual inequality, i.e. AM ≥ GM ≥ HM.  If it fails to satisfy the usual inequality,
investigators are advised to find a suitable CC, which can give a high degree of
precision to the fitted data that hopefully can estimate the appropriate within-group
means, which satisfyff the usual inequality.

In this study, the average elasticity of a variable elasticity EF has also been taken
into consideration. The average elasticity for variable elasticity EFs has been
computed and the results show that the average elasticities for the HYP and SL 
functions are higher than the elasticilies computed at the mean values. As a result,mm
some luxury items are correctly classified even for the HYP function, which cannot 
be achieved if elasticity estimates are correctly computed at mean values.
Therefore, our average elasticity estimates for variable elasticity EFs are more
meaningful than the traditional elasticity estimates calculated from mean values.y

Thus, we recommend that investigators should give more importance to specify 
the EF correctly and if a variable elasticity EF is found to be more satisfactory than
other alternatives for a certain data set, average elasticity of that data set be
estimated by our method, using the correctly estimated within-group appropriate 
means based on the method described in this chapter.

Our average elasticity estimates show that the Lorenz ratio may approximate 
many types of EFs.  A new type of Lorenz equation is used to estimate the GMs and 
HMs instead of using some common income distribution function. Finally, it should 
be pointed out that our study shows how the Engel elasticities for various non-lineartut
EFs and average elasticity of a variable elasticityt  EF can be obtained for more than
one independent variable (for exampmm le, per capita total expenditure and family size)
when the appropriate within-group means are not available. Thus, our method can be
used to estimate appropriate within-group means for other types of independent 
variables for the multivariate Engel curve analysis. The generalizations of our
methods are straightforward.

CHAPTER 4
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CHAPTER 5 

THE BOX-COX ENGEL FUNCTION

Readers will find out how aff general tytt pe oyy fo Enf gel function, the Box-Cox Enff gel

function, is developed usinff g the Box-Cox transg fs ormation. Thisff function encompasses ff
many commonly used Engel functions, and it is shown here that each of the many

commonly used Engel functions can become special cases of the Box-Cox Engel 

function. This function is also used to discriminate among the commonly used Engel 
functions, by performing a parametric test on the power parameters. A joint test on

the different power transformations has been done by the likelihood ratio test, and it

turns out that none of the commonly used Engel functions is appropriate for the d
1975-76 Australian HES data, althougu h the double log Eng gel function is noff t

sigi nifi icantlff yll  diffi erentff from the Box-Cox Enff gel functionff forff five out off fo tenf
exee px enditure items. The Maximum Likelihood (ML(( )L method is used to estimate the

parameters of the Box-Cox Engel function, which are then used to estimate income

elasticities for food and various non-food items.23

1. INTRODUCTION

In estimating income elasticities for varaa ious household expenditure items, one
needs to specifyff the form of the Engel function. This is important, because the
calculated elasticities depend appreciably on the algebraic form used. To find an 
appropriate Engel function is a difficult task and no solution appaa ears to have found
general acceptance even in recent times. However, the works of Box and Cox
(1964), Zarembka (1974), Poirier (1978), Hamilton and Wyckoff (1991), 
Wooldridge (1992), Berndt, Showalter and Wooldridge (1993), Ornelas, Shumway
and Ozuna (1994), Buchinsky (1995), Jones and Yen (2000), Machado and Mata
(2000), and Koebel, Martin and Francois (2001) on the transformation of variables
facilitate the use of a more general functional form to estimate the relationship
between the dependent and explanatoryrr variables for which many commonly used
Engel functions become special cases.

23
Materials presented here were published earlier in Metroeconomica [see Haque (1988)].



66

The purpose of this chapter is to develop a general type of Engel function, which
we will call the Box-Cox Engel function, and to show how some of the commonly
used Engel functions such as (i) to (v) of Section 2.1 of Chapter 3, become special 
cases to this Box-Cox Engel function. The maximum likelihood (ML) method is 
used to estimate the parameters of this Box-Cox Engel function, using grouped HES
data.24 These estimated parameters are then used to estimate Engel elasticities for
total foodff and d various non-foodff  itd ems. Moreover, the Box-Cox Engel function is
used here to discriminate among the commmm only used Engel functions, by performing
a parametric test on the power parameters.25

The outline of this chapter is as follows. The modr el and the specification of the 
Engel functions are given in Section 2. The Engel function derived from the Box-
Cox transformation is discussed in Section 3. The derivation of the elasticitytt
formula, and estimation procedures of the Box-Cox Engel function are given in
Section 4. The empirical results are presented in Section 5. A statistical test in 
discriminating among commonly used Engel functions, which are special cases of 
the Box-Cox Engel function, is performed and presented in Section 6, while some
comments and limitations of the study are given in Section 7.

2. THE MODEL SPECIFICATION OF THE ENGEL FUNUU CTIONS

2.1 Specification of Functional Forms

The following Box-Cox (BC) Engel function is developed and used for our
investigation.

Box-Cox (BC):     (Yλ – 1) = α + β  (Xµ – 1 ) + γ (Sγ ν – 1) (5.1)

λ µ ν

where, Y, X and S were defined earlier in chapter 3, and α, β, γ;γγ;;γ λ, µ and ν are
parameters.

CHAPTER 5

24  In order to derive the Box-Cox Engel function, separate Box-Cox transforming parameters are used for 
 dependent and the various independent variables. This does not seem to have been tried elsewhere.
Bensu, Kmenta and Shapiro (1976) used different power transformations for dependent and independent
variables but they used the same transformation on different inde, pendent variables. Moreover, iner,rr,r then
past, the Box-Cox transformation has been used to compute the elasticities for food  items onlymm .  In thisnlynl
study, we have applied the Box-Cox transformation to estimate the total expenditure elasticities for foodfof
and non-foodff items.

25 In the past a number of authors used different functional forms for Engel curve analysis. Allen and fuf
Bowley (1935) used the linear Engel function for the analysis of the British family budget data. The topic
has further gained importance following the contributions of Working (1943), Prais and Houthakker
(1955), Summers (1959), Goreux (1960), Leser (1963), Sinha (1966), Kakwani (1977b), BewIey (1982),
Haque (1984), Giles and Hampmm ton (1985) and Hoa (1986) The Box-Cox Engel function has been used by.
Zarembka (1972), Chang (1977), and Bensu, Kmenta and Shapiro (1976) for food demand analysis. This
function was also used by Zarembka (1968), White (1972), and Spitzer (1976, 1977) for the analysis of 
the demand for money.
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This BC function is a very general form of Engel function, since it is based on

non-linear transfoff rmations with λ, µ and ν parameters. It is noted here that the
functional forms (i) to (v) of Section 2.1 of Chapter 3 are all special cases of this BC
Engel function (5.1). More specifically:

if λ = 1, µ= 1 and ν = 1   then (5.1) = (i);

if λ = 1, µ = 0   and ν = 0   then (5.1) = (ii);

if λ = 1, µ = - 1 and ν = - 1 then (5.1) = (iii);

if λ= 0, µ = 0   and ν= 0   then (5.1) = (iv); and

if λ = 0, µ =  - 1 and ν = - 1 then (5.1) = (v).

Many other functional forms can also be obtained by varying the values of λ, µ
and ν.26 However, allowing for more flexibility in the Box-Cox Engel function
should nd ot be seen as a substitutt te foff r an appropriate theoretical basis.r

These commonly used Engel functions can be estimated by using the GLS
method on each of the first five fuff nctions of Section 2.1 of Chapter 3, and the Maxi-f
mum Likelihood method is used to estimate the Box-Cox Enmm gel function for various
items. More importantly, Powell (1969) has shown that the GLS method yields
estimates that automatically satisfy the adding-up criterion for those functions such
as linear (L) function (i), which have an independent linear total expenditure
(income) variable. However, for other functions including the Box-Cox Engelr
function, the adding-up criterion can be verified empirically by Cramer’s formula
(1973a, p. 147), which states that the adding-up criterion is satisfied at a particular
point, if the Engel elasticity estimates weighted by the budget shares sum to unity. 

3. THE BOX-COX ENGEL FUNCTIONUU

The transformation of variable techniques is a powerful procedure in
econometrics to handle the general problem in choosing a functional form,
particularly when a functional form is not suggested by theory [see Zarembka 1974,t

THE BOX-COX ENGEL FUNCTION

26 It is noted that fd orff λ=0,µ=0, ν=0, the expressions (Yλ-l)/ λ, (Xµ- l)/ µ and (Sν-1)/ ν appaa ear to be
indeterminate. However, for any finite number K, we can write K = e. (logK), where e is the base of the
natural logarithm and 

e (logK) = 1 + log K + 1/2!(1og K)2+1/3!(1og K)3+ ....  Thus, it follows that 

++≡− 3)(log
!3

2
2)(log

!2
log

1
Y + (log(l(l

Y λ222λ
λ

λ

Therefoff re when λ→0:
λ

λ 1−Y → log Y.

Similarly

λ

λ 1−X → log X as µ→0,  and
λ

λ 1−S →log S as ν→0.
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p. 83).27 This is precisely the case with Engel curve analysis. Also, the inspection of 
the scatter diagram of family budget data does not give a clear idea of the 
appropriate functional form. Econometricians often attempt to determine the
appropriate functional form of the relationship on an ad hoc basis out of a numbem r of
simple functions that satisfyff some economic and statistical criteria.

This implies that one is often content to fit a local approximation to an unknown
function in order to estimate its direction in the observed region. The commonly 
used fd uff nctional foff rms have certain deficiencies with respect to some a priori beliefs.ff
For example, Chang (1977) indicated that a linear function implied that the income
elasticity for meat was rising and tended toward unity, if it was less than unity. This d
was inconsistent with the theoretical effect of an increase in income on the demandfef
for food. The share semi-log function is not valid for extreme values of total
expenditure (income). On the other hand, the widely used double-logarithmic (DL)
functional form gives constant total expenditure (income) elasticitytt at all levels of
total expenditure (income). Although this DL function is quite successfully selected 
in a number of studies based on the grounds of goodness of fit. 

Because of such difficulties in the commonly used functional forms, the Box-
Cox Engel function is developed and used in this study, which will represent both
the statistical and economic properties of demand analysis. The Box-Cox Engel
function given in Equation (5.1) of Section 2.1 in this chapter is considered for our

investigation. Note that λ, µ and ν are the transformation parameters, which

determine the degree and type of non-linearity, and α, β, and γ are coefficient γ
parameters in the Box-Cox Engel function given in Equation (5.1). A different Box-
Cox transformation is applied to the dependent as well as the independent variables
(viz., per capita total expenditure and family size).

4. ESTIMATION OF ELASTICITY FROM THE BOX-COX ENGEL

FUNCTION

4.1 Elasticity of the Box-Cox Functional Form 

In order to derive the total expenditure elasticity (income) of the Box-Cox Engel
function, we differentiate the BC Engel function (5.1) and obtain the following.

dSSdXXdYY 111 −−− += νSSνµλ γβXβX

or

SSXXYdY logloglog νµλ γβXβX +=

27
An excellent review of the literature on transfoff rmation of variaba les can be obtained frd om the author on

request.
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Hence, λ

µβ
Y

X

Xd

Yd =
log

log

and λ

νγ
Y

S

Sd

Yd =
log

log

Therefore, the total expenditure elasticity at any points (Y, X) satisfyff ing (5.1) is
given by

( )η = λ

µ
β

Y

X

The estimated elasticity of total expenditure (income) would be calculated by 

substituting the estimated value of β, µ and λ in the above foff rmumm la. The variance of
the estimated elasticity cannot be obtained analytically, because it involves products 
and ratios of random variables. Cramer’s (1946) approximation formula can be used 
for this purpose, which is already presented in Appendix 3A of Chapter 3.

4.2 Estimation ofo  the Box-Cox Enf gel Function

We estimate the Box-Cox Engel function (5.1) of Section 2.1 by the Maximum
Likelihood (ML) method. In order to apply the ML method to Equation (5.1), we 
assume that the errors are additive and normally distributed with zero mean, 

constant variance and Cov ( iε , Jε ) = 0 if i ≠ j. We have used the grouped data. 

Therefore, in order to restore constant variance for grouped mean observations, we 
need to multiply each observation of all the variables by the square root of the
number of sample households in respective classes.

The likelihood function for the original variable Yi is given by
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where the suffix i stands for the ith cell observations for various variables, θ is the

vector of parameters (α, β, γ,γγ,γ λ, µ, ν,
2σ ), ni is the weight variable (number of 

household in the i-th cell) and J is the Jacobian of the transformation on the
dependent variable, i.e.
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Maximisation of the likelihood fd uff nction can be accomplished by maximizing its
logarithm. The log-likelihood of Equation (5.2) can be written as
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Excepting a constant term, the above log-likelihood function can be written as
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   The maximization of Equation (5.3) can be done with any non-linear
optimisation algorithm. The covariance matrix of all seven parameters is
approximated by computing the inverse of Fisher’s information matrix for Equation
(5.3) and is given by
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EI (5.4)
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where θ is the true vector of parameters, and E stands for mathematical expectation.

In order to maximise Equation (5.3), we minii imise the negative of the right hand side
of the equation by the so-called Quasi-Newton Algl orithm. The required initial values

were obtained by some trial and error method: spanning the space (α, β, γ,γγ,γ λ, µ, ν,
2σ ) repeatedly and evaluating Equation (5.3) for different sets of parameter values.

Thus, our parameter estimates do not depend on any particular set of initial points. 
In order to find the appa roximate variances and covariances of the parameters, we
took the negative of inverse of the matrix of second and cross derivatives of the 
parameters, which are derived analytically and evaluated at the optimum parameter
values.28

5. EMPIRICAL ILLUSTRATIONS

The Australian 1975-76 HES cross-classified data for 10 broad consumpmm tion
items described in Section 3 of Chapaa ter 3 are considered for our investigation. Engel 
curves for ten different broad expenditure items were estimated using the Box-Cox 
functional form (5.1) of Section 2. Different sets of initial values of parameters are
used to maximise the log likelihood function. It is observed that the log likelihood 
values are very close to each other for all sets of initial values of parameters. We 
took that set of parameter values, which gave the highest log likelihood value. The
maximum likelihood estimates of the parameters and the values of the log likelihood

are given in Table 5.1. The estimated values of λ, µ and ν clearly show that no
widely used well known Engel function is appropriate for Australian 1975-1976
HES data. However, the standard errors of the estimated coefficient parameters, i.e.,

α, β and γ are found to be very high for most of the cases, although many authorsγ
such as Hinkley and Runger (1984) suggest that a smaller variance is highly 
desirable. This is probably because the data are not sufficiently infoff rmative to allow
joint estimation of all the free parameters of the Box-Cox Engel function. Moreover,
Ramsey (1978) has shown that for Box-Cox type transformations on dependent 
variables, the usual first order approximation of the log likelihood function is
inappropriate in many real situations, so that the actual variance of the ML estimator
may be veryrr  large, or even infinite. They argued that in most real situations the usual
formula does not give correct results.

It is seen that the estimated parameter values of λ, µ and ν of the Box-Cox Engel
function are different from those of restricted values -1, 0 and 1; which are used to
obtain a number of simple well known Engel functions. 

Moreover, in many cases t-ratios of estimates of λ, µ and ν for the Box-Cox
Engel function are significantly different from -1, 0 and 1. Therefore, the restrictions 

we put on λ, µ and ν in the Box-Cox Engel function to obtain a number of simple
well known Engel functions may be incorrect for our present study. Thus, any

THE BOX-COX ENGEL FUNCTION

28 See Kendall and Stuart (1967, vol. 2) and Goldfeld and Quandt (1972). Here we assume that the ML 
estimates are sufficient in large samples. It is also noted here that this estimation technique has never
been used td o estimate such a general Engel function. 
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estimates based on simple well known Engel functions may be inappropriate for our
present data set. 

Therefore, we come to the conclusion that the Box-Cox Engel function is the 
most appropriate Engel function for Australian HES data. This function has also
flexibility in shape. We have used the Box-Cox Engel function to estimate total
expenditure (income) elasticities for various expenditure items.

Table 5.1. Estimated parameters and their standard errors ofo  thef general Engel functionff

* Except for an additive constant. Standard errors of the estimated parameters are presented in
parentheses ( ).

Source: The 1975-1976 Australian Household Expenditure Survey data obtained from a special tape 
supplied by the Australian Bureau of Statistics.

Commodities α β γ λ µ ν σ2σ2σ2σ LL (*)*

(1) All food
-0.1768
(0.9668)

0.8617
(0.8713)

-0.0347
(0.0299)

-0.64441
(0.0383)

-0.5303
(0.3282)

-0.3600
(0.5638)

0.0099
(0.0013)

261.4345

(2) Current
housing costs

1.0567
(0.2055)

0.0421
(0.0315)

-0.0287
(0.0001)

-0.1695
(0.0558)

0.6227
(0.1694)

1.8447
(0.0024)

1.0423
(0.2580)

28.3070

(3) Fuel &
power

-12.303
(1.9944)

14.6185
(2.4786)

-0.2869
(0.0225)

-0.4325
(0.1081)

-1.1113
(0.0648)

0.4000
(0.0648)

0.4000
(0.0582)

56.4240

(4) All
alcohol

   & Tobacco 

-3.5907
(1.4237)

1.2034
(0.7673)

1.7998
(5.4484)

-0.1522
(0.1056)

-0.0483
(0.1665)

-6.7843
(0.2066

1.3843
(0.3515)

222.6826

(5) Clothing
& footweaff r

-16.730
(5.1892)

10.8985
(4.6862)

0.0095
(0.0001)

0.0866
(0.0594)

-0.5235
(0.1113)

2.5128
(0.0001)

2.2405
(0.5011)

276.9670

(6) Housing
   equipment
& operation

-6.7201
(3.0051)

4.4474
(2.5612)

-0.0020
(0.0001)

-0.2165
(0.3278)

-0.4604
(7.8400)

3.0881
(0.0006)

2.5242
(2.2500)

315.7566

(7) Medical
care & health
expenses

-7.5351
(4.2290)

3.8948
(3.2629)

-0.0009
(0.0001)

0.2068
(0.1205)

-0.3671
(0.2110)

3.4459
(0.0001)

2.4363
(0.4310)

161.2159

(8) Transport
& communi-
cation

-8.2227
(2.4098)

2.5597
(1.1050)

0.8062
(0.2394)

0.3408
(0.0863)

0.0406
(0.1242)

-0.3699
(0.3542)

6.0573
(2.5990)

355.7530

(9)
Recreation &
education

-5.1774
(2.1529)

2.0866
(1.3022)

0.0977
(0.0015)

-0.0731
(0.0086)

-0.1414
(0.1628)

1.0128
(0.0111)

1.5365
(0.4346)

305.2497

(10)
Miscellane-
ous goods
& services

-7.8018
(3.6503)

4.2650
(2.8030)

-0.5160
(0.3906)

-0.0518
(0.0884)

-0.3343
(0.1790)

-2.4072
(1.9770)

1.6709
(0.5308)

297.9559
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5.1 Elasticitytt  Estimates

Estimated total expenditure elasticities for various commoditr y groups for the Box-
Cox Engel function are presented in Table 5.2. It is observed from this table that the
elasticity estimates obtained from the Box-Cox function are reasonably good for
Australian HES data. These elasticity estimates are very close to the estimates of the
commonly used Engel functions (i) to (v), which are presented in Section 2.1 of 
Chapter 3. The standard errors of the estimated elasticities for most expenditure
items based on the Box-Cox Engel function are higher than those of simple well-
known Engel functions. This is possibly due to the need to estimate the power
parameters for the Box-Cox Engel function, which we discussed earlier. However,
the conditional standard errors of the elasticities are veryrr close to those of some
simple well-known Engel functions.

The weighted elasticity of all the items for the Box-Cox Engel function is 0.97, 
which is very close to one. This shows that the adding-up criterion is approximately
satisfied by the Box-Cox Engel function.

The total expenditure elasticity (η ) of the Box-Cox Engel function is given by

λ

µ
βη

Y

X=

which implies that the elasticity approaches to β as λ
µ

Y
X approaches to unity.  

The rate at which the elasticity changes with total expenditure (X) is given by 
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Table 5.2. Estimated total exTT px enditure elasticities compm uted at the mean

   value for the Box-Cox Engel function *.

Commodity groups Elasticity

(1) All food 0.47 (0.25) {0.02}

(2) Current housing costs 0.78 (0.18) {0.06}

(3) Fuel and power 0.17 (2.48) {0.26}

(4) All alcohol and tobacco 1.20 (1.79) {0.31} 

(5) Clothing and footwear 1.10 (0.68) {0.39} 

(6) Household equipment and operation 1.00 (1.53) {0.38}

(7) Medical care and health expenses 0.76 (0.78) {0.14}

(8) Transport and communication 1.30 (1.01) {0.28}

(9) Recreation and education 1.32 (1.09) {0.21}

(10) Miscellaneous goods 1.18 (0.61) {0.23}

* Figures in parentheses ( ) and brackets { } respectively denote the unconditional and conditional

(upon λ, µ and ν) appaa roximate standard errors of the estimated total expenditure (income) elasticities.

Source: The 1975-1976 Australian Household Expenditure Survey data obtained from a special tape
supplied by the Australian Bureau of Statistics.

Therefore, η increases or decreases with X accordingly as

)()( γµ)))βνλ(λλγναλν((νµ((( +>++ vSγγ

or

)()( γµ)))βνλ(λλγναλν((νµ((( +<++ vSγγ

Thus, from the shape of the Box-Cox Engel function, it is seen that its elasticity
fluctuates with X subjb ect to certain constraints.

At this point, it should be mentioned that the Box-Cox transformation has been
used in the past by several authors to find the total expenditure (income) elasticity

for food items only. In this context our ML estimates of λ, µ and ν foff r total foodff ard e

- 0.6441, -0.5303 and -0.3600 respectively. Since λ, µ and ν are less than zero, the
total expenditure of food demand declines with rising total expenditure (income),
which is consistent with the finding of Chang (1977) who indicated that income
elasticity of demand for some specific foods like meat generally should be fallingfof
rather than rising. The rate of this decline for the present study is reported below.
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Table 5.3. Food share and its income elasticity estimates at various household y

income levels

          Weekly household income levels FoodFF share and

elasticitytt at various

household income

levels
$115.00 $180.00 $320.00 $530.00

XY tef

(Food share)
0.26 0.21 0.16 0.12

( )XY(( tefη
[Elasticity]

0.53 0.49 0.44 0.40

Source: The 1975-1976 Australian Household Expenditure Survey data obtained from a special
tape supplied by the Australian Bureau of Statistics.

Table 5.3 shows that the share of food expenditure, and total expenditure
elasticity of food are decreasing as household income increases, which cannot be
achieved by the widely used linear or double log Engel functions. This is because as
indicated by Chang (1977), income elasticity of demand for some food items is
increasing and converses to unity, if it is less than one. This finding is inconsistent 
with the theoretical effect of an increase in income on the demand for food, which
was also observed by Benus, Kmenta and Shapiro (1976). However, this change is 
not rapid as observed by Paris (1970, p. 50) for the semi-log or log-inverse
functional form. There is enough evidence, which shows that income elasticity of 
food should be falling rather than rising [see Goreux (1960)]. On the other hand, r
elasticity estimated from the double log Engel function remains constant irrespective
of income levels. Therefoff re the fuff tutt re demand fd off r foodff could be overestimated if thd e
estimates are based on either linear or double log Engel functions for forecasting
purposes, since the expected real per capita income in Australia will be expected to 
rise in the future as in the past.  Elasticity estimates based on our Box-Cox Engel
function should be taken as more reliable elasticity estimates for food in Australia. 

6. STATISTICAL TESTS FOR SPECIAL ENGEL FUNUU CTIONS

Now, we would like to show to what extent the Box-Cox Engel function makes
an impmm rovement over the usual curves that are cheaply and easily estimated. At this
stage, it is helpful to remember that those usual functional forms would be

represented by the Box-Cox function only when λ, µ and ν take the specified values
of 0, 1 and -1. In order to discriminate among the special Engel functions, a joint

statistical hypothesis test for λ, µ and ν can be performed by a likelihood ratio test.29

Under general conditions for a large number of observations,

THE BOX-COX ENGEL FUNUU CTION

29 The Wald test can also be used foffof r thisr purprr ose on joint parameters of each off these models against the
Box-Cox model. See Kendall and Stuart (1967) for more about this test.
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{ }2{{
approximately follows the χ2-distribution, with degrees of freedom, equal to the

number of parametric restrictions in the null hypothesis, where ),,,(max νµλLL is

the log-likelihood value corresponding to the unconditional maximum, and

),,(max νµλLL is the log-likelihood value under power parameter restrictions. In 

our case, each of the functional forms, which can be listed as linear, hyperbola,
semi-log, double log, and log-inverse have three restrictions. The Box-Cox Engel
function corresponds to the unconstrained maximum. Since all of these models come
from the same parametric family of functions, it is possible to use the likelihood 
ratio test to see whether each of the models is significantly different from that of the
Box-Cox Engel function. However, no combination of the models (i)-(v) described
in Section 2.1 earlier in Chapaa ter 3 can be compmm ared pair-wise, since these functions
are not nested within each other.

The likelihood ratio tests for five different special functions against the Box-Cox 
Engel function are carried out separately for each expenditure item. The 

resulting
2χ values from Table 5.4 show that the linear, hyperbolic and semi-log

Engel functions are significantly different from that of the Box-Cox Engel function.
The double log Engel function is also significantly different from that of the Box-
Cox Engel function excepting a few expenditure items. This function is not 
significantly different from that of the Box-Cox functional form for all food, fuel
and power, all alcohol and tobacco at 1% level of significance and recreation and 
education at 5% level of significance, and miscellaneous goods and services at 10%
level of significance. While the log-inverse functional form is significantly different 
from that of the Box-Cox functional form for all items except for medical care andm
health expenses at 1 % level of significance.

Thus, Table 5.4 clearly indicates that none of the commonly used Engel
functions are appropriate to estimate the total expenditure elasticities for the
Australian HES data, although the double-log Engel function is not significantly
different from that of the Box-Cox Engel function for five out of ten expenditure
items. Thus, we come to a crucial conclusion that instead of using the commonly 
used Engel functions, the more flexible Engel function, which is based on the Box-
Cox transformation, should be used for any further investigation to estimate total
expenditure (income) elasticities for Australian HES data.30

CHAPTER 5

30 It should be noted hert e that in the past Podder (r 1971) and Md cRae (1980) used the double log Engel
     fuff nction to estimate the elasticities foff r various Australian household expenditure items.r
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Table 5.4: Likelihood Rd atio test*

Consumpm tion items Linear

λ=1,λλλ µ=1,µµ
ν=1νν

Hyperboliyy c

λ=1,λλλ µ=-1,µµ
ν=-1νν

Semi-loSS g

λ=1,λλλ µ=0,µµ
ν=0νν

Double-log

λ=0,λλλ µ=0,µµ ν=0νν
Log-inverse

λ=0,λλλ µ=-1,µµ
ν=-1ν

(1)All food       80.7        164.9     108.82       11.84       51.1

(0.0001) (0.00005) (0.0001) (0.01) (0.00005)

(2) Current
     housing costs    189.24 294.76 252.74 25.99 68.9

(0.00005) (0.00005) (0.00005) (0.001) (0.0005)

(3) Fuel & power 101.99 93.62 73.30 10.57 51.57 

(0.0001) (0.0001) (0.0001) (0.014) (0.0005)

(4) All alcohol &
tobacco   118.20 205.66 144.62 11.09     46.48

(0.0001) (0.00005) (0.00005) (0.011) (0.0005)

(5) Clothing &
footwear 130.77 141.32 112.29 21.05 30.97 ff

(0.0001) (0.00005) (0.0001) (0.001) (0.0008)

(6) Household
      equipment &    

operation
234.92

(0.00005)
274.42

(0.00005)
251.93

(0.00005)
13.86

(0.006)
18.32

(0.001)

(7) Medical care &
health expenses      58.08 59.32 39.94 15.4 8.14

(0.001) (0.001) (0.001) (0.008) (0.035)

(8) Transport &
communication      67.26 183.09 102.21 24.31 59.27

(0.001) (0.00005) (0.0001) (0.001) (0.0005)

(9) Recreation & 
education 159.57 227.74 188.99 7.07 60.56 

(0.00005) (0.00005) (0.00005) (0.057) (0.0005)

(10)Miscellaneous
goods & services    155.48        213.68 180.52 6.18 23.42

   (0.00005)      (0.00005) (0.00005) (0.012) (0.0001)

*  All these

2222222χ
ratios have 3 degrees of freedom since we put 3 restictions for all the functional forms considered here. 

The parenthetic value is the probability of

2χ
greater or equal to a specified number, for example P [

2χ
(3) ≥ 6.18] = 0.12.

Source: The 1975-1976 Australian Household Expenditure Survey data obtained from a special tape
supplied by the Australian Bureau of Statistics. 

7. CONCLUSIONS

The Box-Cox transformation has been used to describe the relationship between
dependent and independent variables. Using this transformation, the Box-Cox
functional form has been constructed, which tutt rns out to be a natutt ral extension of
the class of mathematical functions previously used. The non-linearity of the

THE BOX-COX ENGEL FUNUU CTION
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relationship has been considered in the Box-Cox Engel function and the ML
estimation procedure has been applied to estimate the parameters. Initial values of

(α, β, γ,γγ,γ λ, µ and ν, σ2) have been found by some trial and error methods. It is noted 
here that different sets of initial values are used to estimate parameters. In almost all
cases the log likelihood values are close to each other with slight changes in
parameter estimates. We took the set of parameter values, which gave the highest
log likelihood value.

We have used the Box-Cox functional form to estimate the total expenditure
elasticities foff r foodff and d nind e diffeff rent non-foodff itd ems with Australian HES data for
the first time. It is seen that none of the commonly used Engel functions are 
appropriate for Australian 1975-1976 HES data, although the double log Engel
function is not significantly different from that of the Box-Cox Engel functions for
five expenditure items. We thus come to a crucial conclusion that the more flexible
Box-Cox Engel function should be used to estimate total expenditure elasticities for 
Australian HES data for future studies, although the estimation procedure is
complicated and costly compared to ordinary regression analysis. It also yields highy
standard errors for the estimated elasticities in comparison to the widely used simple
Engel functions. A large number of observations are essential to obtain accurate
estimates of the parameters for the Box-Cox Engel function. Despite many problems
in the Box-Cox Engel function, one should use this function to estimate total 
expenditure elasticities for various expenditure items, since it is more flexible in
nature and a better Engel function than many widely used simple Engel functions.
Thus, the Box-Cox Engel function should be used to estimate total expenditure
elasticities for various expenditure items, particularly for those items where there is
any doubt about the commonly used Engel functions.

A number of problems still remain unsolvable for grouped data. First, to get abb
unbiased estimates of the parameters for grouped data we need an unbiased within

group estimate of E ( )(λ)λλY ) to replace ( )(λ)λλY ), which is not done for the present
study. Second, all the applications of transformation of variables have been
performed in a single equation context.  

Simultaneous equation systems arising from Engel curve analysis described inm
Summers (1959) have not been considered for such non-linear transformations. It 

should be pointed out here that if different λ transformations, are performed within
such a system, the identification problem within the non-linear system would be 
serious, although some progress has been made on the simultaneous system by
Tintner and Kadekodi (1971). Lastly, our entire estimation procedure is based on the
assumption that the residuals are normally distributed, which might not be appro-y
priate. Normality is not a constraint, rather an assumption. Therefore, it is suggestedr
here that some other distribution fuff nction could be tried to estimate the parameters
for the Box-Cox Engel function for further study.

CHAPTER 5
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CHAPTER 6 

A REVIEW OF PERSONAL INCOME DISTRIBUTION 

In this chapter, readers will find a brieff fe surveye ofo  literature on personal income f

distribution. It starts to show how the income distributionw function evolves, and howff

theoretical income densitytt functions weff re developed byb a number ofo authors in f
various parts of the world. The uses of income distribution in measuring income

inequality and poverty for proper public policy formulations are also discussed. 

1. INTRODUCTION

From basic economic lessons, we know that income is generated by land, labour,t
capital and entrepreneurship in various private and public sectors. It is created and 
distributed among the individuals of a country. Following this process, a number of 
authors have tried td o estaba lish a staba le income distribution over time and space.
There are three main topics in the theory of income distribution viz., (i) the
functional distribution of income; (ii) distribution of national income among various
production sectors; and (iii) the personal income distribution. The present chapter is 
concerned with the last type of income distribution.31

The purpose of this chapter is to provide a brief survey of literature on personal
income distributions, which were developed by a number of authors. It is mainly
concerned with the development of the income distribution function and its
application to maja or public policies. But, it principally deals with the underlying
ideas, and hence readers are requested to read the original publications.32

Many scholars have tried to establish the shape of income distribution over the
last century, but none is entirely satisfactory in measuring income inequality or
poverty. This attracts a number of authors to develop probability laws to provide 
observed distributions over the whole range of income. The Lorenz curve is usually 
used to measure income and wealth inequality. The original concept of the Lorenz 
curve is extended and developed to cover distributional considerations into various
fields of social sciences. The techniques of the Lorenz curve can be used to analyse
relationships among the distributions of various economic variables, which have
applications in public taxation, public finance and spending, inflation, estimating
Engel elasticities, growth, and in many other areas.

31 Most of the literature is mainly concerned with the first two topics of income distribution. A
comprehensive discussion on these two topics can be found in Bronfenbrenner (1971).

32 See Milanovic (1999) and Schultz (1998) for anr extensive review on income distribution.
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The outline of this chapter is given as follows. A brief survey of literature is
given in Section 2. This section also provides how income is generated and 
distributed among individuals of a country along with some main income
distribution functions developed by various authors. Further development on income 
distribution is provided in Section 3. This section also provides an interesting
discussion of the effecff t of taxation on income distribution and thd e measurement of
poverty, which has immense application in formulating public policies. Some
concluding remarks are made in the final section.

2. SURVEY OF LITERATURE ON PERSONAL INCOME DISTRIBUTION

There are two main schools of thought to explain the distribution of income
among individuals. The first is known as the school of ‘statistical theoryrr ’, which was
developed by Gibrat (1931), Roy (1950), Champernowne (1953), Aitchison and 
Brown (1954), Rutherford (1955), Davidson and Duclos (1998), Schultz (2000), and 
Flemming and Micklewright (1999). These authors developed the personal income
distribution with stochastic theory.33 The second school of thought is generally
known as the socioeconomic school. Three groups of authors belong to this school.
The first group follows the human capital approach, based on the hypothesis of 
lifetime income maximization. Mincer (1958), Backer (1962, 1967), Chiswick
(1968, 1971, 1974), Husen (1968), De Wolff and van Sliji pe (1972), and Atkinson,
Rainwater and Smeeding (1995), belong to this group. The maja or exponents of the
second group of authors are Bowles (1969), Dougherty (1971, 1972),
Psacharopoulos and Hinchiffe (1972) and Bojer (1998). They only deal with theo
demand side of the market. The third group of authors developed the supply and 
demand school. The major contribution of this approach is due to Tinbergen (1975),
Wilson (1995), and Attanasio and Szekely (1999). Their approach considers both
labour income and incomes from other factors of production.

The authors belonging to the first type of school are criticised due to a partial f
explanation of the income generation process. The first and second group of authors 
of the second school of thought are criticised because of their partial dealings with
the supply and demand side of the market respectively.

2.1 IncomeII Distrtt ibution FunctionFF

Let us suppose that there are N individuals and the income of an individual is
denoted by x. Now classify the individuals into (N+l) income groups, viz., (0 to x1),
(xl to x2) ... (xN to xN+1). Income distribution theoryr can be derived from

probability theory. Let us assume that an individual will lie in the (n + l)th income
group if it shows n heads in the tossing of N coins. Hence the probability of anf
individual belonging to the (Xn to Xn+1) group selected at random is (NCn) / 2N,

CHAPTER 6

33
BjB erke (1961) and Bourguignon and Morrisson (1999) presented rd eviews of stochastic models on

personal income distribution.
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where NCn is the number of combinations of N things taken n at a time. This
probability is calculated on the assumption that probability (Head) = probability
(Tail) = ½.  A coin shows either head or tail in a single toss. Therefore there will be 

2N possible outcomes if a single coin is tossed N times. The probability of finding
people in different income groups on ranaa dom sampling can be equated with the 
relative frequency of people in this group as given in the income distribution. The
specification and estimation of the income density function are the maja or problems
in statistics.

Let us take X as an income of an individual whose range varies from 0 to ∞ then
the probability distribution function F(x), meaning that the probability of an

individual selected atd random will have income ≤ x is defined by

F(x) = Prob. [X ≤ x]

The properties of this function are given by

Limitx→∞ F(x) = F(∞)=1

Limitx→0 F(x) = F(0) = 0

F(x) is a monotonic, increasing function of x.

This implies that F(x) has the domain (0, ∞), and range (0, 1).  Further, if F(x) is
continuous and had s continuous derivatives at all points of x, then it follows that t

( ) ( )F
dX

d
where ( )f ≥ 0.

This implies ( ) ( )
x

dXF
0

The probability density function is given by ( )f . Specification of the densitytt

fuff nction ( )f is a maja or problem in describing an income distribution. A number

of theoretical income densitytt  functions have been developed by various authors to
approximate observed income distributions, some of which are given below.

2.1.1 The Normal DistributionNN

The normal distribution is widely used to specifyff  the probability density function
of a number of random phenomena. Due to the Central Limit Theorem, all the
distributions observed in the practical field follow approximately normal
distribution.
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It is discovered that the shape of the observed income distributions remain
unaltered irrespective of time and place. Hence many scholars have tried to explain
the generation of income distribution by some probabilistic law. Their arguments
rest on the assumption that if income is generated as a result of the sum of a large
number of random variables then the Central Limit Theorem asserts that the income
variable should approximately follow a normal distribution. But this does not hold
good in practice because the theoretical normal distribution is symmetric and has a rmmr
finite mean and variance. However the observed income distributions are positively
skewed with a single mode and a long right tail. Therefore the normal distribution is
not sufficiently accurate to describe the observed ind come distribution.

2.1.2 Pareto’s Law

In 1897, Pareto established his famous income distribution law, which is suitable
to higher incomes, and can be described as follows.

Let y number of persons having income x or more, then the relation between x
and y is given by the following equation, which is known as the Pareto Law of 
income distribution.34

XAy α−= (6.1)

Taking the log of both sides of the above equation, we get 

XAy logloglog α−=

This demonstrates that the graph of ylog against Xlog will lie on a straight line

with the slope α− .  The elasticity of the income distribution function is given by

( ) ( ) α−=d

This is also explained as the elasticity of the number of persons y with respect

to the lower limit of the income X.

From the equation XAy α−= (Pareto’s law), it follows that 

( )
XA

Xd
yd −−= ((α

Again let y  be the number of persons having income x or more then

CHAPTER 6

34
The original foff rmula of Parmuum eto’s income distribution is y = A/(x – a)α ; where a is the lowest income at

which the curve begins, considering a = 0, we get Equation (6.1).
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( ) dXfy
x

=
∞

( )( )[ ] ( ) ( ) ( ),f[[
Xd

yd
x == ∞ since ƒ (∞) = 0

( ) ( )
XAf −= ((α , the Pareto density function of X ; 0 ≤ X ≤ α

Now if X 0 is taken as the lower limit of income then

( ) 1

0

=
∞

dxf

X

∞
( ) 1=− dXXA ((α

X 0

or
( ) =

∞
−

X

dXXA

0

1((α

or ( ) 1

0

=
− ∞

α
α

XA
X

( ) 1=−A α

∴ ( )A 1
α−=

∴ ƒ (x) = ( )
( )

X
−

−
((

α
α

( ) ( )( ). −= ((αα , X 0 ≤≤ X ≤≤ ∞∞
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The mean of the Pareto distribution is given by 

( ) ( )
∞

X

dXE

0

( ) ( )( )=
∞ −

X

dXX

0

. ((αα

( )
[ ]

( )0 == ((
[[

((α X

This shows that the mean of the Pareto distribution is proportional to the lower
income X 0  beyond which the Pareto law works.  But, it still holds even if we

increase X 0 .

The variance of the Pareto distribution can be calculated ad s

( ) ( ) ( )
∞∞

XX

dXV

0

2

0

( )
( ) ( )[ ]0

2

=
αα

α X000X

which exists only if α > 2. In general the value of α varies from 1.2 to 1.9 and on the

average α = 1.5.35

The value of the parameter α may be taken as a measure of inequality of the 

distribution of income.  The greater the value of α, the more concave the hyperbola
and the greater the difference between the various income classes of the population.

CHAPTER 6
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See Lange (1962, p. 185).
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2.1.3 MandelbMM rot’s ModelMM

Mandelbrot modified a highly abstract model of Pareto’s law. He observed that 
all the income distributions of the upper tails tend to follow Pareto’s law. Further he
found that the total earning of an individual is the sum of income from various
sources. Thus he considered thd e income variable as the sum of independent random
variables with different domains of summation. Since all these sums have the same
type of distribution approachiny g Pareto’s law, he turned to the class of stable
distributions. Suppu ose that there are ‘n’ independent random variables then their
sum

Un= u
1

+ u
2

+ un (6.2)

where Un have the same distribution up to a linear transformation of their scales for
the coefficients Ai > 0 and bi such that A1 U1 + b

1, A2U2 + b
2

, ... , An Un + bn have

the same probability distribution F(x), which is stable. More generally if the sum Un

has the same distribution upuu to a linear transformation so that for some An > 0, B
n

such that An Un + Bn has the probability distribution F(x) and is stable. Levy (1925,
1937) and Feller (1966, ch. 6) have studied these stable distributions.  Mandelbrot
considered a distribution, which has: (i) a finite mean; (ii) infinite variance; and (iii)
skewness towards the right. The single stable distribution that meets these conditions
is called the Pareto-Levy distribution. However the density function of the Pareto-
Levy law cannot be written in a closed analytic form but is represented indirectly
with a Laplace transformation. For large x the probability distrtt ibution fuff nction is
given by

F(x) ~ l – X-α {U*αα Γ (l -Γ α) }α

where Γ (l -Γ α)   is the gamma distribution,36 α is the parameter of Pareto’s law

which lies 1< α < 2 and U* is a positive scalar parameter. This distribution has
never been appa lied to empmm irical data.

2.1.4 Champernowne’s Mode1

The shape of the income distribution is invariant over time and space. This fact 
attracted many scholars to work on income distribution by a stochastic process.37

Gibrat (1931) started to work first on this line.  He generated a positively skewed 
distribution with the ‘law of proportionate effect’. A simpmm le stochastic process
proposed by Champernowne (1953) is a very familiar work in this line and is briefly 
described ad s foff llows.

36 ( ) dxxe
ax 1

0

−− aaaxxx=Γ ( )( )( ) , where e is the base of the Naperian logarithms (log e = 1).

37
Other stochastic processes have been developed by Simon (1955), Steindl (1965) and Wold and     

Whittle (1957) that lead to Pareto’s law.
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Champernowne determined a minimum income x* and then divided the income
scale above it into a countably infinite number of income classes. The jth income

class is leveled as ( Xj – 1XXj - XjXXjj) that satisfies XjXXj = C Xj-1XXjj  for j = 1, 2,  …, ∞ where C is 
constant. This condition asserts that the boundary points of income classes are
equidistant on a logarithmic scale. Hence the class interval with the transfoff rmed
scale is log C. The income earning elements pass these income intervals from one
discrete time point to another. An income recipient who at time t belongs to income

class r1 may move to income class r1 + ε at time (t+1), and hence

( ) ( ) 1=Σ∞
−=ε pt

This means that a recipient in class r1 at time t will be in any of the income

intervals 1,2, 3, .... ∞ with probability 1.  If pt (rt 1) is denoted as the probability that 
a unit is in income class r

1
at time t then the income distribution pt+1 (r2) at time (t+l)

will be generated according to

( ) ( ) ( )
ε

1

1

2 −

∞−=
+p tt

r

t (6.3)

This equation is known as the transition equation model and is based on the
following assumptions. 

(a) For every dying income receiver there is an heir to his income in the
following year.

(b) For every value of t and r
1

and for some fixed integer N,

( ) 0=pt , if ε > l or ε <  -N, (b.1)

andd ( ) 0>= ppt ε , if –N ≤ ε ≤ 1 and ε > -r1, (b.2)

(c) 0
1

<Σ
−=

p
N

ε
ε

ε

Assumption (a) asserts that the number of income recipients remains unaltered
over time. First part of assumption (b.1) implies that none of the income units move
up by more than one or down by more than N income classes in a year. The second
part of assumption (b.2) has two meanings viz., (i) the transition probabilities pt (rt 1,

ε) are constant with respect to time and (ii) they are independent of income level r1

and determined by ε alone. While assumption (c) shows that initially all the

CHAPTER 6
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recipients belong to any one of N+l, N+2, ... income classes. The expected number
of income classes shifted to the negative number in the following period.

Under certain conditions, a homogeneous Markov chain with a finite number of 
states leads to an equilibrium distribution. However, Champernowne states that the 
process defined for an infinite number of states also has the same propertytt . If the
equilibrium distribution is denoted by p*(r2) then the transition Equation (6.3)
becomes

( ) ( ) .1
122

1
* >

−=
rallforp((((p

N
ε

ε
(6.4)

To find a unique solution of p*(r2) from Equation (6.4), we substitute c1Z
c
1 for

p*(r2) in Equation (6.4) and the resulting equation in terms of Z is given by

( ) 01
1

=−Σ= −
−=

ZZpg
N

ε
ε

ε
(6.5)

where g(Z) is a polynomial of degree (N+l). By the first assumption of (b.1), all 
coefficients are positive and certainly g(0) = p1 > 0; by (b.2) we get g(1) = 0 and 
from (b.2) and (c) we get g'(1) = 0.  All these conditions imply that (6.5) has a
unique real root other than unity lying between zero and one, d (say); and hence the
equilibrium distribution is given by 

( ) 10,2
2

* <<= ddCp r (6.6)

The constant C
2

is adjd usted so as to equal the sum of probabilities over all

admissible values of r
2

units.

Lastly to establish the link between (6.6) and Pareto’s law, the probability that an

income taken at random y exceeds y
r2

 is calculated by

( ) ( ) d
d

C
dCp((P rr

rjrj
r

22

22
2

.
1

2
2

*

−
=Σ=Σ=

∞

=

∞

=
(6.7)

Further we have mentioned that the condition XjXXj = C Xj -1XXjj  is satisfied by the
income classes and hd ence it foff llows that

XCX
r

r 02
2

2
= (6.8)

where X 0 is the minimum income.  Taking logarithms for both the equations (6.7)

and (6.8) and eliminating r
2

we have
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( ) Xyy((P rr 22
loglog αγ −=> (6.9)

where
c

d

2log

log−=α , and ( )
xc

= log 02
α

γ

Since 0 < d < l; α is always positive and hence it is interpreted as the Pareto
constant.

2.1.5 The Lognormal Distribution

The distribution function of the lognormal distribution of the random variable X 
is given by

( ) ( ) ( )

0;0

0,
2

1
2

2

20

≤=

>0000=Λ= −

x

xdx,,,xe
x

((F xx

σ
))

πσ

The lognormal distribution is widely used for income and for many other size
variables. An efficient estimation procedure and statistical inference are readily 
available for this distribution, because of its close relationship to the normal 
distribution. It gives reasonable fit in the middle classes of income, covering about 
two-thirds of the total population. A positively skewed distribution is observed if 
real income data is fitted.38

There are certain disadvantages to this distribution. Firstly, it does not fit well to
the end points.  Secondly, it over-corrects for the positive skewness of the income
distribution. It needs the positive value of income.

Gibrat (1931) frequently used the lognormal distribution to income and many
other size variables. He assumed that many independent random factors affect these
variables in a multiplicative fashion rather than additive. This is known as Gibrat’s
law of proportionate effect. This idea is further extended by Rutherford (1955), who
developed a new model for income distribution by assuming that new people enter
into the society at a constant rate with lognormal income distribution. As time passes
its variance increases and the number of survivors declines exponentially with age.
With these assumptions he derived the standard symmetrical Gram-Charlier tyt pe Ay
distribution.39 He also gave an experimental method of fitting this distribution.
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38
Other interr esting properties are discussed by Aitd chinson and Bd rown (1954), Bourguignon and

Morrisson (1999), Firebaugh (1999) and Yao and Zhu (1998).
39

See Cramer (r 1946, p. 222) for such Grr am-Charlier of tyr pe A distrypp ibution.
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2.1.6 Gamma Density Function 

The Gamma density function is given by

( ) ( ) 0,;0;1 >∞<<
Γ

= −− λα((
λ λα

αλλαλ
andxexf x

where Γ ( Γ α) is the Gamma function, and α is related to the income inequality

measure and λ is a scale parameter. Amoroso (1925) first fitted this density function 
to income data, and latter Salem and Mount (1974) fitted it to US income data. They
showed that the Gamma distribution fitted better than the lognormal distribution.d
But this is not quite satisfactory since it exaggerates the skewness.

3. FURTHER DISCUSSION ON THE MEASUREMENT OF INCOME

INEQUALITIES

In 1905, Lorenz first established the relationship between the cumulative
proportion of income and the cumulative proportion of income receiving units when
they are arranged in ascending order of their income. This was later popularly
known as the Lorenz curve, which was widely used to measure inequalities of 
income and wealth in many countries in the world.40

More formally, if P(x) is the proportion of units having income less than or equal
to x, and Q(X) is the proportion of income received by those units whose income is
less or equal to x. Then the relationship between P(x) and Q(x) is known as the 
Lorenz curve. The Lorenz curve derived frd om the most estaba lished ind come
distribution usually does not fit the actual data well. However, the Lorenz curve has
a number of properties mentioned in Kakwani and Podder (1973), which can be used 
to specify the equation of the Lorenz curve that fits the data well. In general it is an
increasing function, passing through the points (0, 0) and (1, 1). 

When P(x) = Q(x) all income receiving units get equal income, which is
popularly known as the egalitarian line. It can be shown that the distance between
the Lorenz curve and the egalitarian line is maximum at income level x = E(x). It 
can also be shown that the Lorenz curve foff r the Pareto distribution is skewed
towards (0, 0); and it is symmetrical for the lognormal distribution.41

Mahalanobis (1960) first extended the concept of the Lorenz curve to the
concentration curve, which is defined as the expenditure of the ith item made by
those units having income less than or equal to x as Qi [Wi (x)]. The relationship
between P(x) and Qi [Wi (x)] is called the concentration curve. Details about the
concentration curve are provided in Chapaa ter 7 of this book.

The Lorenz curve is widely used to measure inequality, since it shows the
deviation of each unit from exact equality. Atkinson (1970) showed that the Lorenz
curve ranking in terms of social welfare and the ranking of the income distribution 

40 Piketty (1999), Rongve (1998), Milanovic (1999), Schultz (1998), Garnrnner and r Terrrrrr ell (1998) and
Veeernik (1998) have used Lorenz curve to measure inequalities of income.

41 See Kakwani (1980b) for mr ore properties of the Lorenz curve.
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of the Lorenz curve is identical to the ranking of social welfare, irrespective of the
form of the utility function of the individual unit, provided they do not intersect. The
inequality measure lies between 0 and 1. The following are used to measure income
inequality.

(1) The Gini index is widely used to measure inequalities. It is equal to one
minus twice the area under the Lorenz curve, which is equivalent to twice the area
between the Lorenz curve and the egalitarian line.42

( ) ( ) dXQG −=
∞

0

21

(2) Relative Mean Deviation was introduced by Von Bortkiewicz (1930), and
Bresciani-Turroni (1910) and investigated by Pietra (1948), which is defined by

( ) −=
=

n

i
ixn

R
1

1 µµµµ

where xi is the income of the ith unit and i varies from 1 to n. Note that R = 0,when

everyr  unit receives equal amount of income, R approaches to 1 as n approaches to ∞,
when one unit receives all the income. It can be shown that the relative meant
deviation provides the maximum gap between the egalitarian line and the Lorenz 
curve.

(3) Elteto and Frigyes (1968) introduced three set of inequality measures:d

            P = µ / µ1; Q = µ2 / µ1; R = µ2 / µ;

where ( ) ( ) ( )µ ))µµ ))µµ ≥=<==
x

x((Eand
x

x((EE 21 ,;

Note that µ2 is the mean income of those with an income greater than µ, and µ1 is

the income of those with an income less than µ. These measures can be expressed in 
terms of the Lorenz curve.43

The Lorenz curve can also be used td o estimate income elasticity, which is very
helpful particularly for grouped data. Mahalanobis (1960) first introduced the 
concept of the concentration curve to describe the consumption pattern of different 
commodities. It was also shown that the concentration index of a commodityt  is
closely related to its elasticityt . Kakwani (1977b) and Haque (1984) estimated 
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42 See Garnrnr er and Tr errrrrr ell (1998), Van de Ven (2001) and Creedy (1997) for mr ore details about the
computation of Gini index from the Lorenz curve.

43 See Kakwani (1980b) for more measures of inequalities of income.
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income elasticities from nonlinear Engel functions, which are based on the
concentration curves. They showed that the proposed equation of the Engel curve
derived from the concentration curve performed better than other usual well-known
Engel functions. Further, it can be shown that for inferior goods the concentration
curve of a commodity lies above the egalitarian line, for necessaryrr items the
concentration curve lies between the egalitarian line and the Lorenz curve, and the
concentration curve lies below the Lorenz curve for luxury goods. Therefore the
position of the concentration curve is very important to identify whmm ether the item is a
luxury, necessary or inferior. These issues will be discussed fd uff rther in detail in 
chapters 7 and 8.

Lorenz curves can also be used effecff tively for public policy formulation. For
example, it can be shown from the analysis of the Lorenz curve that post-tax income 
is more equally distributed than pre-tax income if the average tax rate increases with
income. Further, if the tax-income ratio remains same, inflation does not change the
post-tax income distribution even if the tax function is shifted every year.  More 
importantly, it can be shown that the increase in the pre-tax Gini index is a reflection
of the fact that the negative income-tax plans cause lower inr come classes to reduce
the supply of their labour proportionally more than higher income classes. The
Lorenz curve can also be used extensively to measure poverty.44

4. CONCLUSIONS

A brief review of the literature on income distribution is provided in this chapter.
This is because the next few chapaa ters are based on the concept and measurement of
income distribution. This chapter briefly discusses the issues of the income
distribution function, income inequality measured from the Lorenz curve, and its
applications in formulating public policies, and its uses in measuring poverty. It is
hoped that this background knowledge will help readers to understand the
subsequent chapters of the book more clearly.

44
Hilderbrrbb and and Kneip (1990), Wilson (1995) and Sutherland (1996) have studied thd e effecff t of income

distribution on household expenditures.
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CHA PTER 7  

ELASTICITY FROM CONCENTRATION CURVES 

The readers will learn about the concept of concentration curves, which can beff

applied to a wide range ofo  social and public policf yc areas. It is demonstrated here

how a new method ofo estimatinf g the income elasticitg ytt ofo various expenditure items f
can be calculated from the implicit Engel function based on non-linear 

concentration curves for grouped data. Our method of estimating income elasticity

turns out to be supu erior to the usual method of least squares in estimating income
elasticity from grouped data without any added problems. TheTT reader will also see

how the average income elasticity of demand of different expenditure items for the 

whole population can be obtained when income and expenditure on various
expenditure items are provided ee for sff everal homogeneous groups ofo the total f

population.

1. INTRODUCTION

Specification of the functional form is an important issue in computing Engel
elasticity from household expenditure data. The importance lies in the fact that the
magnitude of elasticity depends largely on the functional form used. A huge body of 
literature has been devoted to the consideration of the appropriate specification of
the functional form. In this regard, we have reviewed the relevant literature and
discussed the various issues on specification and discrimination of diffeff rent fuff nc-
tional forms earlier in chapa ters 3 and 5 of this book.

Engel elasticity can also be estimated indirectly via concentration curves. 
Iyengar (1960a) proposed an alternative method of computing the elasticity
parameter of the double log Engel function, using concentration curves arising from
the log normal income density function. Later, Kakwani (1977b) generalized this
method and allowed for a variety of specific Engel functions with arbitrary
concentration curves. Further, Kakwani (1978) computed the Engel elasticity for an
implicit Engel function based on a special tytt pe of concentration curve introduced byy y
Kakwani and Podder (1976). Hansen, Formby and Smith (1996) have also estimated
income elasticity of demand for housing from concentration curves.45

45
See Costa and Michelini (1999), Hansen, Formbymb and Smith (1996), and Cowell (1995) for mr ore

specifications on concentration curves.



In this chapter, we have developed a model in computing Engel elasticity from
an unknown Engel function using concentration curves. Our method of estimating
Engel elasticity is based on general types of concentration curves rather than thef
new coordinate system of concentration curves as was used by Kakwani (1978). A
nonlinear fuff nctional foff rm of the concentration curves for total expenditure and 
expenditure on each commodity is used to derive the expenditure elasticity for
diffeff rent household commodities. The concentration curves have been fitted td o the
Australian 1975-76 HES data and then expenditutt re elasticities were estimated id n
terms of the estimated parameters of the concentration curves for total expenditure
and expenditure on each item. The empirical results show that the proposed Engel
function fits better than other commonly used Engel functions in terms of goodness
of fit. Moreover, the adding-up criterion is approximately satisfied by this proposed 
Engel function at all levels of per capita total expenditure.

The outline of this chapter is as follows. The definitions of the Lorenz curve and
the concentration curve along with its specification and derivation are discussed in
Section 2. A new formulation of the Engel elasticity based on implicit specification
of the concentration curve is given in Section 3. Specification of the non-linear con-
centration curve used to derive the Engel elasticity for this study is described in 
Section 4. Empirical illustrations are presented in Section 5, while Section 6 gives 
some indication for further research. Finally, the last section makes a few
concluding remarks and limitations of the present studydd .

2. DEFINITIONS AND SPECIFICATION OF THE CONCENTRATION

CURVR ES

The concentration curve foff r income is known as the Lorenz curve. For our
present purpose, we shall derive both of these curves separately. The Lorenz curve is
discussed fird st.

2.1 Lorenz CurveCC

The Lorenz curve is defined ad s the relationship between the cumulative
proportion of income and the cumulative proportion of income receiving units when
the units are arranged in ascending order of income. This curve is widely used to
analyse the size distribution of income and wealth.

2.1.1 Mathematical Definition of the Lorenz Curve

Let X be the per capita total expenditure (income) of a family and if X is

assumed td o be a random variable with a probability density function ƒ(X), then the
proportion of families having per capita total expenditure (income) less than or equal 
to x is given by

CHAPTER94 7
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= x dXXfxP

0

)()( (7.1)

Further, if it is assumed that the mean µ of the distribution exists then the first
moment distribution function is defined by 

= x dXXXfxQ

0

)(
1

)(
µ

(7.2)

This Q(x) is interpreted as the proportion of per capita total expenditure (income) 
made (received) by those families whose per capita total expenditure (income) isr
less than or equal to x.

The relationship between P(x) and Q(x) is known as the Lorenz curve. Inverting
(7.1) and eliminating x from (7.2), one could obtain the Lorenz curve provided the
function (7.1) is invertible, which is true for most commonly used income density

fuff nctions ƒ(X). On the other hand, the same curve is obtained by plotting Q(x) as the
ordinate and P(x) as the abscissa for different arbitraryrr values of x. This curve is
commonly represented in a unit square.

The first and second derivatives of Q with respect to P are respectively given by 
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These two positive derivatives show that the Lorenz curve is an increasing 
convex function of P. This convexityt along with the fact that Q(0, 0) = 0 and Q(1, l)

= 1 implies that Q ≤ P. When Q = P for all 0 < P < l then the Lorenz curve coincides
with the egalitarian line which means that all the families make (earn) an equal
amount of total per capita expenditure (income) in the society. 

It should be noted hd ere that the Lorenz curve is generally derived from some
known income distribution such as the Pareto, or lognormal.46 But these curves do
not give a reasonably good fit to empirical data. In fact, most of the available
income density functions with a few exceptions such as the generalized beta of the 
second kind due to McDonald (1984) are unsatisfactory for practical purposes. As a 
result, the equation of the Lorenz curve derived from the available income density
function is likely to be unsatisfactoryr . On the other hand, the Lorenz curve has a

46 An excellent review of the literature on income distribution can be found in Cramer (1973a), Kakwani
(1980b) and Ebert (1995).
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number of properties mentioned by Kakwani and Podder (1973), which can be
utilized to specify an equation of the curve directly. Therefore, an alternative ap-
proach is to find an equation, which would satisfy the properties of the Lorenz curve
and fit the data reasonably well. In general the Lorenz curve must be an increasing
function, passing through the origin (0,0) and the point (1, 1). 

2.2 Concentration Curves

Mahalanobis (1960) first extended the idea of Lorenz curve to the concentration
curve. Later Roy, Chakravarti and Laha (1960) studied some properties of these
concentration curves. Iyengar (1960a) used these curves to compute Engel elasticity
from the grouped data with two restrictive assumptions.  But, the most important 
study of the concentration curves was made by Kakwani (1980b). Later, many
authors such as Haque (1989a), Benabou (1996), Davidson and Duclose (2000),
Duclose and Makdissi (2000), Maltagliati and Michelini (1999), and Pradhan,
Sudarno and Lant (2000), used concentration curves to analyse poverty and 
inequality.

2.2.1 Properties of the Concentration Curve

Let h(X) ≥ 0 foff r all X ≥ 0 be a continuous function of X whose mean E[h(X)]
and first derivative exist. Then it foff llows that

= xxx dXXfXh
xhE

xhQ 00 )()(
))((

1
)]([ (7.5)

The parametric relationship between Q[h(x)] and P(x) is known as the
concentration curve of h(X(( )XX . The curve is obtained by inverting P(x) and eliminating
x from Q[h(x)]. Alternatively, the concentration curve is obtained by plotting P(x) as 
the abscissa and Q[h(x)] as the ordinate for different arbitrary values of x. This curve
must pass through (0, 0) and (1, 1).mm

The first and the second derivatives of Q[h(x)] with respect to P(x) are given by
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The sign of the second derivative depends on h'(x) as both E[h(X)] and ƒ(x) are
positive.
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Therefore, if h'(x) > 0 for all x ≥ 0 then Q[h(x)] < (P(x) and hence the
concentration curve falls below the egalitarian line (i.e., the line passes through the
points (0, 0) and (1, 1) in a unit square). On the other hand, if h '(x) < 0 for all x, the
curve is concave and will lie above the egalitarian line. If h' (x) = 0 then the
concentration curve and the egalitarian line coincide. When h(x) = x we obtain the
Lorenz curve.

3. ESTIMATION OF ENGEL ELASTICITY FROM CONCENTRATION

CURVES: A NEW FORMULATION

Let Wi(x) be the Engel function of the ith commodity.  Now if we substitute
Wi(x) for h(X) and Qi for Q in (7.5), we have

.)()(
)]([

1
)]([ 0000= x

i
i

ii dXXfXWiiiW
XWiiiWE

xWiiiWQ

Then )]([ xWQ iWWiWi could be explained as the proportion of the per capa ita

expenditure on the ith commodity made by those families having per capita total ex-
penditure (income) less than or equal to x.  Hence, the relationship between P(x) and 
Qi [Wi(x)] is known as the concentration curve of the ith  commodity.

Now substituting Wi (x) for h(x) in (7.6) and (7.7) we have
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where E[Wi (x)] is the mean expenditure of the ith commodity. 
Equations (7.3), (7.4), (7.8) and (7.9) can be used to derive the Engel elasticity of 

the ith commodity as follows
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The Engel elasticity formula derived in (7.10) is veryrr  useful for practical 
purposes.  This formula can be used to estimate the Engel elasticity at any particular
total expenditure (income) level x.  From the relation (7.3) we have

µ
xPg =′ )( , where E(x)= µ.
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This last relation gives the value of P for any particular value of x, which on 
substituting in Equation (7.10) gives the expenditure elasticity at any given level of 
per capita total expenditure (income). For example, the elasticity at mean value is
calculated for that particular value of P, which satisfies the relation g'(P) = 1.

The above Equation (7.10) could readily be used to estimate the Engel elasticity
at the percentile, decile, quartile and median values where the fractile grouping data
[vide Mahalanobis (1960)] are available.47 For exampmm le, if we wish to compmm ute the
elasticity at the median value x = M, we can use the following value for P(x),

== MMMM dxxfMP 00 50.0)()( (7.11)

where M stands foff r the median. This is possible since f(x(( ), the probability density
fuff nction of x is known.48

4. SPECIFICATION OF THE CONCENTRATION CURVE

We have seen that the concentration curve for the ith consumpmm tion item is the
parametric relationship between Qi and P, i.e. Qi = gi (P).

In Section 2 we have already indicated the drawbacks in constructing the
concentration curve from the available income density function. Kakwani and 
Podder (1973) constructed the concentration curve from its properties. In this study
we have constructed the concentration curve directly from its properties so that it fits
the data reasonably well. The purpose of this section is to choose a functional formrr
of the concentration curve. Choice of the concentration curve is veryrr important,
since this will be used to compute the Engel elasticity using Equation (7.10).

We have fitted a number of concentration curves and the following functional 
form of the concentration curve is chosen for our present analysis, since it fitted 
better than other concentration curves

1,0;])1(1[ /1 <<−−= βαβαPQ (7.12)

Rasche, Gaffney, Koo and Obst (1980) suggested the above form (7.12) of the 
concentration curve.  This is popularly known as the generalized Pareto

concentration curve. This is because, if we put β = 1, the above curve becomes the
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47
The sampmppm le households were ranked in ascending order of x,r  and grouping the households having

contiguous ranks formed the fractile groups. The group denoted by 0-5 per cent comprised the bottom  
5 per cent of the estimated number of households, the group represented by 5-10 per cent comprised
the next 5 per cent of the estimated number of households and so on.

 A new data set measuring income inequality can also be found in Deininger and Squire (1996).
48

Iyengar (1964a), Prais and Houthakker (1955), and Sinha (1966) computed Engel elasticities at themp

median values.
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equation of the concentration curve when the distribution of income follows Pareto’s
Law.49

Now differentiating (7.12) with respect to P twice we have
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For all α < 1, the value of the first derivative would be zero and infinite if it is
evaluated at zero and one respectively. On the whole, the function (7.12) satisfies all 
the general properties of a concentration curve. Hence, this curve is taken as the
general concentration curve to compute Engel elasticity for various consumption
items. Florio (2001) used other types of concentration curves to evaluate the welfare
impact of British privatizations in various sectors during 1979-1997.50

5.  EMPIRICAL ILLUSTRATIONS

The Australian 1975-76 HES data described earlier in footnote 22 of Chapter 4
are used to illustrate the above method. We have fitted the above equation (7.12) by

adding an error term ε and select that set of values of α and β, which minimizes the
residual sum of squares. We explore the function step by step at each iteration in the 
(at most) 2n directions that are parallel to the co-ordinate axis. Any exploratory step
that results in an improvement is accepted and the process is repeated. The samed
method is repeated for total expenditure and expenditure on each item.

49 a = l-1/δ whereδδ δ > 0, the scalar paramδδ eter in the Pareto distribution. The Lorenz curve foffof r thr e Pareto

distribution is defined ifd δ > 1, which implies that 0 <δδ α <1.
50

Forbrbbes (1999, 2000) and Benabou (1996) also used concentration curves to measure the relationship

between inequality and growth.
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Table 7.1. Estimates oTT fo  the concentration cuf rve for diff ffi erent commodities ff for the Australian ff

1975 to 1976 HES data (per capita). 

CommoditiesCC α β
Residual sum

ofo squaresf

Total of all food 0.859593 .889692 .0001037679
All alcohol and tobacco 0.823657 .706045 .0011985776
Current housing costs 0.683137 .838022 .0025185425 
Fuel & power 0.853856 .938820 .0001147191 
Clothing and footwear 0.889030 .689508 .0008679586
Household equipment and 
operation

0.671439 .835844 .0010648194

Medical care and hd ealth
expenses

0.875897 .797294 .0002097013

Transport and 
communications

0.863714 .675712 .0004542450

All recreation and
education

0.819191 .686457 .0010663131

Miscellaneous goods &
services

0.794940 .681733 .0011901483

Total expenditure 0.794000 .775957 .0003762444 

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income
groups supplied by the ABS.

The estimated parameters are presented in Table 7.1, together with the residual
sums of squares. It is noted that the residual sums of squares are generally low for
all commodity items.   

Engel elasticity at various per capita income levels is presented in Table 7.2. It is
noted that the elasticity for almost all the commodities including total foods are 
reasonable. It should be mentioned that the elasticity for all food items weret
estimated and d rd emained md ore or less constant foff r almost all the foodff  itd ems foff r those
families whose per capita weekly incomes were $250 or more.51 This is quite an   
encouraging result since each food item mm usmm t reach satutt ration level.

Further, from Table 7.2 it is also noted that the expenditure elasticity for meals in
restaurants and hotels decreases as income increases, although from a common sense  

CHAPTER 7

51 These results are presented later in Chapter 9 where a separate study for various food items are    
undertaken.
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point of view, expenditure elasticity for this item should increase with the rise of
income. This might happen due to the fact that the item may become stable aftet r
income and the consumption of the commodity reach a certain level. The rate of 
increase in its consumption should diminish progressively as income rises and hence
the elasticity of demand falls. It is widely known that the expenditure elasticitytt of
demand for some staple foods will eventually become negative. Therefore, the ex-
penditure elasticity of demand for a specific kind of food like meals in restaurants
and hotels generally should fall rather than rise.

The weighted average of the elasticity of all the commodities is given in the last 
row of Table 7.2, the weights being the budget shares to the expenditures on the
items. The adding up criterion asserts that the total expenditure elasticities weighted
by the budget shares for all the commodities should be equal to 1 at all income
levels [see Cramer (1973a, p. 147), and Nicholson (1949)]. From the last row of 
Table 7.2, it is seen that the adding up criterion is approximately satisfied at all per
capa ita income levels. The maximum error is about 8% at the extreme minimum and 
maximum per capita income levels of $30 and $750. The systematic decrease of the
weighted average total expenditure elasticity is due to grouping according to per
capita income rather than per capita total expenditure. Low-income earners 
sometimes spend more than their income (by borrowing or some other means) and 
higher income people spend less than their income. Hence, the weighted averager
elasticity can be over and underestimated for the lower and higher income groups 
respectively. Weighted average of the elasticities at the mean value is 1.0105, which
is very close to 1.

Elasticity estimates for different commodities at mean total expenditure based on
the proposed curve are compared with many commonly used Engel functions and 
are presented in Table 7.3. In their pioneering work, Prais and Houthakker (1955)
investigated the linear, hyperbolic, semi-log, double-log and log-inverse functional 
foff rms. These fuff nctions were also used by Podder (1971) to describe household 
consumption expenditure patterns in Australia. The share semi-log Engel functiontt
was used by Working (1943) for the United States budget data.  Later, Leser (1963)
generalized this function. In recent times, the Leser, Working functions became
more popular. In fact, Bewley (1982) used the Working function to analyse the same
survey data, using 180 observations cross-classified by 12 average weekly
household incomes and 15 family compositions. Giles and Hampmm ton (1985) also
used the same Working function for New Zealand Household Expenditure Survey
data. Goreux (1960) selected the log log-inverse functional form for this larger FAO
study, while Sinha (1966) used this form to estimate income elasticities for food m
items in India. The double semi-log Engel function is used by Haque (1984, 1996) to
analyse the Australian Household Expenditure Survey data.52

The last row of Table 7.3 gives the weighted avenge of elasticities for all the
functions. This shows that the adding up criterion is not satisfied for the hyperbolic,
semi-log and log-inverse functional forms. However, this property is approximately

52 We have also tried the quadratic Engel function due to Banks, Blundell and Lewbel (1994, 1997), but 
this function did not perform well compared to other familiar Engel functions such as the double
semi-log or the log log-inverse Engel functions.  

CHAPTER 7



ELASTICITY FROM CONCENTRATION CURVES 105

satisfied by all other functional forms. In general, the proposed curve performs
better than the other Engel functions except the linear, double semi-log, Working
and Leser functional forms, where the adding up criterion is supposed to be exactly
satisfied.

The weighted residual sum of squares is used to compare the goodness of fit 
among the alternative functional forms, taking the proportion of the estimated 
population in each per capaa ita income class as weights. It is clear from Table 7.4 that 
the proposed curve is superior to all other curves as judged by the minimum
weighted residual sum of squares criterion. This curve is selected for seven out of
ten items.

However, for clothing and footwear the log-inverse functional form gives a 
lower value of the weighted residual sum of squares than the proposed curve. It is
interesting to note that the double semi-log functional form performs well and 
occupies the position next to the proposed curve. Earlier Haque (1984, 1996)
showed that this function performed better than the other usual functional forms on
the basis of the minimum weighted residual sum of squares.

The choice of an appropriate functional form for an Engel curve on theoretical
grounds depends on the relative weights attached to the various properties by the
investigator. In this analysis, we base our choice of an appropriate functional formrr
on the minimum weighted residual sum of squares. On this basis, our proposed 
implicit Engel function is better than the commonly used Engel function.

6. INDICATION FOR FURTHER RESEARCH 

Sampling properties of the estimated elasticities presented above have not been
established. One can estimate the large sample standard error of the elasticity by
standard techniques from the estimated dispersion matrix of the coefficients. This is
possible since the estimated elasticities are functions of the estimated coefficients

βα ˆˆ and of the equation of the concentration curves. In cross-section data

particularly from household expenditure surveys, econometricians often make the
unrealistic assumption of constancy of the parameters for different households or
different regions. For example, Houthakker (1961, p. 723) noted that maximising a
quadratic utility function with non-negative variables, yields Engel functions which
are ‘continuous broken curves with linear segments’ rather than straight lines. Spline
functions may be used to compute Engel elasticities with our formula.  Spline
functions are not widely used, but Spahn (1974) has used cubic splines to
approximate the income distribution of West Germany.53 For the ‘structural change’
in the income distribution Spahn splices on an exponential segment to the cubic
spline. A spline function is a piecewise function in which the pieces are joinedfuf
together in a suitably smooth fashion. Generally, polynomials are chosen for pieces,

53
Bourguignon and Morrison (1990), De Gregorio and Lee (1998), Coulter, Cowell and Jenkins (1992a,

1992b), and Shorrocks (1995) have also used various techniques in estimating income distributions 
foff r various data sets.
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and the smoothness requirement is interpreted in terms of continuity of the spline
and its derivative.  Interested readers are referred to Poirier (1976).

7. CONCLUSIONS AND LIMITATIONS

This study is based on data from a general survey, but the data are not suitably
presented for the specific needs of this study to be fulfilled. For example, data on
consumption items have been grouped according to per capita income rather than
per capita total expenditure. Hence the total expenditure elasticity obtained from this 
data may not be very accurate because of the fact that the ordering of the per capita
income is not the same as the ordering of per capita total expenditure.

However, close examination of the total expenditure and (gross) income figures 
shows that the distributions of these two variables are very similar within the range
of per capita income classes.  Thus, it is hoped that the orderings of the per capita
income classes would be the same as the orderings of the per capita total expenditure
classes of the families. Moreover, the elasticity of total expenditure with respect to
income in our case is 1.02, which is not significantly different from unity. Hence,
any bias in the estimated total expenditure elasticity based on the per capita income
classes may be considered as negligible.

The proposed method of estimation of Engel elasticity has not yet been
developed to take into account the effects of other variables. However, it is
important to note that if the data are classified according to total expenditure
(income) for different family compositions then the effect of family composition and 
economies of scale could be considered by computing the total expenditure (income)
elasticities for different family compositions and then these elasticities could be
combined to find the average total expenditure elasticity of demand for the whole
population.54 Some data of this nature are in fact available for the Australian 1974-
75 HES and the relevant results have been presented in Table 7.A1 of Appendix 7A.

It should be pointed out that the regression estimates for grouped data are biased 
for the non-linear Engel functions because of the use of arithmetic means as proxiesf
for geometric and harmonic means for logarithmic or reciprocal relationships. As a
result, Engel elasticities computed from non-linear Engel functions are biased, when 
the least squares method of estimation is used for grouped data. The present method 
could be used to compute Engel elasticityt  from grouped data without such an added 
problem.

In this chapter, we have developed a method of estimating Engel elasticity from
the implicit Engel function based on non-linear concentration curves, using grouped 
data. The empirical results show that the proposed Engel curve fits better than the
other commonly used Engel functions on the grounds of goodness of fit. The
adding-up criterion is also approximately satisfied by this proposed Engel function
at all levels of per capa ita total expenditure. Hence, our method of estimating Engel
elasticities based on concentration curves may be considered as superior over the

54
See Appendix 7A for more details about this technique.
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usual method of least squares in computing Engel elasticities from grouped data.mppm
Additionally we have developed a method of estimating income elasticity for the
whole population when the population is divided into several homogeneous groups.   
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APPENDIX 7A: THE METHOD OF OBTAINING WEIGHTED ELASTICITY

In many household expenditure surveys the data are classified according to
household income rather than per capa ita income. In such cases, our method fails to
reflect the family size effect on consumer patterns. However, family size or family
composition effects can be taken into account in the estimation of Engel elasticity
from concentration curves, when the data are classified according to family income 
and size/composition. The method is given below.

Suppose that the total population is divided into several homogeneous groups.
Let us see how total expenditure (income) elasticity for the entire population would 
be obtained from the total expenditure (income) elasticitytt  for various groups. The 
problem is relatively simple since it amounts to finding the weighted elasticity. The 
procedure is discussed below.

Let us assume that we have N Engel functions with respect to all family totalff
expenditure (income) i.e. Yl = flfflf (X), Y2 = f2ff2f (X),  ...,YN = fNfNf (X) with total expenditure

(income) elasticity η1, η2, …, ηN respectively, and if Yi’s are the expenditures for
different family compositions on a particular item.  Then the elasticity of the sum of 
the functions, flfflf (X) + f2ff2f (X) +  ...  + fNff (X) is given by

N

Nn
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and hence the elasticity of the sum of the functions f1ff1f (X), f2ff2f (X),  ....  fNfff (X) is
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In the 1974-75 Australian HES, eight types of family composition data are
available for 12 income groups (1974-75 HES data are not classified according to
per capita income).55 Effects of family composition and economies of scale may be 
taken into consideration if total expenditure elasticities are computed for each 
separate family composition. The expenditure elasticities are computed by using the
above expression (7.A1) for the whole population. The results of our new
formulation for computing Engel elasticities for 10 broad commodity groups for
various family compositions as well as for the whole population in Australia are
presented in Table 7.A1. 

To compute the Engel elasticities for various family compositions, we estimated 
the same concentration equation (7.12) by the direct search method. Total
expenditure (income) elasticities are computed at different levels of income as well
as at mean and md edian values. Because of the shortage of space we only present thef
total expenditure elasticities at mean and median values. The elasticities presented in
Table 7.A1 are reasonable for almost all goods for the Australian household 
expenditure pattern. Superiority of the proposed Engel curve used in this study isd
also verified in two respects viz. the adding up criterion and goodness of fit 
according to the minimum weighted residual sum of squares.

55
Alternative measures of welfare in the absea nce of expenditure data are discussed in Sahn and Stifelf

(2000).
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CHAPTER 8 

ESTIMATING INCREASE IN CONSUMER DEMAND 

In this chapter readers will find an alteff rnative method ofo estimatinf g increased g

consumer demand for various expenditure items due to increase in income and ff

decrease in income inequalitdd ytt . The present method ofo estimatinf g increasedg
consumer demand differs from those of previous studies in two resps ects, viz., an

arbitrary Engel function rather than the double log, and an equation of the Lorenz 

curve instead of a density function for income distribution. The present method ofo
estimating the increase in consumer demand with respect to changes in total 

expenditure and total expenditure inequality makes an empirical contrtt ibution in the

field. Empirical illustrations are made with reference to the Australian 1975-76 HES
data, and mandd yn interesting observations are made, which contradict with theg

previous findinff gsgg .56

1. INTRODUCTION

Any planned public investment should lead to an increase in real income andd
expenditure of households. As a consequence, the demands for different 
consumption items would increase. Unless necessary steps are taken in advance to
meet the increased demand for consumption, inflationaryrr  pressure is likely to build
up in particular sections of the economymm . Therefore, it is of considerable importance
to forecast aggregate demand for different items for proper production planninr g.

In the past, several attempmm ts have been made to estimate the increased consumer
demand. A huge body of literature has been published by many authors on the
problem of estimating the increase in consumer demand with respect to changes in 
both income and income inequality. A review of these studies may be found in
Deininger and Olinto (2000), Forbes (2000), Jain (1976), and Iyengar and Jain
(1973). It should be noted that most of these studies on demand forecasting are 
based on the assumption of an unaltered theoretical total expenditure distribution
(for example pareto or log-normal) and an invariant Engel function (say, double 
log). These assumptions are, however, subu jb ect to criticism. The double log Engel
function may not be considered as the best functional form for all the commodities.

56
Materials presented here were published earlier in SankhSS yh a [see Haque (1991b)].
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On the other hand, the equation of the Lorenz curve derived from the available
income density function is likely to be unsatisfactory.57

In this chapter we estimate the increase in consumer demand by using a new 
coordinate system of the Lorenz curve, introduced by Kakwani and Podder (1976).
Thus, our method of estimating the increase in consumer demand differs from those
of previous authors in two respects. First, we can estimate the increase in consumer
demand for any arbitrary Engel function instead of the double log Engel function. 
Second, an equation of the Lorenz curve is used to estimate the increase of
consumer demand instead of using an income distribution function. Our method of 
estimating the increase in consumer demand with respect to total expenditure and 
total expenditure inequalities makes an empirical contribution in the field. 

We have estimated the increase in consumer demand with respect to various
percentage increases in per capita total expenditure by changing one parameter, and 
various percentage changes (decrease or increase) in the Lorenz ratio by changing
only one other parameter in the Lorenz equation, while the rest of the parameters
remain unaltered over the projected period. A number of interesting results are
observed from our study and in some cases our empirical results contradict previous
studtt ies.

An increase in the demand for any commodity depends on many factors: (i)
growth of income; (ii) changes in relative prices; (iii) net increase in population 
growth; (iv) changes in consumption patterns (due to changes in tastes and
preferences); (v) changes in family composition; and (vi) shifts of incomemm
distribution, etc.

In this chapter, we will restrict ourselves to the study of the effects of the rise in
income and changes in income inequality in estimating the increase in consumer
demand for various consumpmm tion items in Australia. This is impmm ortant, because 
Williams (1978a, 1978b) has indicated that over the years 1966-67 to 1974-75 real t
personal disposable income per head increased by nearly 40 per cent while studies
on inequality measures for the Australian family total expenditure have decreased
over the same period of time. 

This chapter is organised as follows. A method of estimation of increasing in
consumer demand from the equation of the Lorenz curve is given in Section 2. 
Numerical estimates of the increase in consumer demand for various consumpmm tion
items are presented in Section 3. Finally, some conclusions and limitations of the
study are given in Section 4. 

2. METHOD OF ESTIMATION OF INCREASE IN CONSUMER DEMAND

FROM THE EQUATION OF THE LORENZ CURVE

Unlike many previous studies such as Roy, Chakravarty and Laha (1960),
Iyengar (1960b), and Pendakur (1998, 2001), etc., we start with an equation of the 
Lorenz curve introduced by Kakwani and Podder (1976). Using the equation of this 

57
See Atkinson et al. (1995), Atkinson (1996), and Gottschalk and Smeeding (2000) for further

discussion on income distribution fuff nctions.

CHAPTER 8



ESTIMATING INCREASE IN CONSUMER DEMAND 113

Lorenz curve, we have estimated the increase in consumer demand fd off r various
household consumption items. The procedure is given below.

The equation of the Kakwani-Podder (1976) Lorenz curve is given by

20,0,,)2( ≤≤>−= UUUV γβααUUUU γβ (8.1)

with
2

,
2

QP
V

QP
U

−=+=

where P = P(x) is the proportion of families having total per capita expenditures less
than or equal to x and Q = Q(x) is the proportion of total expenditure made by these
families.

It is noted here that Jain (1975) fitted this fuff nction to about 500 observed ind come
distributions for 70 different countries. It is clear from her study that the density
function underlying this Lorenz equation provides a good fit to a wide range of 
observed ind come distributions foff r diffeff rent countries.58

Inequality of total expenditure is measured by the Gini index. Under the new
coordinate system, the Gini concentration ratio is equal to twice the area between the
egalitarian line and the Lorenz curve.  Thus, the concentration ratio of the above
curve (8.1) is given by
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(8.2)

where B(l+β, 1+ γ)γγγ)γ is the widely used Beta function. 

Now if f(X) is continuous and thd e derivatives of P(x(( )x and Q(x(( )x with respect to x

i .e. dP/dx = f(x)ff and dQ/dx = xf(ff x)/µ exist; where µ is the overall mean of total
expenditure, then using these values in (8.1) we can get the derivative of V with 
respect to U as 

x

x

dV

dU

+
−=

µ
µ

(8.3)

which gives

58
Bell and Richard (1998), Goodman and Web (1995) and Machin (1996) fitted other types of income

distributions to measure income inequalities for Germany and the UK respectively. 
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While again from Equation (8.l) it can be shown that the density function of X is
given by

dx

dU

dU

dV
xf )1(

2

1
)( += (8.5)

Now let Y = φ (X) be any known time invariant Engel function and if V = g(U)
is any known Lorenz equation (a new co-ordinate system) and remains unaltered 
(although undergoing some changes in its parameters), then the expected 
expenditure is given by

dUUg
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−= µ(((φ       (8.6) 

If µ and G are the mean and the Gini index respectively of per capita total

expenditure for the current period and if µ and G change to µ* = (1+δ)µ and G* =

(l-λ)G in the future, where δ and λ are certain fractions of µ and G, then the future
expected expenditure on any particular item could be estimated by possible changes
of mean per capaa ita total expenditure and the Gini index. Thus, due to change of both
per capaa ita mean total expenditure and the Gini index, the future expected
expenditure on any particular item is given by
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where for a given δ

µδµ )δδδ1(* += (8.8)

and from Equation (8.1) we can find dV/dU,UU i.e.

11 )2()2()(' −− −−−= γβγβ γααβ UUαUUUβββββUg (8.9)

which shows that g'(U) is a multiple of α. Further, from Equation (8.2) we can say

that the Gini concentration ratio is also a multiple of α. Therefore, a one per cent 
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change of α means a one per cent change of the Gini index, assuming β and γ will γ
remain unchanged over the projected period.59 Thus for a given λ, if we put

αλα )λλλλ1(* −= (8.10)

in Equation (8.9) we get,

1*1** )2()2()(' −− −−−= γβγβ γαβα UUUUβββββUg

It is noted that g*'(U) is obtained frd om g'(U) just by putting α* in (8.9) instead of

α.

Therefore, the two directional changes of µ and α could estimate the expected
expenditure on a particular item.

Thus, the percentage change in consumer demand for a commodity is given by

)1(100
*

),( −=
E

E
I λ)λλδ (8.11)

As a special case, if λ=0, i.e., if the per capa ita total expenditure distribution
remains unaltered, then for a proportionate change in per capita mean total
expenditure E* becomes
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and hence the increased consumer demand is given by

)1(100
*

1
)0,( −=

E

E
I δ (8.13)

On the other hand if per capita mean total expenditure is stable over time, i.e. if

δ=0 and the per capaa ita total expenditure distribution is at all close to the line of equal
distribution then E* becomes

59
We have empirically verified the effects of β and γ on the Lorenz ratio and found that the effects areγ
negligible for various changes of these parameters. Therefore, it is assumed that any change in the

Gini index is due to change in α.

)
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for a given λ, α* = (1-λ)α, where g*'(U)UU is obtained as previously.  Thus, the
increased consumer demand can be calculated by the following formula

)1(100
*

2
),0( −=

E

E
I λ)λ (8.15)

3.  NUMERICAL ILLUSTRATIONS ON DEMAND PROJECTIONS

 Australian Household Expenditure Survey (HES) 1975-76 data are used to
illustrate the abovea method in thid s section. Data used hd ere are obtained frd om a
special table prepared by the Australian Bureau of Statistics (ABS). Commodity-
wise, weekly arithmetic mean household expenditure, average number of persons
per household and estimated number of households were available for twelve per
capita (gross) income groups for the Australian population, the ranking being in
ascending order of the average weekly per capita income of the households. Per
capita income data are used here, because per capita income data, which include the
basic economies of scale, welfare changes of the households, etc., are necessary for
precise short-term demand projo ections.60

To compute the increased consumer demand for various consumption items, we
assume that the above Lorenz equation (8.1) remains unaltered (even though the
parameters might have changed) over time and can be estimated by the ordinaryr
least squares method after applying the logarithmic transformation. The estimated 
parameters of the above equation (fitted to the per capita income data) are given by

α̂  = 0.2369, β̂ = 0.9561, and γ̂  = 0.8827. Putting these values in Equation (8.9) 

and replacing g'(U) in (8.6) we can estimate E. E* can be obtained from Equation

(8.7) for different values of δ and λ. Simpson’s numerical integration rule is used to
evaluate the integral. 

All the functional forms (i) to (vii) given in Section 2.1 of Chapter 3 are
estimated by the weighted least squares method, taking the estimated sample
proportion of the population in each per capita income class as the weights.61

60
See Footnote 22 for more about these data.

61
In addition to these seven functional forms, we have also used td wo other fuff nctional foff rms: the share

semi-log (SSL) Y/X = α + β log X + γ log S; and share semi-log inverse (SSLI) Y/X =γ α + β log X +

γ /X +γ δ log S to estimate the increased demand for various expenditure items. It should be noted that δδ
Working (1943) first used the SSL Engel function for the USA budget data.  Later Bewley (1982) and 
Giles and Hampmm ton (1985) used this function respectively for the Australian and New Zealand budget 
data analysis.   Leser (1963) generalized the SSL Engel function by adding an inverse term and called
this generalized version of the form as share semi-log inverse (SSLI) function. This SSLI allows the
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Parameters estimated by the weighted least squares method for different functional
forms are used to estimate the percentage change in demand with respect to change
in income and income inequality for 16 commodity groups. We have computed the
percentage change in demand with respect to change in income and income
inequality, for all the items by each functional form separately. Results of change in
demand are only presented for the best functional form of the item as judged by the

distance function, D
2

-criterion, which is given in Equation (3.4) earlier in Chapter 3. 
Table 8.1 presents the percentage increase/decrease in demand fd off r diffeff rent items
due to two dimensional changes, viz., (i)dd percentage increase in per capita total 
expenditure, and (ii) percentage change in Lorenz ratio (a decreased Lorenz ratio
implies increased income equalitytt ).

Table 8.1 shows that the percentage demand for a necessary item (as judged by
the criterion that the elasticity lies between 0 and 1) increases as the percentage of 
the Lorenz ratio decreases. But, fuel and power, and education do not follow this
trend. The percentage demand for these two items decreases as the Lorenz ratio
decreases, although the elasticities of these two items show that these are necessary 
items.62 The reason for this might be that in Australia, if some money is transferred
from the richer group to the poorer group, the latter group of the population
probably spends this money on items other than fuel and power, and education.

On the other hand, the percentage change in demand for luxuryrr goods (as judged
by the criterion that the elasticity is greater than 1) decreases as the Lorenz ratior
falls. However, wine, alcohol and tobacco, and transport and communication are
exceptions. The elasticities of these items show that they are luxury items, however
their percentage change in demand increases as the Lorenz ratio decreases. These
findings directly contradict Iyengar’s results. Iyengar (1960b) used Indian data and 
showed that the percentage demand would rise or fall with the percentage decrease 
of the Lorenz ratio for necessaryrr  and luxury goods respectively. But our results do
not show these trends. This difference might be observed due to the differences of t
the consumption patterns between the developing and developed countries.

The percentage increase/decrease in demand for necessary/luxury goods
simply implies that if the distribution of per capita total expenditure is equalised
among the individuals then people will demand more necessary goods and less
luxury goods. This really means that if the purchasing power of the poor people 
increases by transferring some money from the higher income class to the lowem r
income class via some government instrument, like progressive taxation and transfer
payments, then the poor people spend their money on necessary items. On the other r
hand, because of the government mechanism the purchasing power of the rich 
people will decrease and ultimately they would spend their money on necessary
commodities first and then luxuryrr goods. As a result the demand for
necessaryrr /luxuryrr commodities will increase/decrease due to the reduction of the

simultaneous testing of the constancy of the elasticity demand and marginal outlay for any
commodity.

62 Hansen, Formby and Smith (1996) estimated income elasticity for housing from the concentration 
curve.
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Table 8.1. Percentage increase/decrease in demand (per capita)ded

Percentage change in Lorenz ratio (100β)

Best
fuff nction-
al foff rm*

chosen
by the
D2

criterion

Corres-
ponding
elasticity
of the
best
fuff nction

Commodity
groups

Percentage 
increase in
per capaa ita
expenditure

(100α)

10 5 0 -5 -10 -20

0 -0.653 -0.3176 0 0.3003 0.5836 1.1004

5 -0.0277 0.3077 0.6253 0.9256 1.2089 1.7257   

10 0.5226 0.858 1.1756 1.4759 1.7592 2.276 DSL 0.11

20 1.4238 1.7592 2.0768 2.3771 2.6604 3.1773

(1)
Bread
cakes &
cereals

50 3.0639 3.21 3.5279 3.8282 4.1115 4.6284 

0 5.675 2.7604 0 -2.6097 -5.0718 -9.5639   

5 15.2118 12.2971 9.5367 6.9269 4.4647 -0.0274

10 25.4007 22.486 19.7254 17.1156 14.6533 10.1611 DSL      2.47 

20 47.51 44.5952 41.8345 39.2245 36.7622 32.2696

(2)
Meals in
restaurants
& hotels

50 124.7212 121.806 119.045 116.435 113.972 109.478  

0 -0.3619 -0.176 0 0.1664 0.3234 0.6097 

5 2.3862 2.5721 2.7481 2.9145 3.0714 3.3578  

10 5.0927 5.2785 5.4545 5.6209 5.7779 6.0642 DSL     0.55

20 10.3951 10.5809 10.7569 10.9233 11.0802 11.3665  

(3)
All foodsff

50 25.6077 25.7935 25.9695 26.1358 26.2927 26.5790 

0 -2.9888 -1.4686 0 1.4146 2.7730 5.3114

5 6.0799 7.7768 9.4164 10.9951 12.5114 15.3449   

10 15.6065 17.4901 19.3097 21.0625 22.7456 25.8911 LLI 1.92

20 36.0469 38.3342 40.5438 42.6724 44.7164 48.5369   

(4)
Wine

50 108.695 112.442 116.063 119.551 122.202 129.166  

0 -0.9124 -0.4438 0 0.4195 0.8153 1.5373

5 4.877 5.3455 5.7893 6.2088 6.6046 7.3266

10 10.5614 11.0299 11.4737 11.8932 12.289 13.0109 DSL 1.08

20 21.6516 22.1201 22.5638 22.9833 23.379 24.101   

(5)
All alcohol
& tobacco

50 53.1709 53.6394 54.083 54.5025 54.8981 55.62   

0 2.2394 1.0893 0 -1.0298 -2.0014 -3.774  

5 7.5312 6.381 5.2917 4.2619 3.2903 1.5176

10 13.0802 11.93 10.8407 9.8108 8.8392 7.0665 DSL 1.23

20 24.8616 23.7113 22.6219 21.592 20.6203 18.8475

(6) Current
housing
costs

50 64.4998 63.3494 62.2598 61.2297 60.2578 58.4846
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 (Table 8.1. Continued(T( )ddd)d

0 0.0054 0.0027 0 -0.0027 -0.0053 -0.0107

5 2.207 2.2041 2.2013 2.1985 2.1957 2.1901

10 4.4086 4.4056 4.4027 4.3997 4.3968 4.3909 L 0.46

20 8.8118 8.8086 8.8053 8.8021 8.7989 8.7925   

(7)
Fuel &
power

50 22.0214 22.0174 22.0134 22.0093 22.0053 21.9973    

0 -0.9053 -0.4403 0 0.4163 0.8090 1.5255

5 2.91550 3.3804 3.8208 4.2370 4.6298 5.3462   

10 6.63220 7.0971 7.5374 7.9537 8.3464 9.0629 DSL 0.72

20 13.7891 14.2541 14.6944 15.1107 15.5034 16.220   

(8)
Medical
care &
health
expenses

50 33.5228 33.9877 34.4280 34.8442 35.2369 35.953  

0 -3.8269 -1.8721 0 1.7887 3.493 6.6454  

5 2.4759 4.482 6.4022 8.2358 9.9819 13.209

10 9.6727 10.7263 12.6908 14.566 16.35 19.647      LLI 1.10

20 20.7463 22.8846 24.9281 26.877 28.73 32.195   

(9)
Transport &
Communica-
tion

50 54.5024 56.8352 59.0603 61.178 63.189 66.89

0 0.0143 0.0071 0 -0.007 -0.014 -0.024

5 5.8832 5.8757 5.8682 5.8607 5.8532 5.8383

10 11.7521 11.7442 11.7364 11.729 11.721 11.705        L 1.16

20 23.4899 23.4814 23.4728 23.464 23.456 23.439

(10)
Recreation

50 58.7034 58.6927 58.682 58.671 58.661 58.639

0 2.1526 1.047 0 -0.99 -1.924 -3.628  

5 6.9491 5.8435 4.7965 3.8065 2.8726 1.1686 

10 11.9929 10.8873 9.8402 8.8503 7.9163 6.2123    DSL 1.13

20 22.7373 21.6317 20.5845 19.595 18.661 16.956  

(11)
Books,
newspapers
&
magazines

50 59.0984 57.9926 56.9453 55.955 55.021 53.316   

0 0.0119 0.006 0
-

0.006 -0.012 -0.024

5 4.9272 4.9209 4.9146 4.9084 4.9021 4.8896

10 9.8424 9.8359 9.8293 9.8227 9.8161 9.803        L 0.98

20 19.6729 19.6657 19.6586 19.651 19.644 19.63   

(12)
Education

50 49.1643 49.1554 49.1464 49.138 49.129 49.111
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(Table 8 .1. Continued(( )d

Percentage

increase in

per capa ita

expenditure

100α)α)

      Percentage change in Lorenz ratio (100β)ββββββ Best
function-fffuf

al formff

chosen

by the D2

criterion

CorresCC ps -

onding

elasticitytt

ofo  thf e

best

function

CommoditCC ytt

groupsgg

10 5 0 -5 -10 -20

0 0.0141 0.0070 0 -0.0070 -0.141 -0.028

5 5.8039 5.7965 5.7891 5.7817 5.7743 5.7596

10 11.5937 11.586 11.578 11.571 11.563 11.547        L 1.14

20 23.1733 23.1649 23.156 23.148 23.14 23.123

(13)
All
recreation &
education

50 57.9122 57.9017 57.891 57.881 57.87 57.849

0 -4.3212 -2.1141 0 2.0199 3.9446 7.5044

5 1.6192 3.8505 5.9855 8.0234 9.9635 13.547   

10 7.339 9.5877 11.737 13.787 15.737 19.335       LI 0.94

20 18.1343 20.401 22.564 24.624 26.58 30.182

(14)
Clothing
& footwear

50 45.8601 48.0948 50.219 52.236 54.144 57.644   

0 4.4701 2.1743 0 -2.056 -3.995 -7.533

5 9.4692 7.1734 4.999 2.9434 1.004 -2.534

10 14.982 12.6861 10.512 8.456 6.5166 2.9782    DSL 1.39

20 23.3715 25.0756 22.901 20.845 18.906 15.367 

(15)
Household
equipment &
operation

50 73.1132 70.8169 68.642 66.586 64.646 61.107   

0 0.0152 0.0076 0 -0.008 -0.015 -0.031

5 6.2884 6.2804 6.2724 6.2644 6.2564 6.2404

10 12.5615 12.5532 12.554 12.536 12.528 12.511 L 1.23

20 25.1078 25.0987 25.089 25.068 25.071 25.053   

(16)
Miscellane-
ous goods &
services

50 62.7467 62.7353 62.724 62.711 62.709 62.678   

* Symbols of the functional forms are defined in Section 2.1 of Chapter 3. 

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied
by the ABS.
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income inequality.  Recently Barrett, Crossley and Worswick (1999a, 1999b)
studied the effect of income inequality in Australia and observed similar
phenomenon.63

In another direction the percentage increase in demand is effectively increased
due to increase in per capita total expenditure. One interesting point is that the
percentage increase in demand for a commodity due to a change in per capita total
expenditure is directly linked with its elasticity. For example, the elasticity of bread, 
cakes and cereals is 0.11 and its demand rises only 3.53% for a 50% rise of per
capita total expenditure. But for high elasticity commodities like meals in restaurants
and hotels whose elasticity is 2.47, the demand rises as much as l19.04% for only
50% rise in per capita total expenditure. This shows that higher elasticity indicates
higher demand and lower elasticitytt indicates lower demand due to the change of per
capita total expenditure.

Another point to observe is that the percentage demand of bread, cakes and 
cereals does not equi-proportionally decrease with the percentage increase of 
income, but it decreases at a lesser rate, which is desirable from an Engel curve
analysis for a necessary food item. Unlike this, the percentage demand of meals in
restaurants and hotels increases more rapidly than the percentage increase in income.
Results of all other items can be interpreted in a similar manner.

Thus, Table 8.1 shows that for one per cent increase in total expenditure, the
demand for luxuryrr and necessaryr goods will increase more or less than one per cent 
respectively. These findings corroborate with the general demand theoryrr .

Further interpretation of Table 8.1 is quite straightforward. For example, if the
per capita total expenditure increases by 20 per cent and the Lorenz ratio decreases
by l0 per cent, then the per car paa ita increases in demand for meals in restaurants and
hotels, all food, wine, current housing costs, household equipment and operation,
medical care and health expenses, transport and communication, and books, 
newspapers and magazines, are 36.76, 11.08, 44.72, 20.62, 18.91, 15.50, 28.73 and 
18.66 per cent respectively.

However, if one does not consider the effff ect of change in the Lorenz ratio thenfef
the percentage increase in demand is fully accounted for by the percentage change in
total expenditure. In that case the per capa ita increase in demand for the above items
would be 41.83, 10.76, 40.54, 22.62, 22.90, 14.69, 24.93 and 20.58 per cent
respectively. In general this investigation shows that the per capita increase in
demand for necessary and luxury goods would be underestimated and d overestimated
respectively, if the change of income distribution is not considered.

For a fixed rise in per capita total expenditure, the demand for necessary goods 
does not vary substantially in comparison to the variation in demand for luxury
goods due to a change in the Lorenz ratio. For example, suppose there is a 10% 
increase in per capita total expenditure then the percentage increase in demand for
all foods would be 6.06 for a 20 per cent decrease in the Lorenz ratio as opposed to
5.45 per cent demand without any reduction of the Lorenz ratio. On the other hand,f

63
The effects of income inequality on consumption were also studied by Blundell and Preston (1998) and

Pendakur (2001) for other developed countries.
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the corresponding figures for meals in restaurants and hotels are l0.l6 and 19.73 
respectively.

On the whole, the increase in demand for future consumption of the various
Australian household expenditure items depends mainly on the rise of the per capita
total expenditure rather than a reduction in the Lorenz ratio. This suggests that 
income is fairly equally distributed among the individuals in Australia.

3. CONCLUSIONS AND LIMITATIONS

The invariance assumption on the Lorenz equation is used to estimate the 
increase in consumer demand. Our result satisfies the theoretical aspects as well as a

priori beliefs that demand will increase (decrease) for necessary (luxury) goods due
to a decrease in the Lorenz ratio. The method proposed here for estimating the
increase in consumer demand gives a better understanding for future consumption
patterns in Australia.64

Due to the unavailability of data, we are not able to predict the aggregate 
increase in consumer demand fd off r the nation as a whole. The idea could easily be
extended to estimate the aggregate increase in consumer demand. If we multiply the
right hand side of Equation (8.1l) by the factor D* = D (1+r(( )r then the aggregate
increase in consumer demand would be estimated for the whole nation; where D and
D* are the demand in the base year and target year respectively, r is the rate of
growth of population after adjd usting the specific and overall consumer scales. Note
that, in that case r should also be changed along with the mean per capita total 

expenditure and the parameter α. It is interesting to mention here that because of the
structure of the population, the rate of growth of the young adults group is about 0.3
per cent per annum. However, the net reproduction rate is less than unity in cross 
sectional analysis. Hence, our estimates might be taken as the aggregate percentage
increase in consumer demand with respect to change in income and incomet
inequality for the Australian economy if we multiply the obtained results by the basemm
year aggregate demand. 

These results are especially helpful for production policy decisions. This is the
first study of its nature in Australia. Finally, it should be pointed out that the Engel
functions we have used to compute increased demand were based on a simple
relationship between the per capita expenditure on a particular commodity and the
per capita total expenditure. Family size and other sociological, demographic and 
cultural factors have been omitted from the specification of the Engel functions. At 
this stage it is not possible to cover all those factors, which together may have
substantial influence on consumption spending. Generalisation of our method to 

64
Clark and Oswald (1996), Blundell and Preston (1995), Clark and Taylor (1999), DSS [Department of

Social Security]  (2000), Goodman, Johnson and Webb (1997) and Johnson (1996) have also provided 
a better understanding about income, consumption and patterns of living standards for other countries.
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include all these variables in the specification of the functional form is possible and 
is left for further investigation. A more comprehensive study may be carried out 
using expenditure data on individual commodities.
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CHAPTER 9 

FOOD DEMAND ANALYSIS IN AUSTRALIA 

In this chapter, readers will get a clear picture ofo  the expenditure patterns of fo

seven widely used broad types of food items, using the 1975-76 Australian HES fofofof

data. Percentadd ge expenditures ofo  thesef food items with respect to total expenditureff
are provided for various household compositions, income levels and ethnicity. It is 

seen that sole parent households consistently spend less on food compared to 

married couple households. More importantly, it is seen that the smaller the
household size, the better the living standard in Australia. Higher quintile 

households spend more than one third of their total food expenditure on ‘meals in

restaurants and hotels’, while expenditures on ‘fruits and vegetables’ have beenee
reduced drasticallyll in recent years, which has tremendous impact on health forff

Australian people. Total expenditure elasticities are calculated for variousff foodff
items based on several Engel functions and it turns out that ‘t meals‘ in restaurants

and hotels’ is a luxury item in Australia. Estimation of elasticity indices of various 

food items are also presented, and it is shown how each food items is contributing to
make the elasticity index for ‘all food’ item. Additionally, the percentage change in 

demand due to changes in total expenditudd re and total expenditure inequalities for 

various food items are provided, which are useful for future production planning.ff

1. INTRODUCTION

Overall expenditure patterns of some broad expenditure items are provided in
previous chapters. The present chapter is entirely devoted to analyse food
expenditure patterns of the households in Australia.  Food is veryrr important, not 
only because a minimum quantity is absolutely needed for everyone’s survival, but 
also because it is the largest single expenditure item in the Australian family 
budgets. The percentage expenditure of food can also be regarded as a measure of 
the standard of living for various families. The lower the percentage of expenditure
on food, the better the living standard, since food is regarded as a necessary
household expenditure item. Hence, there is demand for a comprehensive study into
the variation of expenditure on various tytt pyy es of food in different income groups for
diffeff rent household compositions. However the scope for an intensive investir gation
into any single category of expenditure item, for different surveys, is severely
limited. This is because the components of the broad category of food items varyf
vastly from survey to survey. The income groupings used to report the expenditure
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data for classifying households, also differ in various surveys. That is why various
data sets from different surveys are used for the analysis in this chapter.  

Here, we have extended our food demand analyses in two main directions. First, 
total food expenditure is disaggregated into several food items, which is also limited
by the availability of detailed information. Second, the present chapter examines the 
possible differences of food consumption patterns among various socio-economic
and demographic characteristics.  

The present chapter is organized as follows. A brief description of expenditures
for various food items of different socio-economic and demographic characteristics 
is given in Section 2. The patterns of food expenditure for various household f
compositions, income levels and ethnicity are provided in Section 3. Section 4 isy
mainly concerned with the estimation of income elasticities foff r various foodff itd ems of
different socio-economic and demographic characteristics, while estimation of
elasticity indices for various food items are presented in Section 5. The effects of 
demand of various foodff itd ems due to an increase in total expenditure and reduction
of total expenditure inequality are presented in Section 6. Finally, limitations and 
some concluding remarks about the Australian food demand analyses are provided
in the final section.

2. FOOD EXPENDITURES BY VARIOUS SOCIO-ECONOMIC AND

DEMOGRAPHIC CHARACTERISTICS

An important feature of food consumption is the limitations of people’s capacity
to consume it, and hence a little variation is expected to be observed in terms of
volume of food consumption. Yet, real expenditure of per head food expenditure
increases with the growing economic prosperity in Australia.  In this study, we
explore how the nature and composition of foods are affected due to improved 
economic prosperity. We have seen from our past experience that when people get r
more money to spend, they usually buy more food on a per capita basis, even though
they don’t consume it all, probably because of psychological satisfaction. But, the 
most important variation is possibly coming from the use of quality and composition
of foods as well as getting better food services. The composition of food can be 
changed due to substitution of one item by another better quality item when people
get more money. The Australian HESs do not provide information on food quality
and services, and hence our analyses are mainly based on money expenditures made
by various households for different food items, which encompasses quantity, quality
and services.

Inter-household expenditure on food varies due to a number of factorsdd , such as
household composition, income and many others. In measuring the differences of tht
expenditures on foods among households, investigators generally estimate income
elasticity from the Engel function, where household expenditure of food is mainly
determined by household total expenditure and family size. But, there are other
important socio-economic and demographic characteristics, which also can explain
substantial differences in food expenditures among household. A detailed study of 
the effect of household compmm osition on the expenditures of food items is provided in 
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this chapter. Also, expenditure patterns of food for sole parent and married couplef
households differ significantly, because of economic vulnerability [see Cass (1986),
Raymond (1987), Haque (1996), and Birrell and Rapson (1997)] of the sole parent 
households. Therefore, it is of great interest to see the food expenditure habits of 
sole parent households, who are economically most vulnerable as well as
homogeneous. Their food expenditure is then compared with married couple
households. Estimated total expenditure elasticities of various foodff  itd ems forff
different sole parent and married coupuu le households will be compmm ared to see whether
there is any significant difference among them.   

It is a common practice to classify households on the basis of the level of 
household ind come. This makes us to examine whether lower income households
have a different dietaryrr  habit than higher income households. Alsor , we want to
investigate whether the estimated income elasticitytt for lower income households
differs from that of higher income households. More importantly, Australia is a
multicultural society and its population ismm composed of migrants from different 
countries around the world. Australian migrants are mostly European, yet they differ
sociologically and culturally. There are also migrants from Asia and Africa, who
also differ socially, religiously and culturally. It is thus anticipated that migrants’
food expenditure habits and patterns differ among themselves as well as from
Australian-born population. For example, Muslims are not allowed to drink any
alcohol and/or eat pork. It is thus interesting to see how expenditures on various
food items differ among migrant groups.  A comprehensive study of differences in
food expenditures among various ethnic groups is also provided in this studydd .

3. PATTERNS OF FOOD EXPENDITURES CLASSIFIED BY VARIOUS

HOUSEHOLD COMPOSITIONS, INCOME LEVELS AND ETHNICITY

Table 9.1 presents the percentage expenditure of each household commodity
with respect to total expenditure for different years at different major cities in 
Australia. This table clearly shows that Australian households spend the highestt
amount of money on food at different cities in various years.  It is also interesting to 
note that as time passes, the percentage of expenditure on food has dropped since 
1974-75, while luxury items such as current housing costs, transport and 
communication, and recreation have increased significantly over time. This is
consistent with a rising standard of living over the study period 1974-75 to 1998-99.
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Table 9.2.  Per capita expenditures on food itemff for sole parent and married coupleff

households with children based on the 1988 to 1989 HESEE DataS

Source: The 1988-1989 Australian HES Unit Record Tape Supplied by the ABS.

Inter-city differences are again insignificant except for Canberra. Observations
on Canberra, when compared with other cities tend to verifyff Engel’s law.

Per capita expenditure on food of sole parent and married couple households
with children are presented in Table 9.2. This table shows that on a per capa ita basis,
sole parent households consistently spend less money on food than married couple
households. More importantly, this table shows that per capita expenditure on food
decreases as the number of people increases in both sole parent and married couple
households. This may happen due to economies of scale in food purchasing and/or
preparation.

The expenditure patterns of foods of various household compositions in diffeff rent
quintile groups are presented in Table 9.3. It is of considerable interest to know thet
expenditure patterns of various household comd pmm ositions, because it is the most 
impmm ortant determinant of household expenditure other than income. It also helps to
identify a class of households who need financial assistance to maintain a minimum
level of living standard.

First, Table 9.3 shows that the percentage of total expenditure on food decreases
as the income of the household increases, which is consistent with Engel’s law. This 
is true for all types of household compositions. Observations for six or more person
households indicate that these tytt pe of households maintain a lower level of living
standard compared to smaller family sizes based on the food share criterion, which
states that the smaller the food share the better the living standards. On the basis of
this foodff share criterion it can be concluded frd om this taba le that the smaller the
family size the better the living standard in Australia. However, a different picture
emerges when the expenditure for diffeff rent household compositions within an
income quintile group is examined. For example, percentage expenditure on food atmppm
the lowest quintile for married couple households was 24.04%, compared to 20.47%
for married couple with one dependent child households. Moreover, single parent 
with 2 or more dependent children, and married couple with 3 or more dependent 
children households spend a higher percentage of total expenditure on food 
compared to other family compositions. Additionally, households of the lowest 
income quintiles of the latter two types spend 27.06% and 26.93% respectively on
food, which is significantly higher compared to oty her household compositionsth
within the same income quintile group, showing that these types of households tend
to verify Engel’s law when compared with other households.

Types of householdsTT

Number of children Sole parent Married coupu le

One dependent child 32.2 34.80

Two dependent children 26.14 29.81

Three or more dependent children 20.29 24.87
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Table 9.3. PercentaTT ge ofo  total exf px enditure on food bff yb household income

quintile groups and compositions in Australia: 1988-1989*

Household compositiopns                               Gross income quintiles 

Lowest

quintile

SecondSS

quintile

ThiTT rd

quintile

FouFF rth

quintile

HighesHH t

quintile

All

house-
holds

Single person             23.83    22.10  16.30   15.41  15.40   17.37
Two persons             23.25    23.04  18.76   16.71  15.23   18.30
Three persons             21.71    20.61  19.79   17.87  16.31   18.71 
Four persons            23.31 20.12 20.71 18.34 17.18 19.34
Five persons             24.59   22.14  22.77   18.70  18.15   20.40
Six or more persons            29.05   26.42  21.14   21.31  20.76   22.88
Single parent household 
with one dependent child          17.38     24.02     24.03     19.19    14.90     18.93 
Single parent household with
2+ dependent children           27.06     22.27        22.75     20.82    19.01     21.66
Single parent household 
with dependent child           22.34     22.93       23.60     19.76    17.39     20.50
Married coupuu le household
with 1 dependent child            20.47   18.82      19.33    18.07   15.11    17.81
Married couple household 
with 2 dependent children         23.63       20.34    19.88   20.16   16.52    19.52 
Married couple household 
with 3+ dependent children       26.93       22.35    22.46   19.40  17.69   21.04
Married couple with 
dependent children          23.51       20.87    20.52   19.14   16.61   19.55 
Married couple households 
: husband and wife only       24.04       22.79   19.69        17.02   14.89   18.55

All households 22.18 21.47 19.67 18.83 17.05 19.06

(19.84) (20.28) (18.93) (18.06) (17.20) (18.44)
   [19.59]       [20.16]     [18.85]          [18.06]    [16.64]     [18.17]

*  1993-1994 results for all households are given in parentheses; 1998-1999 results for all 
households are given in brackets [ ].

Source: The 1988-1989 Australian HES Unit Record Tape Supplied by the ABS; and the
Australian 1993-1994 to 1998-1999 HESs.

However, observations for single parent with one-child households contradict
Engel’s law, because the percentage expenditures on foodff do not decrease as income
increases for the next three income quantities. Moreover, it shows from Table 9.3 
that this type of households, which belong to the lowest and highest income quintiles 
maintain a veryrr high standard of living compared to other household tyt pes, which isy
not true. This is because we have observed that these types of households spent

CHAPTER 9



 133

more money on housing than food, and, as a result, the percentage of expenditure on 
food dropped. It is also noted from Table 9.3 that household living standards vary
widely from one income class to another income class. In fact, overall, households
belonging to the highest income quintiles maintain more than 30% higher level of
living standards than the households of the lowest income quintiles. Most f
importantly, we notice that the maximum disparityt (61.45%) in the standard of
living occurs between the highest and lowest gross income quintile households for
married couple only (i.e., husband and wife only). The corresponding figures for
married couple with 3 or more children, and single parent with 2 or more children
households were 52.23% and 42.35% respectively. This shows that households of 
married couple with 3 or more children, single parent with 2 or more children, and 
married couple only, who belong to the lowest income quintile group, should be
given priority for any further financial assistance in terms of improving living
standards in Australia.
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Seven types of food expenditures are presented in Table 9.4. These are
considered in this analysis in order to explore what percentage of expenditures (total
expenditure as well as food expenditure) are spent on different food items by various 
households in different quintile income groups in different years. It is noted that thd e
expenditures of these seven food components should add up to total food mm
expenditure for all income quintile groups.

It is seen that the largest percentage of food expenditure is made up with ‘meals 
out and take-away food’, although it seems a luxury item (percentage expenditure 
increases with the increase of income) for Australian households. In 1993-94 the
households belonging to the highest gross income quintile spent about 35% of their
total food expenditure on this item, as against about 18% of the lowest gross income 
quintile households.  Similarly, non-alcohol beverages can also be classified ad s a
luxury good for Australian households. In 1988-89, the highest income quintile 
households spent about 8% of the total food expenditure on this item, compared to
only 5% of their lowest counterparts. The rest of the other food items can be
considered as necessary goods, although households with lower incomes spend a
higher proportion of expenditure on food compmm ared to the higher income families. 
‘Meat and seafood’ is the second largest expenditure item among the food items,
where the lowest income quintile households spend about 23.09% of their total food 
expenditure, compared to 17.27% by the highest income quintile households. This
shows that households belonging to higher income groups enjoy better quality of 
food, including marketing services, compared to the lower income households.
“Miscellaneous food” which comprises with sugar, honey, jam, potato-chips, savory, 
chocolate, ice and other confectioneries; is considered to be evenly distributed
across all Australian households.

It is found from Table 9.4 that most Australian households spend a higher
percentage of expenditures on ‘meals out and take away food’ over time. This
implies that there is a growing tendency for Australian households including lower
quintile income groups to use more and more ‘fast and take away food’ over time. 
The lowest quintile income households spend 17.04% of total food expenditure on
‘meals-out and take away’ in 1998-99 compared to 14.82% in 1988-89. Similaraa
patterns are observed for all income quintile groups. More importantly, households
of the highest quintile income group spend more than one third of their total foodff
expenditure on ‘meals-out and take away’ food compared to only 17% in the lowest 
quintile income group in 1998-99.

Another important observation is that expenditure on ‘fruits and vegetables’ has 
drastically reduced in 1998-99 compared to 1988-89 across all households. Also,
expenditures on ‘miscellaneous goods and services’ as well as ‘fast foodff ’ have
increased significantly over this period of time for all quintile income groups. This 
can be interpreted as an indication that Australian households are giving up eatingt
healthy foods such as fresh fruits and vegetables, and tending to consume more and
more unhealthy foods such as ‘miscellaneous foods, and fast foods’, which might
have long term bad effects on the health of the Australian people.

Per capita expenditures of various food items for different ethnic and age groups
are shown in Tables 9.5. It reveals from this table that migrants from Non English
Speaking Countries (NESC) usually spend more money for ‘all foods’ than the 
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Australian born or the migrants from English Speaking Countries (ESC) at an old 
age. The expenditures on cereals, fresh fruits and nuts, and vegetables are generally
higher for the NESC of Asian and African migrants compared to other groups.
However, NESC of both Asia and Africa and Europe spend more money on meat
and fish when they become old compared to their younger age (under 65 years). At 
an older age (over 65 years) all groups spend approximately 22% of their total food 
expenditure on meat and fish. This implies that at an older age, migrants from NESC
spend more on meat and fish than their traditional expenditure behaviour in their
home countries. The expenditures on dairy products and fats, tea, sweets, coffee and 
food drinks, and other non-alcohol beverages are higher for migrants from NESC of 
Europe than other groups. Expenditure patterns of various food items are very
similar for the Australian born and the ESC migrants, although the ESC migrants
spend slightly more on sweets, tea and coffee and dairy products than Australian
born people.

It is appropriate to mention here that expenditure is not necessarily a proxy for
actual consumption, yet it is noted from Young (1986) that with a few minor
exceptions, the mortality levels between Australian born and migrants from ESC are 
similar, and their consumption patterns are also similar. It is thus expected that some
informed suggestions regarding health outcomes are possible from this study if
higher expenditure indicates higher consumption, i.e., expenditure is one of a mix of 
variables that is salient in health status, which are discussed below.

3.1 Protective EffE ects off fo Plant Foods f

Nutritional epidemiology suggests that populations with lower mortality report 
higher expenditure on cereals, vegetables and fresh fruits and nuts. This analysis
indicates that expenditure is generally higher for migrant households from NESCy
than Australian born and migrants from ESC, which might be the reason for lower
mortality levels for the migrants from Asia and Africa, and NESC of Europe [see
Young (1986)].

3.2 Expenditure on Dairyr  Products and Fats

Expenditure on dairy products and fats is substantially higher in migrant
households of European NESCs. This might affect their health with saturated fat 
related diseases such as heart disease.

3.3 Expenditure on Meat and Fish

 Expenditure on meat and fish is generally high for migrants of NESC 
households. This is contrary to the popular belief that lower mortality is associated
with lower expenditure on meat and fish. On the other hand, such expenditure is
below average for the ESC group with the exception of females aged more than 65
years, whose mortality levels are similar to those born in Australian. Meat 
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consumption has significantly risen among migrant households of Asian and 
European NESCs, the maja ority of who came from low meat consuming cultures. 
This might ultimately lead them to attain the higher levels of mortality of Australian
born people in the long run.

These findings should be treated with caution, as expenditure data cannot be
used directly for the measurement of health. Although, expenditure can be taken as a
proxy for quantity consumed that might affect health. This is true particularly for
some directly health-related consumption items, such as eggs, beer and tobacco,
where there is little variation in unit price and waste. Moreover, there is a very high 
positive correlation between household expenditure and consumption. There are still
many drawbacks in expenditure data because of the exclusion of home-made frurr its
and vegetables, which may underestimate the consumption practice of some migrant
groups (particularly among households of European NESCs) compared to others.
Besides many problems with the expenditure data, it is expected that the above
suggestions regarding health outcomes are useful in explaining different levels of 
mortality and disease patterns for various ethnic groups living in Australia. 

4. ESTIMATION OF TOTAL EXPENDITURE ELASTICITY FOR VARIOUS

FOOD ITEMS

The analysis of food expenditure given above is important and useful, but nota
rigorous. In this section, we will estimate total expenditure elasticities for various 
food expenditure items based on the ‘best’ fuff nctional foff rm chosen from various
alternatives. Like Chapter 3, here we also discriminate among various functional
foff rms on the basis of the distance fuff nction D2-criterion and thd e non-nested
hypothesis testiny g procedure to choose the best functional form, and then we
estimate total expenditure elasticities for diffeff rent foodff  itd ems based on this ‘best’
Engel function. Additionally, we also estimate total expenditure elasticities of
various food items by the new method described in Chapter 7, which is based on
concentration curves foff r various foodff itd ems at diffeff rent income levels.

First, we choose a best functional form among seven different functional forms
described in Section 2.1 of Chapter 3, based on the D2-criterion, which are presented 
in Table 9.6. This table clearly shows that no single Engel function is appropriate for
various food items. It turns out that the double semi-log (DSL) function fits best for
four out of eight food items as well as for all foods, The linear (L) and log log-
inverse (LLI) each fits for two items. Thus, it can be concluded that the DSL is the 
best functional form for most of the Australian food expenditure items on the
grounds of goodness of fit. This function also has the advantage that it automatically
satisfies the adding up criterion. More importantly, it is observed that the doublemm
semi-log (DSL), log log-inverse (LLI) and double log (DL) Engel functions are
consistently accepted against each other and the rest of the other fuff nctions foff r all
food items when the non-nested hypothesis testing procedure based on the
Mackinnon, White and Davidson PE-test was performed (see Chapter 3 for more
details about this test).
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We have estimated the total expenditure elasticities for all seven functions.
However, we only present the elasticities for the DSL, LLI and DL functions, since
these functions dominated the other functions on the basis of the specification tests 
and goodness of fit criteria as indicated above. The estimated total expenditure
elasticities, together with their standard errors, as well as the percentages of
expenditures of various food items with respect to total expenditure, are presented in
Table 9.7. This table clearly indicates that Australian households spend the highestt
percentage of total expenditure on ‘other food’, which encompasses ‘take away
foods’. This food item turns out to be a luxury item in Australia on the grounds that 
its total expenditure elasticity is greater than 1, which is consistently observed by all
three Engel functions as well as on the basis of the best Engel function among seven
alternatives.  While, the elasticity of bread is consistently negative for all three 
functions and it turns out to be an inferior good in Australia. ‘dairy products, oils
and fats’ becomes an inferior good when elasticity is estimated based on the LLI 
functional form, but it becomes a necessary item based on the DSL and DL 
fuff nctions. All other foodff itd ems become necessary items on the grounds that their
elasticities lie between 0 and 1.

TableTT 9.7. EstimatedEE total expenditure elasticities at mean values ol fo  X and S ff for theff

Australian 1974 to 1975 HES data*.

* Figures in parentheses denote the approximate standard errors of the estimated elasticities
[See Cramer (1946) for the estimation of standard errors].

Source: The Australian 1974-1975 HES data based on 120 observations supplied by the ABS.

Elasticity estimated by different functions

DSLSS DLDD LLI

Best form bff yb

D2-criterion

Percentage of food 

share expx enditure

with resps ect to total

expx enditure

(1) Bread -0.1100
(0.0410)

 -0.1200
(0.0292)

-0.1400
(0.0675)

 -0.1400 (LLI)
(0.0675)

1.01

(2) Flour, cakes
biscuits &
other cereals

0.1400
(0.0992)

0.1300
(0.0330)

0.1000
(0.0745)

0.1400 (DSL)
(0.0992) 1.25

(3) Meat 0.3200
(0.1686)

0.3200
(0.0405)

0.2900
(0.0938)

0.3200 (DSL)
(0.1686)

       0.39 

(4) Fish 0.5200
(0.3502)

0.5000
(0.0678)

0.4700
(0.1624)

0.4300 (L)
(0.0624)

4.64

(5) Dairyr
products,
oils & fats

0.0100
(0.0246)

0.0100
(0.0238)

-0.0100
(0.0551)

-0.0100 (LLI)
(0.0551) 2.98

(6) Fruit 0.3900
(0.1608)

0.3900
(0.0350)

0.3700
(0.0799)

0.3900   (DSL)
(0.1608)

1.45

(7) Vegetables 0.2900 
(0.1456)

0.2800
(0.0364)

0.2600
(0.0863)

0.2900   (DSL)
(0.1456)

1.55

(8) Other Food 1.3400 
(1.8700)

1.2000
(0.0563)

1.2300
(0.1352)

1.4100 (L)
(0.1569)

   7.38

(9) All Food 0.5500
(0.0947)

0.5400
(0.0216)

0.5400
(0.0527)

0.5500   (DSL)
(0.0947)

  20.64
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As indicated earlier in Chapter 4, the use of grouped arithmetic means would 
introduce biases when the Atkin’s GLS method is used to estimate Engel elasticities
for various non-linear Engel functions such as DL or SL. We have estimated the
within group geometric/harmonic means for the logarithmetic/inverse relationships
as discussed in Chapter 4 and estimated unbiased Engel elasticities for various non-d
linear Engel functions. Further, in Chapter 3, we have shown that due to the
simultaneity of the model, the traditional GLS method produces inconsistent 
estimates of the Engel elasticities. We have used the instrumental variable approach
as described in Chapter 3 to obtain consistent estimates of Engel elasticities for
various foodff itd ems. These unbiased and d consistent elasticities along with the
elasticity estimates based on the traditional GLS method are presented in Table 9.8. 
This table clearly shows that there are discrepancies in elasticitytt estimates based on
the traditional GLS method with those obtained from the unbiased and consistent m
estimates. The diffeff rences of elasticities of various food items vary from commodityf
to commodity and from function to function. Most notably, it is observed that the
hyperbolic function produces the lowest elasticity estimates based on all methods.
This analysis again reconfirms that ‘Meals in restaurants and hd otels’ and ‘d snacks and
take-away food’ are luxury food items in Australia. All other food items are
considered to be necessary items.          
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We also estimate total expenditure elasticities for various food items by the new 
method of estimating Engel elasticities based on the concentration curves described
in Chapter 7. Elasticity estimates based on this new method for different food items
at different income levels are presented in Table 9.9. This table also shows that  ‘all
food’ decreases as the level of income increases, which is quite expected for food.
‘Meals in restaurants and hotels’ turns out to be a luxuryr  item at all income levels in
Australia. However, ‘snacks and take away foods’ is considered to be a luxury item
for those households whose per capa ita income is A$70 or less per week, but it 
becomes necessary item for those households whose per capa ita income exceeds
A$70 per week. All other food items seem necessary on the basis that their m
elasticities are less than 1 and elasticities foff r all these food items are decreasing withr
the increasing level of incomes, which is quite expected for any food items.  More
importantly, it was found that the elasticities foff r almost all foodff  itd ems remain the
same for those households whose per capita incomes are more than A$280 per week.
This is quite encouraging since the level of saturation must be reached by all of food f
items.

At this point, we want to estimate total expenditure elasticity for various sole 
parent and married couple households to examine their living conditions. For that 
reason, the following seven different functional foff rms have been tried td o find thd e
best functional form among various Engel curves, which are listed below.

(i)    Linear     : Yij = αi + βi XjXXjj + εij

(ii) Double semi-log  : Yij = αi + βi XjXXjj + γiγγiiγ  logXjXXj + εij

(iii) Share inverse   : Wij = αi + βi /XjX + εij

(iv) Working-Leser  :    Wij = αi + βi logXjX + εij

~
(v) Addilog     : Log[ Wij / WjWWj] = αi + β + βi log XjXXj + εij

~
(vi) Log share linear  : log[Wij / WjWWj] = αi + βi XjXXjj + εij

~
(vii) Log share inverse: log[Wij / WjWWj] = αi + βi / XjXXj + εij

~

where Wij = Yij / XjXXjj, log WjWWj =  log Wij / K, K > 0; Yij is the expenditure on the ith

commodity for the jth household, and XjXXj is the total expenditure of the jth household.
These fuff nctional foff rms can all be derived from more general expenditure systems,d
which can satisfy the adding-up criterion.

The GLS method is used to estimate each of the above Engel functions to
estimate elasticity for various food items of different sole parent and married couple 
households. All the above fuff nctions were fitted to the 1988-89 HES data, and a best
functional form among these alternatives was chosen on the basis of the distance
function, D2-criterion and the non-nested hypothesis testiny g procedures, which are
described in Chapter 3. On the basis of these criteria the double semi-log (DSL)
Engel function turns out to be the best functional form again for the 1988/89 
Australian HES data.

FOOD DEMAND ANALYSIS IN AUSTRALIA 
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Total expenditure elasticity of ‘all foods’ foff r diffeff rent household composition is
estimated based on the seven Engel functions given above. However, we only
present expenditure elasticity for the DSL Engel function, since this function
dominates the other functions on the basis of specification tests and the goodness of
fit criterion as indicated in Chapter 3. The calculated expenditure elasticities,
together with the estimates of their standard errors and thd e numbem r of households on
which these estimates are based are presented in Table 9.10. This table clearly
shows that total expenditure elasticity increases with the increase of number of
children for both sole parent and married coupuu le households. For exampmm le, total
expenditure elasticity for married couple households with one child is 0.52
compared to 0.58 for those who have three or more children. More importantly, this
table shows that total expenditure elasticities are consistently higher for sole parents
than for married couple households with children. For example, total expenditure
elasticity for sole parent with three or more children is 0.65 compared to 0.58 for
married coupu le households with three or more children. This indicates that sole
parent households with three or more children would spend 65 cents more for food if 
their income increases by one more dollar compared to 58 cents by married couple
households with three or more children. Thus, this study shows that sole parent 
households with 3 or more children spend approximately two thirds of their incomesappa
on food, if additional monies are made available to these households. This implies 
that both sole parent and married couple households with three or more children 
need finand cial assistance to improve their economic conditions.mppm

Elasticities of ‘all foodff ’ foff r more detailed household compositions are further
estimated at thd e mean and md edian values from the new method based on the
concentration curve given in Equation (7.12) of Chapter 7, using the 1974-75 HES

Table 9.10. Total expenditure elasticitTT ytt for all ff foodsff for various household ff

compositions at mean values: 1988 to 1989 HES Data*

*  Standard errors of estimated total expenditure elasticities are presented in parenthes, and figures in
brackets [ ] represent the number of households on which these calculations are based.

Source: The 1988-1989 Australian Household Expenditure Survey Unit Record Tape supplied by the

ABS.

Household comHH pm ositions

Married couMM pu les with children Sole parents with children

With 1 child 0.52 (0.14)    [574] 0.60  (0.15)    [226]

With 2 children 0.53 (0.15) [998] 0.63 (0.12) [145]

With 3 or more children 0.58 (0.12) [609] 0.65  (0.12) [67]
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Table 9.11: Total expenditure elasticity for all foods for various householdy

             compositions at mean values: 1974 to 1975 HES data*

*  Elasticities based on median values are presented in parentheses. 

Source: The Australian 1974 to 1975 HES data based on 120 observations supplied by the

ABS.

data and are presented in Table 9.11. This table clearly indicates that households
with children maintain very poor living standards in Australia. They seem to spend 
about two thirds if additional incomes are made available to these households, which
is quite consistent to our earlier findings stated above. We thus recommend that in
order to improve living standards, the government should provide further financial
assistance to those families who have children.  Recognizing this fact very recently 
(June 2004) the Australian federal governrr ment provides A$600 for each child for
those families who have children, which surely helps them to improve their living
standards.

5. ESTIMATION OF ELASTICITY INDEX FOR FOOD ITEMS

Mahalanobis (1960) first used the concentration curves to describe and compmm are
the consumpmm tion patterns at different levels of total expenditure in different regions
of India.  Later, Kakwani (1980b) showed that the concentration curve lies above or

below the Lorenz curve according to whether the elasticity ηi (x) is less or greater

than unity for all x ≥ 0, ηi (x) being the elasticity for the ith commodity.65 Again it 
follows from Equation (7.5) of Chapter 7 that the larger the absolute difference        

ηi (x) – 1 for all per capaa ita total expenditure x ≥ 0, the greater the area between
the concentration curve of the ith commodity and the Lorenz curve for x. Hence, the
area between the two curves can be taken as a measure of elasticity or inelasticity for
the commodity. Therefore, the elasticity index of the ith commodity is defined by 

Iei = Ci – G                                         (9.1)

65
See Corollary 2 in Kakwani (1977a).  The position of the concentration curve of a commodity indicatesf

whether the commodity is a luxury, necessary or inferior item.

Household compositions Total expenditure food HH

elasticitytt

Head only 0.4655  (0.4359)

Two adults no children 0.4462 (0.4446)

Three or more adults no children 0.6177 (0.5818)

Head with children 0.7174  (0.7819)

Two adults with one child 0.6182 (0.6042)

Two adults two children 0.6163 (0.5705)

Two adults & three or more children 0.4270 (0.3963)

Three or more adults with children 0.6944 (0.6604)

Total of all households 0.5892 (0.5686)

FOOD DEMAND ANALYSIS IN AUSTRALIA 
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where Ci and G are the concentration index of the ith commodity and the Gini index

of the per capita total expenditure (income) respectively. In fact, Iei represents twice
the area between the two curves.  The ith commodity is elastic or inelastic according
to whether it is strictly positive or negative.

The magnitude of Iei indicates how much the elasticity of the ith commodity
deviates from unity over the whole income range. Hence, this measure is only used 
for comparative purposes. The advantage of this index is that it can be computed 
from grouped data without specifying any particular Engel function.

Further, if expenditure on any broad commodity group, say ‘all food’, is
expressed as the sum of expenditure on diffeff rent sub-items, then from corollaryrr  3 of
Kakwani (1977a) we can write the following expression
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This shows that the elasticity index of ‘all food’ is the weighted average of its
individual sub-items.
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5.1 Computation ofo Elasticitf ytt  Index

The elasticityt index given above in Equation (9.1) is now estimated for various 
Australian food items, using the Kakwani and Podder (1976) Lorenz curve (8.1)
discussed in Chapter 8. The ordinary least squares (OLS) method is used to estimate
Equation (8.1) of Chapter 8, after taking the logarithm on both sides. Table 9.12
presents the estimated parameters of the Lorenz equation (8.1) together with the

values of the coefficient of determination (R
2
) between the actual and estimated

values of V for all the commodities. It is noted that R
2

is generally very high for all
the commodities. It is mentioned here that the original and estimated values of V are
very close, up to two decimal places for the entire range of the expenditure. This 
shows that Equation (8.1) fits well for the Australian data.

Concentration indices and elasticity indices are also given in this Table 9.12.
Figures of the Gini indices for per capita total expenditure and income show that per
capita family total expenditure is more equally distributed than per capita family
income. Further, it is seen from this table that most of the food items are evenly 
distributed among households except ‘meals in restaurants and hotels’ and ‘snacks
and take-away food’ in Australia. ‘Meals in restaurants and hotels’ is very unevenly
distributed in Australia. This may imply that higher income households take meals
in restaurants and hotels more frequently than poorer households, probably because
these foods are more expensive than other foods.  Elasticity indices for both per
capita total expenditure and income are also given in Table 9.12. The estimate of 
elasticity index for ‘meals in restaurants and hotels’ indicates that this item is highly
elastic, which means that if household total expenditure is increased by 1%, a
household is likely to increase expenditure on this item by more than 1%. ‘Snacks
and take-away food’ appears to have very small elasticity. The total of ‘all food’
items is also inelastic probably because of a large share of expenditure on other foodf
items. It should be noted hd ere that most foodff  itd ems tutt rn out to be inelastic in
Australia.

The contribution of each foodff  itd em to the elasticity index of ‘all food’ is 
presented in Table 9.13. If the elasticity index of ‘all food’ is taken to be – 100.00,
then the contributions of bread, cakes, cereals, dairy products, oils and fats; meat 
and fish; fruits and vegetables; and miscellaneous foods are –53, –529, –517 and    
–27 respectively. ‘Meals in restaurants and hotels’ and ‘snacks and take away food’
are elastic, and their contributions are 21 and 5 respectively. This indicates that 
‘meals in restaurants and hotels’ is a maja or expenditure item in total household food 
expenditure. If this item was not included, ‘all food’ would become highly inelastic.
This indicates that it would not be appropriate to estimate elasticity for ‘all food’ asaa
a single group rather than individual food items, which are much needed for future
food projection, production, marketing and distribution purposes.
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6. ESTIMATING CHANGE IN CONSUMER DEMAND DUE TO CHANGES IN

INCOME AND INCOME INEQUALITY

We now estimate the increase in consumer demand for various food items due to
the rise in total expenditure and changes in total expenditure inequalities in
Australia. The new co-ordinate system of the Lorenz equation (8.1) introduced by

Table 9.12. Estimates of the Lorenz function and the elasticity index

           of the various food items in Australia: 1975 to 1976

Elasticity indexFoodFF items αiαα βiββββ γI Rγγγγγγ 2     Concentration

index
TotalTT

expen-

diture

Income

(1) Bread, cakes,
cereals, oils &  dairyrr
products

0.0319 0.9231 1.1318 0.9199  0.0295 -0.213 -0.312

(2) Meat & fish 0.1034 0.8184 0.9128 0.9955  0.1115 -0.1305 -0.230

(3) Fruits &  vegetables 0.1187 1.0192 0.9423 0.9789 0.1142 -0.1278 -0.2276

(4) Miscellaneous foods 0.0715 0.8888 0.9261 0.9820 0.0738 -0.1682 -0.2680

(5) Meals in restaurants
&  hotels 0.5064 0.9983 0.9763 0.9968 0.4835 +0.2460 +0.1417

(6) Snacks & take-away 
foodff 0.2384 0.9464 1.0285 0.9926 0.2278 +0.0580 -0.1140

(7) All foods 0.1286 0.9445 0.8387 0.9979 0.13451   -0.107 -0.207 

(8) Per capa ita total
      expenditure 0.2369 .09561 0.8827 0.9996 0.2420 - -

(9) Per capaa ita  income 0.3199 0.8568 0.8890 0.9997 0.3418 - -

Source: The 1975 -1976 Australian HES data based on the 12 weekly per capita income groups supplied 
by the ABS.
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Table 9.13. Decomposition oTT fo  the elasticitf ytt index ofo allf foodff

       with respect to its individual food items

Food items           Per capa ita

expenditure

on each item

Percentage

expenditure

on each item

Elasticitytt

index

ContributionCC

to the total

elasticitytt

index

Percentage

contrt ibution

(1) Bread, cakes, cereals,
    oils & dairyrr products     2.90  26.62   -0.213  -0.0566 - 53.00        

(2) Meat & fish     2.61  23.96   -0.1305   -0.0313 - 29.00      

(3) Fruits & vegetables     1.56  14.32   -0.1278   -0.0183 - 17.00

(4) Miscellaneous foods     1.84  16.90   -0.1682   -0.0284 - 27.00

(5) Meals in  restaurants &
hotels     0.99  9.10   +0.2460  +0.0224 + 21.00

(6) Snacks & take-away
foodff     0.99  9.09  +0.0580   +0.0053 + 5.00

(7) All foods     10.89  100 -0.1069 -0.1069 -100.00

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied
by the ABS.

Kakwani and Podder (1976) given in Chapter 8 is also used for this purpose. More
details about the general formulation and estimation of the increase in consumer
demand can also be found from Chapter 8.

We have estimated the increase in consumer demand with respect to various
percentage increases in per capita total expenditure and various percentage changes 
of the Lorenz ratio by changing only two parameters (one for increasing income andar
another for changing Lorenz ratio) of the Lorenz equation.  There was no effect from
other parameters on the changes in consumer demand. The percentage changes in 
demand estimates based on various changes of level of total expenditure and totalf
expenditure inequalities for various food items are presented in Table 9.14.

Table 9.14 shows that the percentage change in demand effectively increases
with per capita total expenditure, and with the decrease of the Lorenz ratio for all 
food items except ‘meals in restaurants and hotels’. This shows that for food items,
which are considered to be necessary because their elasticities lie between 0.00 and
1.00, the percentage change in demand for those food items would increase as the
Lorenz ratio decreases. On the other hand, the percentage change in demand 
decreases even if total expenditure inequality reduces for ‘meals in restaurants and
hotels’, which is considered to be a luxury item in Australia. These findings are
quite consistent with the findings of Iyengar (1960b), who argued that the
percentage change would rise/fall for necessary and luxury goods as the Lorenz ratio
decreases.

It is also noted that the percentage increases in demand for a commodity due to
changes in per capita total expenditure are directly linked with its elasticitytt . For
example, the elasticitytt of ‘meat and fish’ is 0.44 and its demand rises only 10.03%
for a 20% rise in per capita total expenditure. But the demand rises as much as
41.83% for a similar rise in per capita income foff r ‘meals in restaurant and hotels’,
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whose elasticity is 2.47. It should be noted that these estimates are based on a simple 
relationship of per capita expenditure on each food item, and per capita total
household expenditure for 12 per capita household income groups.

In another direction, if the per capita total expenditure increases by 50% and the
Lorenz ratio decreases by 10%, then the per capita increases in demand for ‘fruits
and vegetables’ and ‘meals in restaurants and hotels’ are 21.4% and 113.97%
respectively. However, if one does not consider the effect of change in the Lorenz 
ratio, then the percentage increase in demand for the above items would be 20.09%
and 119.04% respectively. In general, this investigation shows that the estimation of 
demand for ‘fruits and vegetables’ and ‘meals in restaurants and hd otels’ would be
under/over estimated for necessary/luxury food items if the effects of incomefof
distributions are not considered. However, overall income distribution has no
significant effect on the estimation of demand for most of the food items except 
‘meals in restaurants and hd otels’. This again reconfirms that in estimating increase in
food demand, it would be inappropriate to use the aggregate elasticity for ‘all food’,
and hence dis-aggregation of ‘all food’ by different types of food is essential for
proper food planning, marketing and projection purposes. 

7. LIMITATIONS AND CONCLUSIONS

Investigation of household expenditure patterns of various foodff itd ems based on a
general survey is problematic. More importantly, examining only food items does
not provide an accurate picture of the living conditions of households because
household expenditure depends on many expenditure items, which have a significant 
impact on living standards. All our estimates are based on grouped data and hence
estimated Engel elasticities loose their large sample properties. Expenditure
elasticities of various food items also cause problems in estimating 
logarithmic/inverse Engel functions due to lack of grouped geometric/harmonic
means, as well as simultaneous nature of the model, when single equation models 
are estimated by the Aitken’s (1934) GLS method. However, both of these problems 
are dealt with procedures developed in this book and elasticities are estimated fd off r
various food items, using appropriate methods. 

Elasticity estimates indicate most food items are necessary in Australia except 
‘meals in restaurants and hotels’. This latter food item is considered to be a luxury
item on the grounds that its elasticity is significantly higher than unity and its 
demand decreases with the decrease of income inequality, a criterion emphasized by 
Iyengar (1960b). We have observed that the elasticity estimates for various food 
items decrease with the rise of income levels, which is expected for food demand 
analysis. More importantly, we have noted that elasticity estimates remain more or
less stable, when the income level reaches A$280 or more for most of the food items
except ‘meals in restaurants and hotels’. This is quite encouraging, since levels of 
saturation must be attained for all food items at some income level. The elasticity
estimate foff r ‘meals in restaurants and hd otels’ continues to decrease up to the highest 
income level, indicating it is highly likely that households are not willing to spend 
more money on this food item as they get more and more money in their hands.  It 
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should be noted that these elasticity estimates are computed from a specified 
function at some representative values (usually the means), which are arbitrary and 
hence subjb ect to criticism.

There is no unique measurement of elasticitytt  and for that reason we have
estimated the elasticity index for each food item, which is a single measure of fof
elasticity or inelasticity of a commodity. However, it should be used with caution,
because the magnitude of the elasticity index indicates how much the elasticity of 
the ith commodity deviates from unity over the full range of total expenditure
(income). Hence, this measure is only used for comparative purposes. The advantage 
of this index is that it can be computed from grouped data without specifying any
particular Engel function. Additionally, we have decomposed the elasticity index of 
‘all foodsff ’ into its individual foodff  itd ems to see the contributions of each foodff itd em to
the total food elasticity index. More importantly, as in Chapter 8, here we have also
provided an estimate of increase in consumer demand of various food items due to
an increase in income and ad decrease in income inequality. It is thus hoped that these
estimates will describe the real picture of the quantitative nature of food expendituref
in Australia, because it incorporates the effect of total expendituret (income)
distribution along with the rise of total expenditure (income).
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Table 9.14. PercentaTT ge increase in consumer demand (per capa ita)a

* Symbols of the functional forms are defined in Section 3.1.1 of Chapter 3.

Source: The 1975-76 Australian HES data based on the 12 weekly per capita income groups supplied by
the ABS.

        Percentage change in Lorenz ratio (100β)ββββββ Best

functio-fffuf

nal form*

chosen

by the D2

criterion

Correspond-dd

ing

 elasticitytt

ofo  the besf t

functionff

Commoditytt

groups

Percentage

increase in

per capita

expenditureee

(10(( 0α)α)

10 5 0 -5 -10 -20

0 -0.653 -0.3176 0.00 0.3003 0.5836 1.1004

    5 -0.0277 0.3077 0.6253 0.9256 1.2089 1.7257  

    10 0.5226 0.858 1.1756 1.4759 1.7592 2.276    DSL  0.11   

20 1.4238 1.7592 2.0768 2.3771 2.6604 3.1773

(1)
Bread, cakes
& cereals

50 3.0639 3.21 3.5279 3.8282 4.1115 4.6284

   0 -2.0534 -0.9986 0.00 0.9437 1.8337 3.4571 

    5 0.7573 1.7904 2.7680 3.6915 4.5620 6.1489  

10 3.3824 4.3940 5.3508 6.2543 7.1056 8.6567 LI 0.44

  20 8.1419 9.1116 10.0279 10.8925 11.7067 13.1888   

(2)
Meat & fish

  50 19.3985 20.2542 21.0615 21.8219 22.5370 23.8358 

    0 -0.5298 -0.2566  0.00 0.2408 0.4663 0.8740   

   5 0.1933 0.4554 0.7015 0.9324 1.1487 1.5395 

   10 0.8553 1.1071 1.3435 1.5653 1.7731 2.1484 LI 0.11

  20 2.0243 2.2577 2.4769 2.6825 2.8750 3.2227 

(3)
Dairy
products, oils
& fatsff

50 4.6440 4.8355 5.1052 5.1837 5. 3414 5.6262

    0  -0.8810  -0.4295 0.00 0.4077 0.7938 1.5019  

5 1.3269 1.7884 2.2275 2.6442 3.0390 3.7628

  10   3.4778 3.9491 4.3975 4.8231 5.2262 5.9654      DL      0.45 

   20 7.6242 8.1144 8.5807 9.0234 9.4426 10.211  

4)
Frurr its and
vegetables

    50 19.0331 19.5753 20.0910 20.5806 21.0443 21.894   
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(Table 9.14. Continued(( )d

   0 -1.3536  -0.6570 0.00 0.6189 1.2007 2.2575  

    5 0.4968 1.1724 1.8096 2.4096 2.9735 3.9974  

10 2.2090 2.8648 3.4831 4.0651 4.6121 5.6047    LI 0.29

20 5.2758 5.8949 6.4782 7.0271 7.5426 8.4776

(5)
Miscellane-
ous foodsff

    50 12.3507 12.8790 13.3761 13.8434 14.2818 15.076 

0 5.675 2.7604 0 -2.6097 -5.0718 -9.5639

5 15.2118 12.2971 9.5367 6.9269 4.4647 -0.0274

  10 25.4007 22.486 19.7254 17.1156 14.6533 10.1611    DSL 2.47

20 47.51 44.5952 41.8345 39.2245 36.7622 32.2696

(6)
Meals in
restaurants
&hotels

50 124.7212 121.806 119.045 116.435 113.972 109.478

    0 -4.1884 -2.0484 0 1.9558 3.8184 7.2603   

    5 1.5679 3.7274 5.7922 7.7619 9.6359 13.095 

10 7.1005 9.2731 11.3485 13.3265 15.207 18.6742    LI .091

   20 17.5176 19.7009 21.7833 23.765 25.6463 29.1082  

(7)
Snacks,
take-away 
foodff

    50 44.1411 46.2795 48.3118 50.2394 52.0635 55.4062  

    0 -0.3619 -0.176 0 0.1664 0.3234 0.6097  

    5 2.3862 2.5721 2.7481 2.9145 3.0714 3.3578   

    10 5.0927 5.2785 5.4545 5.6209 5.7779 6.0642 DSL 0.55

    20 10.3951 10.5809 10.7569 10.9233 11.0802 11.3665 

(8)
All foodsff

    50 25.6077 25.7935 25.9695 26.1358 26.2927 26.579    
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CHAPTER 10 

DEMAND FOR TRANSPORT AND COMMUNICATION 

In this chapter, we investigi ate the expenditure pattern ofo the transport and f

communication item, since it is the second higi hest expenditure item in Australia. The

percentage expenditure on transport and communication with respect to total 
expenditure is examined for variousee household compm ositions, income levels and 

ethnicity. We have also estimated total expenditure elasticity for this item based on 

several alternative Engel functions. But, we only provide total expenditure elasticity 
estimated from the double semi-log Engel function, because this function dominates

other functions on the basis of the distance function D2-criterion, and the non-nested

hypothesis testing procedure as we have seen in Chapter 3. The percentage changes
in consumer demand due to changes in total expenditure and total expenditure

inequalities are also discussed. The results ofo the analf yll ses demonstrate thayy t
transport and communication is a necessary item in Australia on the basis of two

criteria, viz., its elasticity is not significantly greater than unity, and the demand ig

increases with the decrease of the total expenditure inequalities, a criterion
emphasized by Iyengar (1960b). Policy implications of the analyses on ‘transport

and communication’ have also been discussed.dd 66

1. INTRODUCTION

Transport and communication is very important, not only because it shows themppm
indication of people to go from one place to another, but also it is the second highest 
expenditure item in Australian family budgets. The percentage of expenditure on 
‘transport and communication’ indicates the dynamics of an individual for socio-
economic linkages in the society. The higher the percentage of expenditure on 
‘transport and communication’, the better the socio-economic links within the
society and probably creates better prospects for socio-economic development.
Hence, it is better to undertake a thorough investigation into the variation of 
expenditure on ‘transport and communication’ for different householdmuum
characteristics. However, the scope for such an analysis is severely limited due to
the variation of definitions of the commodity itself from survey to survey, and even 
the income classes reported in the surveys for classifying households also differ in
various HESs in Australia. In the present analt ysis, we investigate the possible

66
This is a revised version of a papaa er earlier published in TransTT ps ortatipi on [see Haque 91992)].
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variations of ‘transport and communication’ expenditure among households based 
on various socio-economic and ethnic characteristics.

The present chapter is organized as follows. The patterns of ‘transport and 
communication’ expenditure for various household compositions, income levels and
ethnicity are provided in Section 2. Section 3 is mainly concerned with the
estimation of income elasticitytt for the ‘transport and communication’ item for
various socio-economic and demographic characteristics. While, the effects of 
demand on the ‘transport and communication’ item due to an increase in total
expenditure and a decrease in income inequalities are discussed in Section 4. The
implication of this research for transport planning is discussed in Section 5. Section
6 deals with problems and future options, and finally some concluding remarks are
made in the final section.

2. EXPENDITURE PATTERN OF ‘TRANSPORT AND COMMUNIU CATION’

BY CITY, HOUSEHOLD COMPOSITION, INCOME LEVEL AND ETHNICITY

Australia is a big country and its business centres are scattered far and d wide. It
also has a very well developed transport network system across all its cities, which 
encourages people to travel from one end to other. These, together with government 
taxation policies, increase high transport exposure. In this chapter, we investigate
whether low-income households have a different ‘transport and communication’
expenditure pattern from those of high-income households. Further, expenditure
patterns of ‘transport and communication’ will also be investigated to see whether
there are any differences in expenditure patterns among various household 
compositions and ethnic groups in Australia. 

It is clear from Table 9.1 of Chapter 9 that ‘transport and communication’ is the
second highest expenditure item in Australian family budgets. More importantly,
percentages of expenditures on the ‘transport and communication’ item are provided
for different cities at different times in Table 9.1. It shows that inter city variation of
‘transport and communication’ expenditure is more or less similar, even though
Melbourne, Perth and Canberra spend a higher percentage of total household 
expenditure than other cities in Australia. The high quality environment and 
landscape surrounding these cities may encourage people to travel more, which may
be responsible for higher expenditure on ‘transport and communication’ in these
cities than others. It is interesting to note that percentage expenditure on ‘transport 
and commumm nication’ remains more or less stable over time.
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Table 10.1. Per capita expenditure on transport and communication for soleff

parent and married couple households with children 

          Per capita expenditure/week in A$

SoleSS parent households with

dedd pe endent children

Married couMM pu le households with

dedd pe endent children

1 2 3 or more 1 2 3 or more

31.52 20.91 9.49 27.27 22.24 17.71 

Source: The Australian 1988-1989 HES Unit Record Tape supplied by the ABS.

Per capa ita expenditure per week (in Australian dollars) on ‘transport and
communication’ is presented in Table 10.1. It is clear from this table that sole parent
with one-child households spend the highest per capita expenditure on ‘transport andt
communication’. This is probably because these households may drive a car with
only two people, who pay all the expenses to run a car like other households, but are 
unable to save from economies of scale that may arise due to larger households. It is 
also apparent from the above table that per capita expenditure for ‘transport andt
communication’ decreases as the number of people in the household increases,
probably because larger households may make greater savings due to economies of
scale. It should be noted that married couple households with three or more children
spend approximately twice as much as sole parent households with three or more
children. This probably happens due to the fact that usually at least one member of at
married couple household works, which may require long distance travel to go and 
come from work, while most sole parent households are unemployed [see Haque
(1996)] and they only drive short distances to go to schools, shops and visit friends
mostly in their neighbourhood.

Percentages of total expenditure on ‘transport and communication’ for various
household compositions are also presented in Taba le 10.2. This taba le shows that
percentages of total expenditures on ‘transport and communication’ are more or less
stable over time for most of the household types except two adults with three oyy r
more children households. In later years, the latter type of households may spend 
less on ‘transport and communication’ probably because of government subsidiesabb
for those households who have two or more children allow them free travel in public
transport.
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Table 10.2. PercentaTT ge ofo tf otal expx enditure on transps ort and

        communication by household composition 

Household compositionsHH

Year One

adult

onlyll

One adult

with

childrdd en

Two

adults

Two

adults,

one child

Two adultsTT ,

two

childrdd en

TwoTT adults

& three or 

more

childrdd en

1974-75 13.46 14.85 16.05 16.26 16.40 15.06 

1975-76 16.67 14.26 19.30 19.57 18.34 18.58 

1984 13.46 13.78 16.19 15.96 14.13 14.50

1988-89 13.51 14.64 15.37 12.53 13.51 13.59

1993-94 14.57 12.96 15.15 16.46 14.13 13.20

1998-99 14.26 14.16 16.85 16.96 17.25 13.35 

Source: The Australian Household Expenditure Surveys: 1974-1975  to 1998-199.

Table 10.3. Percentage of total expendituTT re of transport and communication by household 

income quintile groups in Australia: 1993-94 and 19998-99. 

YeaYY rsrr

Gross income quintiles

Lowest

quintile

2nd

quintile

3rd

quintile

4th

quintile

HighesHH t

quintile

All Hl ouse-HH

holds

1993/94 13.25 15.26 15.58 16.26 15.83 15.54 
1998/99 14.04 14.98 16.24 18.19 17.72 16.85 

Source: The 1993-1994 and 1998-1999 Australian HES data conducted by the ABS.

The percentages of total expenditure on ‘transport and communication’ in
various income quintiles are presented in Table 10.3. This shows that households of ab
all income quintiles spent a higher percentage of total expenditure in 1998-99 than
in 1993-94. Higher petrol prices and transport costs may be the cause for such a
higher percentage of total expenditure in more recent years in Australia than 
previous years. It is also interesting to note that percentage of total expenditure
increases as households move from lower to hir gher income quintiles except the
highest quintile. This implies that to earn more and more money, household 
members have to travel more from one place to another place and probably they also
have larger family size. However, percentage expenditures are lower in the highest 
quintile group than in the 4th quintile group. This may probably happen due to the
fact that the households of the highest income quintile group may have a hight
proportion of retired and rich households with one or two people, who have less
exposure with more expensive cars.
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Table 10.4. AveraTT ge per capita expenditure ofo  transport and communicationf

for various ethnic households by reference person’s age over    ffe

65 and under 65 years: 1988 to 1989*

* Percentage expenditure on transport and communication with respect to total expenditure are 
presented in parentheses.

Source: The Australian 1988-1989 HES Unit Record Tape supplied by the ABS.

Table 10.4 shows that when a household reference person’s age is less than 65 
years, ESB households spend more money on ‘transport and communication’ on a
per capita basis, but their percentage of expenditure on ‘transport and 
communication’ is less than any other ethnic groups. This implies that their
expenditures on other items are also higher than other ethnic groups. On the 
contrary, households from Asia and Africa spend significantly less money on
transport and communication, and their percentage expenditure on this item with
respect to total expenditure is also lower than any other groups when the reference
person’s age is lower than 65 years. This implies that migrants from Asia and Africa 
have low exposure in the early phase of their lives in Australia, probably because of 
their high unemployment situation and unawareness of the locality, which is quite
expected from early settlers in a new country. On the other hand, households from
Asia and Africa, whose reference person’s age is more than 65 years, spend more
money on a per capita basis, and their percentage expenditure on ‘transport and 
communication’ with respect to total expenditure is also significantly higher than
any other groups. This may probably happen due to the isolation of older migrants
from Asia and Africa, who do not have many family members and friends at an old 
age. As a result these people do not get any or very little assistance from other
people to travel to any place, and pay a very high travel costs (probably by hiring a 
taxi). However, per capita and percentage expenditure with respect to total
expenditure on ‘transport and communication’ foff r older Australian households are
significantly less than any other groups, probably because these people may get
reasonable travel assistance from family members, friends and neighbours, which is
quite expected from their own countryrr men.

                        Ethnic backgkk round (place ofo birth)f

                       NESC

Age ofo

reference

person Australia ESC All Asia & Africa Europe 

Under 65 
years

30.65
(15.11)

31.70
(14.70)

26.96
(14.71)

23.52
(13.42)

28.89
(15.41)

Over 65
years

23.78
(12.67)

27.40
(13.82)

31.96
(15.18)

54.92
(21.72)

26.25
(13.13)



162

3. ESTIMATION OF INCOME ELASTICITY FOR TRANSPORT AND

COMMUNICATION ITEM

In the previous section, we analysed the expenditure patterns of the ‘transport 
and communication’ item by various socio-economic and ethnic characteristics in
Australia, which are both important and interesting, but not sophisticated. In this
section we will estimate total expenditure elasticitytt for the ‘transport and 
communication’ item in Australia. Elasticity estimate for this item is important,
because it provides the percentage change in expenditure on ‘transport and 
communication’ due to a 1% rise in household total expenditure (income), which is
very helpful for planning and forecasting purposes. 

In the past, a number of authors, viz., Podder (1971), Williams (1976a, 1976b,
1977), McRae (1980), Morris and Wigan (1977, 1978, 1979), Bewley (1982) and 
Haque (1993) etc., analysed the Australian HES data, using various Engel functions.
They attempted to give a picture of the broad spectrum of the Australian household 
expenditure pattern. More importantly, their findings clearly indicate that the
‘transport and communication’ is a luxury item in Australia on the basis that its
elasticity estimate is greater than unity.67

This chapter has two basic aims. First, we will find a best Engel functional form
from various alternatives foff r the ‘transport and communication’ item. Second, we
estimate total expenditure elasticity on the basis of this best functional form in order
to examine whether the previous elasticity estimates are affected by using a new
Engel function, which may be different from those used in previous studies.

To find a best Engel function among various alternatives, we have used two
criteria: (i) the distance function, D2-criterion; and (ii) the non-nested hypothesis
testing procedure; which have already been discussed extensively in Chapter 3. We
then estimate total expenditure elasticity on the basis of an Engel function, which
will turn out to be the best among various alternative fuff nctional foff rms.

3.1 Data

The 1988-89 Australian HES data obtained from unit tape records were used for
this study. This survey was designed to find out how the expenditure pattern of
private households varies according to different income levels and characteristics. 
Most of the infoff rmation was collected frd om households on a recall basis with a
particular reference period (which varies according to the type of expenditure), using
interview techniques. In addition, all members of households aged 15 years and over m
were requested to record all ‘expenditure related to goods acquired during the
reference period’ over a two-week period in a diary provided to each of them. The
stratified multi-stage probability (proportional to the households and collector’s
districts) sampling procedure was followed for selecting 7500 households, which

67
Many other authors such as Working (1943), Prais and Houthakker (1955), Summers (1959), Leser

(1963), Kakwani (1977b), Bewley (1982), Giles and Hampmm ton (1985), Hoa (1986), Haque (1991a),
Alperovich, Deutsch and Machnes (1999), and Shahabi-Azad (2001) have also estimated income
elasticity for the transport and communication item for a number of other countries.  
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were interviewed evenly over the enumeration period (July 1988 – July 1989) to
ensure that seasonal expenditure patterns did not affect the final data. Any
expenditure made by members of the selected households for business purposes
were not considered in the survey. The survey collected ‘household expenditure’
which included expenditures on those goods (both durable and non-durable) and 
services by the members of the selected households for private consumption. Other
compmm onents of household expenditure such as income tax, supuu erannuation
contributions, life insurance premiums, purchases of and deposits on dwellings and 
land are classified as ‘other payments’. 

In this chapter, the broad ‘transport and communication’ item includes the
purchase of cars and other vehicles (net of sales and insurance claims); petrol, oils 
and lubricants; vehicle registration and insurance; other running expenses of
vehicles (tyres, tubes, spare parts, accessories, crash repairs and services, license 
fees etc.); rail, bus, tram and other public transport (excluding holiday fares) freight;
and air fares, etc. However, postal charges, telephones and telegrams are also
included.

3.2 Choice of Functional Form

In order to choose a best Engel function, we have fitted all seven functional
forms given in Section 2.1 of Chapter 3, and functional forms (iii) to (vii) [share
inverse, Working-Leser, Addilig, log share-linear, and log share-inverse] of Section
4 of Chapter 9. Note that functional forms (i) and (vii) of Section 2.1 of Chapter 3, 
and (iii) to (vii) of Section 9.2 of Chapter 9, all satisfy the adding-up criterion, which 
asserts that the sum of expenditures on a set of mutually exclusive and exhaustive 
expenditure items should add upuu to total expenditure. The ordinary least squares
(OLS) method is used to estimate each of the above 12 equations in order to find a

best Engel function from these alternatives based on the distance function D
2
-

criterion.

The values of the distance fuff nction D
2
-statistic for different Engel curves for the

‘transport and communication’ item are presented in Table 10.5. A function would

be regarded as the best fit among various alternatives whose D
2
-statistic is smaller.

The figures from Table 10.5 clearly indicate that the double semi-log (DSL) Engel
function performs best when compmm ared with other functions, although there is little
difference between the linear, addilog, log share inverse and DSL functions.

We have also used the Mackinnon, White and Davidson (1983) non-nested
hypothesis testing procedure to compare the different Engel functions, which has
already been discussed in Chapter 3. This test has been applied on a pair-wise basis
for all non-nested Engel functions considered for this study and the values of the t-
statistic for the ‘transport and communication’ item have been calculated.68 Many
interesting and important observations are made from these results for the transport 
and communication item. First, in many two-way comparisons, both functional

68
These t-values are not significantly different from the results obtained from the 1975-76 HES data,

which are presented in Table 3.1 of Chapter 3. 
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forms are rejected.  For example the linear form is rejectmppm ed when tested against the 
semi-log form, and similarly the semi-log form is also rejected against the linear d
form. Second, all the LLI, DSL, LSL and LSI forms are accepted against each other
and all other forms treating each of the other forms as H

1
. The DSL Engel function

is also accepted against all functions. The hyperbolic, semi-log and log-inverse func-
tions are rejected against most of the other functions. On the whole, the non-nested 
hypothesis testing procedure suggests that the DSL is the most suitable functional 
form for the ‘transport and communication’ item.

Thus, on the grounds of goodness of fit and the non-nested hypothesis testing
procedure, it turns out that the DSL Engel function fits well to the ‘transport and 
communication’ item for the 1988-89 Australian HES data. Thus, all our subsequent 
analyses will be based on the DSL Engel function.

The estimated equation of the DSL function is given by

Ŷ = -2.3244 + 0.1885 X + 0.7661 Log X + 0.3259 Log S;   R2 = 0.7896
(0.232) (0.0418) (0.302) (0.072)

The estimated standard errors foff r different parameters are presented in 
parentheses.69 This clearly shows that all the estimated parameters of the DSL
function are significantly different from zero. No serious multicollinearity problem
is observed between X and Log X.

Table 10.5. D2-statistics for variousff functionalff formsff

Functional forms D2-statistics

Linear (L) 0.0592

Semi-log (SL) 0.0819 

Hyperbolic (Hyp) 0.1268 

Double-log (DL) 0.0830

Log-inverse (LI) 0.1587 

Log log-inverse (LLI) 0.0645

Double-semi-log (DSL) 0.0503 

Share inverse (SI) 0.0672

Working-Leser (WL) 0.0686

Addilog (AL) 0.0567

Log share linear (LSL) 0.0756

Log share inverse (LSI) 0.0588

Source: The Australian 1988-1989 HES Unit Record Tape supplied by the ABS.

69
The estimated parameters of the DSL function for the 1988-1989 HES data are not significantly

different from that of the 1975-1976 HES data.
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3.3 Estimation of Engel Elasticity

Total expenditure elasticity is estimated on the basis of the DSL Engel function.d
The empirical estimation of the total expenditure elasticity is very important, which
can be calculated using the following formula

( ) ( )SXX loglog δγβα((αη XXXXXX+((()))= ((( βββα((α (10.1)

This shows that the elasticity for the DSL Engel function increases with the rise 
of total expenditure of the household. The rate at which the proportional expenditure
on the ‘transport and communication’ item changes with total expenditure is already
given in Equation (3.5) of Chapter 3.

We have estimated the total expenditure elasticity at mean values of total
expenditure and family size for the Australian ‘transport and communication’ item, 
using the above Equation (10.1). It turns out that the estimated elasticity for the
‘transport and communication’ item is 1.19 with an estimated standard error of 0.16.
The conventional one-tailed t-test at the 5% level of significance shows that the
estimated elasticity for the ‘transport and communication’ item is not significantly 
greater than unity, when the value of the elasticity estimate 1 is tested in the null
hypothesis against greater than 1 in the alternative hypothesis. This shows that 
‘transport and communication’ is a necessary, not a luxury item in Australia.

Expenditure shares and estimated elasticities at various per capita income levels 
are expected to give the real picture of the expenditure behaviour of the ‘transport 
and commumm nication’ item in Australia.  Hence, these are of great importance to the t
transport planner for future operational and construction point of view. These values
for ‘transport and communication’ item are presented in Table 10.6
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It is clear from Table 10.6 that the share of expenditure on the ‘transport and 
communication’ item varies from one per capita income level to another per capita
income level. The higher share of expenditure on the ‘transport and communication’
item is observed for the $70 - $250 income groups, meaning those households who
work but do not get a higher salaryr  probably due to inexperience at a young age, but 
want to drive more new and sophisticated cars and want to travel more at ad young
age. This might cause high expenditure on the ‘transport and communication’ item,
due to thedd purchase of new cars and their maintenance. However the expenditure
share on this item is relatively lower for higher income households, probably
because of their low family size and low transport exposure. On the other hand, the 
elasticity estimate shows that transport is a luxury item to poorer households whose
weekly per capita incomes are lower probably because of low income and larger abb
family size. While, elasticity estimates show that the ‘transport and communication’
item is a necessaryr item to the maja ority of Australian households. We have also
estimated the total expenditure elasticities at mean values for various sole parent and
married coupu le households with children, which are presented in Table 10.7

Table 10.7 clearly shows that ‘transport and communication’ is a necessary good t
for most households except sole parent households with two or more children, when

the conventional one-tailed t-test is applied, taking the elasticity value η =1 as the

null hypothesis (Ho), ayy gainst the elasticity value η > 1 as alternative hypothesis Hyy 1.
Further, in order to avoid the problem of simultaneity of the model indicated by 

Summers (1959), because of using total expenditure as one of the independent 
variables in a single equation, we have re-estimated the parameters of the DSL
Engel function by the Instrumental matrix approach [vide. Liviatan (1961)], using
Equation (3.5) of Chapter 3, and obtained tht e consistent estimates of the parameters
of the DSL function.

Using the consistent estimates of the parameters of the DSL Engel function, we 
have re-estimated the total expenditure elasticity at mean values. The consistent
estimate of the total expenditure elasticity for the ‘transport and communication’
item turns out to be 1.16 with an asymptotic standard error of 0.16.  The standard 
one-tailed t-test again suggests that this elasticity estimate is not significantly greater
than 1. This finding further re-confirms our earlier conclusion that ‘transport and 
communication’ is a necessary item to most of the Australian households.
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Table 10.7.  Estimates oTT fo total expenditure elasticitf ytt ofo transport and f

             communication foff r sole parent and married couple households r

with childrdd en*

Per Capa ita expx enditure

Sole parent households withSS

dedd pe endent children

Married couple households with dependenMM t

ChildrenCC

   1     2 3 or more 1 2 3 or more

0.78
(0.24)
[215]

2.14
(0.19)
[139]

2.74
(0.15)
[66]

1.18
(0.22)
[537]

1.08
(0.17)
[961]

0.87
(0.23)
[581]

* Estimates of standard errors are presented in parentheses ( ). Number of households on which these
estimates are based are given in brackets [ ].

Source: The Australian 1988-1989 HES Unit Record Tape supplied by the ABS.

It should be noted that in the present study, a statistical signitt ficance test is done
on the estimated elasticity of the transport and communication item and it is shown
that this is a necessary item on the grounds that its elasticity is less than 1. While
previous authors such as Podder (1971), Williams (1976a), Morris and Wigan
(1979), McRae (1980), Bewley (1982 and Haque (1984) classified transport and 
communication as a luxury item on the basis that its elasticity is greater than unity.
Thus, it has been proved in this chapter that the elasticity estimate, when interpreted
more scientifically, is different from the previous interpretation.

The results of the present analyses contradicted with the previous findings made
by many authors who found that transport and communication was a luxury item int
Australia. This might have happened due to different interpretations of the estimated 
elasticity, the uses of different functional forms and data sets together with the
variation of the definition of the item. Moreover, it is observed that the previous
elasticity estimates are based mainly on the double logarithmic functions with few
exceptions (viz., the Klen-Rubin and Addilog functions), which usually produces 
high elasticity estimates [see Prais and Houthakker (1955) and others]. Thus, the usethhht
of the appropriate HES data, functional form and more scientific interpretation of 
the estimated elasticity demonstrate that transport and communication is not at
luxury, but a necessary item in Australia. 

This shift could also occur due to the structural change in the economy as shown
by Williams (1978a, 1978b, 1978c). This can be supported by the fact that the
percentage expenditure on the transport and communication item with respect to 
total expenditure increased sharply from 9.6% in 1966 to 19.9% in 1975.

It is interesting to note that the 1975-76 HES data show that the percentage
expenditure on transport and communication exceeds the percentage expenditure on
food in Australia. This is an important observation, which has never been detected in
Australia. This observation is very important for future planning in the transport 
industry including the transport safety area.

This rapid increase of expenditure on trt ansport may be due to government policy
on taxes and the availability of well-developed transport systems in Australia, in
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recent times. Re-distribution of the population in Australian cities is also a factor foff r
such increases in expenditure on transport. Thus, social, demographic, economic and 
environmental factors are also responsible for such a change of elasticity estimate 
for the transport and communication item in Australia.

4. FURTHER EVIDENCE FROM INCOME DISTRIBUTION

Iyengar (1960b) demonstrated that the percentage change in demand would rise
with the percentage decrease in the Lorenz ratio for necessary items. In order to
verify Iyengar’s preposition, we have estimated the percentage change in demand 
for the ‘transport and communication’ item due to the changes in the totalm
expenditure and total expenditure inequalities at various levels, using the Kakwani-
Podder (1976) Lorenz curve [see Chapter 8 for more details about this curve]. The 
empirical results are presented in Table 8.1 of Chapter 8, which is based on the
1975-76 HES data.70

The results of Table 8.1 for the ‘transport and communication’ item show that 
the percentage change in demand is effectively increased due to an increase in per
capita total expenditure. More importantly, the percentage change in demand 
increases with the decrease of the Lorenz ratio, an attribute of a necessary item
established by Iyengar (1960b). This is also satisfied for the ‘transport and 
commumm nication’ item in Australia and id s in accord with our earlier conclusion.

Interpretation of Table 8.1 is quite straightforward. For example, if the per capita
total expenditure increases by 10% and the total expenditure inequality decreases by
10%, then the per capaa ita increase in demand for the transport and communication
item is 16.35%. However, if one does not consider the effect of the income
inequality then the percentage increase in demand is fully accounted for by the
percentage change in total expenditure. In that case the per capita increase in 
demand would be only 12.69%. Overall, this analysis shows that the per capita
increase in demand for the ‘transport and communication’ item would be
underestimated if the income distribution is not considered.  These results are veryrr
helpful for transport policy decisions.

5. IMPLICATION OF THE RESEARCH ON TRANSPORT PLANNING

The HES data enable us to quantify the importance of transport vis-à-vis other
household expenditure items. This also helps to show the variation of transport 
expenditure across population groups, time and space. Thus, it provides valuable 
information in forecasting transport demand. Knowledge of household expenditure
by different income groups helps to assess the social impact for transport planning 
and policies. The relative importance of various expenditure items to different 

70
For this part of the analyses, we have used the ascending order of twelve per capita income (gross)

grouped data of weekly expenditure on the transport and communication item, total expenditure and 
estimated nd umbem r of households.
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income groups and their shares in the total expenditure are very critical issues when
assessing social impacts. 

Income elasticity derived from the HES data is of considerable important to 
forecast the future transport demand from both operational and m construction points
of view. The HES data gives long-term elasticity because cross-sectional variations
in real income are usually larger than the time series data. Income elasticities
measure the responsiveness of expenditure due to change in income. It also helps to
measure the relative importance of expenditure items for different income groups.
Thus, elasticities indicate which groups are most likely to gain or lose due to 
changes in policies. Some policies will directly benefit particular groups more than 
others. For example, a reduction in bus fares will clearly benefit those people who
use buses.  However, the overall scale of the impacts is a crucial-factor. The car is an
overwhelming important mode of transport to all income groups in Australia.
Consequently, policies affecting private transport will have the greatest overall
impact. For example, removal of car registration and insurance fees would be of 
great absolute benefit to low income groups rather than a reduction in bus fares,
despite the fact that higher income groups would also benefit to a large extent.
Newbridge (1999) also studied the benefit of transport networking through the
Internet Protocol.

It should be noted that during 1990-1992 the Victorian Government (the motorist 
state in Australia) removed the car registration fees to increase the standard of living
of the people of that state. We have noted that the effect of this measure was positive
on the grounds that the demand for transpor increased by about 3%, even though
there was no increase in real disposal household income in Australia. This might 
have happened due to the implementation of the government’s social justice policy
(equal distribution of wealth and spending is one of the government’s policies). In
this respect, our estimates of percentage increase in consumer demand due to an
increase in total expenditure and a decrease in total expenditure inequality is useful
to the planners for future transport planning.

Income elasticities provide some indication of the probable ceteris-paribus,
long-term effects of any increase in income on consumption expenditures. The
income elasticity when weighted by the budget share gives the proportion of y
income, which is expected to be spent on any particular item if income changes. In 
this regard, our analysis shows that the larger proportion of any increase in income
will be spent on transport in Australia. This finding would really enhance the ability
to estimate the transport demand, because we have seen from the 1988-1989 HES
data that the highest proportion of household total expenditure has been spent on
transport alone in Australia if ‘meals in restaurants and hotels’ was excluded from
the ‘all foodff itd ems’.

6. PROBLEMS AND FUTURE OPTIONS

There are several limitations in using the HES data for transport planning,
because demand numbers include the purchase of cars and other rolling stocks,
which has nothing to do with a single year’s income. However, economists generally
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work arguably with non-durable items and stock-flow demand problems. They
cannot also tell us anything about the price responsiveness of demand, which is very
important in times of high inflation and changing government policies with respect 
to taxes and tariffs. The Senate Regional Affairs and Transport Reference 
Committee of the Australian Parliament (1999) has studied deregulation of the
Australian dairy industry and seriously investigated the effect of government
policies of taxes and tariffs for the Australian dairy industry, which also
significantly affects the transport industry.

The present study is based on individual data and therefore the estimated
coefficients satisfy their large sample properties and the estimated elasticities are 
efficient. More importantly, our estimates are free from the problems raised due to
using arithmetic means as a proxies for geometric and harmonic means to estimate
logarithmic (such as log X and log S) or inverse (such as 1/X) functions whenr
estimates are made from grouped data. More importantly, the survey did not collect
data on the quantity of the commodity purchased by the households. As a result, it 
was not possible to estimate quality elasticity. Finally, we did not consider other
economic, demographic, geographical and environmental factors, which might affect 
our calculated elasticities.

The present analysis did not consider anything about the demand for any specific
form of transport like Morris and Wigan (1979) and Lubulwa (1986). This is
important, because the sum purchase of cars and petrol is highly variable, since the 
two commodities are fundamentally different. The foff rmer is an investment in
durable equipment and is lardd gely unrelated to usage. It is subjb ect to huge quality
variation – the purchase of a car can entail expenditure anywhere in a wide range. It 
is also a ‘lumpy’ variable, because most households will have zero purchases, whilet
a few have very large purchases within a survey year. In contrast, expenditure on
petrol is very directly related to usage and therefore the demand for infrastructure is
less subjb ect to quality variation and is usually purchased in a regular way. It seems
better to treat these items separately. Thus, a more detailed (item by item) analyses
covering a number of years, and allowing the estimation of price effects based on
individual data would be more interesting and left for further study.71

7. CONCLUSIONS

It is seen that the DSL Engel function turns out to be the best function on the
basis of the distance function criterion and the non-nested hypothesis testing
procedures. This function has the theoretically pleasing feature that it can automati-
cally satisfyff  the adding-up criterion when the GLS estimation method is used [see
Powell (1969) for proof], although it is not relevant for the current study. It can also
satisfyff  the propertyt of thresholds but does not attain the saturation level, which is
quite expected for the expenditure on the transport and communication item.72

71
Kayser (2000) and BjB orner (1999) studied petrol (gasoline) demand and car choice and car ownership,

using household information, while Labeaga and Lopez (1997) studied petrol consumption for
Spanish Panel data.

72
See more about how to choose an appaa ropriate functional form in Verbeek (2000).



For the first time, it is shown in this study that ‘transport and communication’ is
a necessary item in Australia. This might have happened due to more scientific
interpretation of the estimated income elasticity together with other factors such as
the uses of the more appropriate DSL functional form, data sets and the structural 
change in the economym . We have also estimated the per capita increase in demand 
for transport and communication at various levels of per capita total expenditure and
per capa ita total expenditure inequalities. This observation is very important for long-
term transport planning in Australia, because it accurately assesses the distributional
effects. This gives insights of the household expenditure pattern, which is important
in forecasting transport demand. Thus, the estimates of total expenditure elasticity
and thd e increased consumer demand due to changes in total expenditure and their
inequalities have a tremendous value in evaluating the social impact of transport and 
its related components.

Overall, the present analysis demonstrates that transport and communication is a
necessary item in Australia on the basis of two criteria viz.:

. its elasticity is not significantly greater than unity; and 

. there is an increasing percentage change in demand with a decrease in the
Lorenz ratio, which is a property for necessary goods as emphasized by
Iyengar (1960b).
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CHAPTER 11 

DEMAND FOR ALCOHOL IN AUSTRALIA 

Alcohol is an important part of Australian life and culture (NEACA 2001). Moretrt

than halfl of fo  Australian road f fatalities are caused due to drink drivinff g. Hence, it is

usefe ul to know the expenditure behaviour off fo Australianf families on alcohol items. Bff yB
reading this chapter, the readers will get an overview of expenditure patterns of

some broadly defined alcohol items in Australia, using data from major Household tt

Expenditure Surveys. We have fitted several alternative Engel functions and choseEE
the best Engel function to estimate total expenditure elasticities for various alcohol 

items. It shows that beer has the lowest elasticity, whereas the elasticities for wine

and spirits were much higher, placing them in the ‘luxury’ category. The readers 
will also learn how to calculate the elasticity index of various alcohol items 

including the contributions og fo diffi erent alcohol items to the total alcohol elasticitff ytt
index.  The percentage changes in demand due to changes in total expenditure and 

total expx enditure inequalities were also calculated. It shows that the per capa ita

changes in demand for beer and wine are inaccurate unless income distribution is
considered. This technique can also be used to determine the level of consumption

demand for various alcohol items.dd 73

1. INTRODUCTION

Alcohol is a part of Australian life and culture. It is frequently associated with
celebrations in Australia.  It is consumed in religious and cultural ceremonies, social 
and business functions and also in recreational activities. There are many types of 
alcohol beverages: beers, wines and spirits, which have different characteristics of
colour, taste and smell. Their effects, prices and market characteristics also vary. 
Makela et al. (1981) wrote a report for the International Study of Alcohol Control
Experiences in collaboration with the World Health Organization Regional Office
for Europe, which states that:

… because of the multiplicity of uses of alcohol and pattef rns of drinking, it may be
misleading to treat aggregate consumption of alcohol as a unified variable.

Unfortunately, many authors, including Podder (1971), Williams (1976a, 1976b,
1977), McRae (1980), Morris and Wigan (1977, 1978, 1879), Bewley (1982), Haque

73
This is a revised version of a papaa er published earlier in Drug and Alcohol Review [see Haque (1990b)].
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(1984), Australian Bureau of Statistics (1999) and Heale et al. (2000) have used
alcohol and tobacco as a single household consumption item for their demand 
analyses in Australia. In fact, they estimated total expenditure (income) elasticity for
all alcohol and tobacco to give the percentage change in expenditure of this broad 
item due to a 1% change in household total expenditure (income). The estimate of 
total expenditure (income) elasticity of alcohol is very helpful for taxation policies,
planning and forecasting purposes. It also helps to know the overall impmm act on the
health status of the people of a community, because consumpmm tion of alcohol has an 
enormous effecff t on health.

Engel (1857) first formulated the empirical laws and established the relationship 
between income and expenditure on food. This kind of study has been done
subsequently for other consumption items in diffeff rent countries of the world. For
example, Blake and Nied (1997) have studied the demand for alcohol in the UK,tt
while Makela (1999) studied the differences in drinking habits and alcohol problems 
between various socio-demographic groups in the USA. The present chapter gives
an overview of expenditure patterns of some broad ind dividual alcohol items in
Australia, using the HES data. 

The basic aims of the present analysis are as follows. A comparison of the
alternative Engel functions will be made to find ad best fuff nctional foff rm foff r each
broad ind dividual alcohol item. Engel elasticity will then be estimated fd off r each
individual ‘alcohol item’ on the basis of the best fitting functional form. Anf
elasticity index will also be estimated to show how much the elasticitytt of a
commodity deviates from unitytt over the whole income range. The contributions of
sub-items to the inequality measure of ‘all alcohol’ have been considered by
analysing the elasticity index of that broad group with respect to its sub-items. The
percentage change in demand with respect to the percentage changes in total 
expenditure (income) and total expenditure (income) inequality will also be
estimated to determine an appropriate level of consumption for various alcohol
items.

This chapter is organized as follows. Expenditure patterns of alcohol items are
discussed in Section 2.  Section 3 deals with the models of Engel functions for
various alcohol items, while elasticity estimates for different alcohol items are
provided in Section 4. Section 5 provides the measurement of the elasticity index for
various alcohol items. Estimation of change in consumer demand due to a change in
income and income inequality is presented in Section 6. Some important discussionsd
about this analysis are presented in the final section.

2. EXPENDITURE PATTERNS OF ALCOHOL ITEMS

Various Australian HES data are used for this analysis. Expenditure patterns of 
alcohol items will be examined td o see whether there are any differences of
expenditure patterns among various cities, household compmm ositions and ethnic
groups. More importantly, we investigate whether low-income households have
different expenditure patterns of alcohol from those of high-income households. 
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The percentage expenditures on all alcohol and tobacco with respect to total
household expenditure at diffeff rent capital cities are presented in Table 9.1. These 
estimates are based on a number of Australian HES data, which were collected
during the period 1967-68 to 1998-99. It is clear that the percentage expenditure on
all alcohol and tobacco with respect to total household expenditure decreased 
consistently over the period 1967-68 to 1998-99 in all capital cities. On the whole,
people living in Australian cities spend about 4% of their total expenditure onabb
‘alcohol and td obacco’. But there are some variations, it looks like people who live in 
big cities like Sydney, Melbourne, Brisbane and Adelaide spend a little less than 4%
on ‘alcohol and tobacco’, while people living in other relatively smaller cities spend 
about 5% of their total expenditure on this item. A large proportion of ethnic people
who don’t or consume less compared to Australian people may explain for such
differences, because most migrants live in big cities like Sydney or Melbourne. This
might also happen due to the fact that in small cities where there is not much
recreational and/or amusement facilities, people usually consume alcohol as an
amusement. The relative percentage expenditure on alcohol and tobacco in

Australian cities decreased from 5.89% in 1974-75 to 4.10% in 1998-99 probably
due to Government’s higher excise and taxation policy on this item over the years.

Table 11.1 provides the percentages of total expenditure on alcohol items for
various household compositions from 1974-75 to 1998-99.  This table shows that the 
percentages of total expenditure on alcohol items have significantly reduced over
time for all types of households. This might be due to government taxation policy tot
reduce alcohol consumption as well as highly publicized road safety campaigns that 
discourage people to ‘drink and drive’ in order to reduce the road toll. More
importantly, it is observed from this table that households without children spend 
more on alcohol items than those households who have children. It is also noticed
that the percentage of total expenditure on alcohol foff r households with children
decreases as the numbem r of children increases. This is expected because households
with more children are required to spend their moneys on other essential items rather
than on alcohol.

Table11.1. PercentaTT ges ofo  total expf enditure on alcohol for various household ff

compositions: 1974-75 to 1998 to 1999

Household comHH pm ositions

Year   YY One adult One adult  Two adults Two adults TwoTT adults TwoTT adults

  only       with children                  one child      two childrdd en with three or

more childrdd en

1974 -75    6.04      3.58       6.42     5.48       5.43      4.81
1975-76    5.57     4.48 6.32 6.25       5.16      5.30
1984         5.35      4.17       4.96     4.70       3.95      3.58
1988-89    5.52 3.59 4.69 4.10 3.72 2.88
1993-94    4.93           3.73      4.58     4.01       3.05      3.19
1998-99 4.71 4.05      4.44     3.81       3.07      3.12

Source: The Australian Household Expenditure Surveys: 1974-75 to 1998-1999 
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Table 11.2. Percentage of total expenditure of alcohol items by household 

income quintile groups in Australia: 1993-1994 and 1998-1999 

Source: The 1993-1994 and 1998-1999 Australian HES data conducted by the ABS.

The percentages of total expenditure on alcohol of various income quintiles are
presented in Table 11.2. This table shows that percentage of total expenditure on
alcohol generally decreased when households moved to higher and higher income
quintile groups in 1993-1994. In 1998-1999 the percentage of total expenditure of 
alcohol was still decreasing for households up to the 4th income quintile, but the 
households who belong to the highest quintiles spent a higher percentage of total
expenditure on alcohol compared to the 4th and lower quintile groups with the 
exception of the 2nd quintile group. This might be duedd to the fact that there are older
households who are also rich who spend more money on alcohol than other income
quintile groups, following the fact that Australia is an ageing society, as seen in 
Table 11.3.

11.3. Average per capita expenditure of alcohol for various ethnic householdsf

by reference person’s age over 65 and under 65 years: 1988-1989b *

* Percentage expenditure on alcohol and tobacco with respect to total expenditure are presented in
parentheses.

Source: The Australian 1988-1989 HES Unit Record Tape supplied by the ABS.

It is clear from Table 11.3 that older households spend more money on alcohol
than those households whose reference person’s age is less than 65 years except 
households from Asia and Africa, and English speaking backgrounds. Australian

Gross Income Quintiles
Yearsrr

Lowest

20%

2nd

quintile

3rd

quintile

4th

quintile

HighesHH t

20%

All

households

1993-94 4.64 5.08 4.83 4.36 3.90 4.43 

1998-99 4.04 4.69 4.44 4.39 4.54 4.46

Ethnic background (place of birth)

       NESC

Age of
reference
person Australia ESC

All
Asia &
Africa Europe

Under 65
years

9.28
(4.58)

9.72
(4.51)

6.81
(3.72)

5.15
(2.93)

7.54
(4.02)

Over 65
years

11.43
(6.09)

8.44
(4.26)

8.95
(4.25)

4.10
(1.62)

9.85
(4.93)
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and NESC households spend significantly more money on alcohol when their
reference person’s age is over 65 years compared to less than 65 years with the mm
exception of the Asian and African born people. In general Asian and African
background households spend less money on alcohol compared to other ethnic
groups. More importantly, they spend a significantly less percentage of total
expenditure on alcohol when they are over 65 compared to less than 65 years old.
This is probably due to lack of money because of their poor economic situation at an 
old age together with the religious belief of those who do not drink alcohol at all 
(i.e., Muslims), mainly coming from Asia and Africa.

These observations are important and useful but not rigorous. In the subsequent fuf
sections, we shall estimate total expenditure elasticity, elasticity index and the
effects of total expenditure and its inequalities on the demand foff r various alcohol
beverages.

3. MODELS OF ENGEL FUNCTION

An extensive literature on alcohol expenditure and demand, and specifically on
the determinants of alcohol expenditure and income elasticity, has indicated that like
other commodities, the expenditure of alcohol is responsive to changes in income.
The elasticity is historically conditional, because there is considerable variation by
time and place. Income elasticity estimated from the HES data can be viewed asd
related to the pattern of alcohol consumption. Thus, it may be considered as a
specific indicator of the structure and cultutt re of a society at a particular point int
time.74

For the purpose of estimating the elasticity, one needs to specify the form of the
Engel function. Allen and Bowley (1935) used the linear Engel function for the
analyses of British family budget data. The importance of this type of analysis is mm
now widely accepted [Bewley (1982), Haque (1984), Working (1943), Wold and 
Jureen (1953), Stone (1954), Prais and Houthakker (1955), Liviatan (1961, Leser
(1963), Giles and Hampton (1985), Dunnsire and Baldwin (1999) and Stanford 
(2000)].

The choice of the mathematical function for the relationship between
expenditure on a particular item and total expenditure (income) is a matter for
careful deliberation, because the calculated Engel elasticity depends appreciably on 
the algebraic equation used. Nine alternative functional forms [as mentioned earlier
in Chapter 8, including (i) to (vii) of Section 2.1 of Chapter 3 and Share semi-log
(SSL) and Share semi-log inverse (SSLI)] were considered before selecting the best 
one. The functional form should be simpmm le and should satisfy other economic
properties as mentioned earlier.

We have fitted nine different Engel functions as stated above, using the
Weighted Least Squares (WLS) method in order to find a best functional form from
these nine commonly used alternative Engel functions. We then estimated total

74
Some authors performed the trend analysis, using the time series data. For example, Osmond and 

Anderson (1998) analysed the trend and cyclical effecff ts foff r the Australian wine industries foff r the
period 1850 to 2000.
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expenditure (income) elasticities for various alcohol items based on the selected best
Engel function, using the 1975-1976 HES data described in Chapter 3.

3.1 Choice of Best Functional Form Among Various Alternatives

In general, the adjusted coefficient of determination R
2 is used for this purpose.

But there are two problems associated with it. First, there is no justification for

comparing R
2 for curve types having (Y) as regressand and those having (log Y)

as regressand in the process of least squares estimation, because to err in (log Y) by
an amount ε  is to err in (Y) by an amount eε 7ε . Second, Cramer (1964), Prais 

and Houthakker (1955) and Prais and Aitchison (1954) have pointed out that the
sample correlation obtained from grouped data is not a satisfactory index of the 
correlation coefficient in the population, and is therefore of little statistical interest. 

Because of the above difficulties in using R
2 as the selection criterion, we have

used thd e distance fuff nction D2-criterion defined earlier in Equation (3.4) in Chapter
3.75

TableTT 11.4. TheTT D2-statistic for different Engel curves fitted 

                   to various alcohol items in Australia,a 1975 to 1976.

Functional forms 

Item L SL HYP DL LI SSL SSLI LLI DSL Best form II

Beer 0.098 0.066 0.089 0.11 0.064 0.108 0.093 0.063 0.058 DSL

Wine 0.016 0.038 0.068 0.004 0.039 0.017 0.005 0.003 0.003 DSL

Spirits 0.015 0.017 0.022 0.018 0.016 0.016 0.017 0.016 0.014 DSL

All
alcohol 0.014 0.019 0.031 0.016 0.014 0.014 0.016 0.017 0.013 DSL 

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied 
by the ABS.

It should be noted that if d such a criterion is used td o rank the various fuff nctional

forms, then D
2

and Rb
2 would give the same rankings for the same dependent 

variable. This property was also observed by Buse (1973), who defined 2
b

R when

the equation is estimated by the generalized least squares (GLS) method as          

75 Discrimination among the various functional forms can also be done by the non-nested hypothesisyy
testing procedure, and performing a parametric test on the power parameters of the Box-Cox Engel
function developed by Haque (1984). The non-nested hypothesis testinyy g procedure is not applicable 
for the present study because when we applied the MacKinnon et al. (1983) PE test we observe that in
many cases the log of negative values appear in the formula. This effectively prevents the selection of 
an appropriate functional form. The parametric test on the power parameters of the Box-Cox Engel
fuff nction is also not considered hd ere because all the nine fuff nctional foff rms cannot be nested under one
super-model.
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2
bR = 1- D2 / WTSS, where WTSS is the weighed total sum of squares divided by

(g-1). It should be noted here that the ordinaryrr  R
2

for heteroscedasticity adjd usted
data is an ad hoc statistic, which is the simple correlation between the unweighted Y 

and Ŷ . Buse’s 2
bR is based on generalized sums of squares and is an appropriate 

measure of goodness of fit for all circumstances. Buse’s 2
bR is directly related to our

distance function, D
2
-criterion. Thus, our D

2
is better than the conventional R

2
as a

criterion for choosing the best functional form from several alternatives. Moreover,

D
2

does not involve any extra problems when comparing Engel function with Y and
log Y as regressand.

The weighted least squares (WLS) method is used to estimate all nine functions,
taking the proportion of the estimated population in each per capa ita income class as
weights. All the nine Engel functions were fitted to each alcohol consumpmm tion
expenditure item separately. In all, 36 regressions were fitted.

The estimates of the D
2
-statistic of various Engel fuff nctions foff r each alcohol

items are presented in Table 11.4, which demonstrates that the double semi-log
Engel function (DSL) is the best fit for each of the individual alcohol items and fd off r
all defined ald cohols. The log log-inverse function (LLI) occupu ied second position.
The hyperbolic function (HYP) gave the poorest fit. Thus, the double semi-log
(DSL) Engel function is considered as the best function among nine different Engel
fuff nctions foff r each individual alcohol item in Australia as judged by the distance

fuff nction D
2
-criterion. This function also has the theoretically pleasing feature that it 

satisfies the adding up criterion and allows for saturation.
Earlier, Haque (1984) chose this double semi-log Engel function for the ‘all

alcohol and td obacco’ item on the basis of the D2-criterion and non-nested hypothesis
testing procedure. The results of this section suggest that the double semi-log Engel
function is the most appropriate function foff r each individual alcohol items foff r the
Australian 1975-1976 HES data.

We have also used the non-nested hypotheses testinyy g procedure due to
Mackinnon, White and Davidson (1983), which has alreadydd been discussed earlier in
Chapter 3. From the non-nested hypothesis testing procedure it becomes clear that 
DSL, LLI and LSI are accepted against all other forms taking each of them as H1.
The DSL function is accepted against all other functions. Thus, it is seen from the
above analyses that the DSL function turns out to be the best Engel function among 
the nine alternative commonly used Engel functions studied in this analyses on the 
grounds of goodness of fit and non-nested hypothesis testing procedure for various
alcohol items. Thus, the elasticityt estimates for various alcohol items are estimated
based on this DSL Engel function for the reminder of this chapter.       

4. ESTIMATION OF ELASTICITY

Only the double semi-log Engel function is used to estimate total expenditure
elasticity, because this function performed better than other fuff nctions foff r most of the
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items considered in this chapter on the basis of the goodness of fit and non-nested 
hypothesis testing procedure as shown in the previous section. The total expenditure 
elasticities were estimated at the mean values of the total expenditure and family
sizes foff r various alcohol items are estimated, using Equation (10.1) given in Chapter
10.  These elasticity estimates for married couple and sole parent households with
children are presented in Table 11.5, and elasticityt estimates for various household
compmm ositions are also provided in Table 11.6 using our new method described in
Chapter 7, which is based on the implicit Engel function derived from the
concentration Equation (7.12) of Chapa ter 7.

It is clear from Taba le 11.5 that alcohol is a necessary item for both sole parent 
and married couple households with children. However, it is seen from Table 11.6
that alcohol is a necessaryrr item for those households who have children, and it turns
out to be a luxuryrr item for households without children on the basis that its elasticitytt
is greater than 1. This provides a more accurate picture about the alcohol 
expenditure, since it considers the distribution of income among Australian
households.

Table 11.5.  Total expenditure elasticitTT ytt forff ‘all alcohol’ for various household compositionsff

at mean values: 1988 to 1989 HESEE  dataS *

* Estimated standard errors are presented in parentheses, and the number of households
on which these estimates are based are given in brackets [ ].

Source: The Australian 1988-1989 HES Unit Record Tape supplied by the ABS.

Elasticity estimates of various alcohol items are provided in Table 11.7. It is 
clear from this taba le that beer appears as a necessary item on the basis that its 
elasticity is less than 1, while elasticities for wine and spirits are significantly higher
than unityt , and hence placing them as luxuries. The elasticityt estimate for all alcohol
is 1.13, but this is not significantly greater than unityt , and hence all alcohol is
deemed to be a necessaryrr item in Australia.

We also have estimated elasticities for various alcohol items at different incomet
levels, using our new method based on the concentration curves described ind
Chapa ter 7, which are presented in Table 11.8. It is clear from this taba le that wine and
sprits are undoubtedly luxury items in Australia at all income levels. While elasticity
of beer indicates that it is a necessary item for almost all households at different
income levels except those households whose weekly incomes are less than $70. 
The combm ined effecff t of all of these alcohol items is considered to be a necessaryrr
good for Australian households at almost all income levels except those whose
weekly income is less than $100.

Household compositionsHH

Married couMM pu les with children Sole parents with children

With 1 child     0.86 (0.29)  [403] 0.42 (0.35)  [120]

With 2 children     0.43 (0.32) [711] 0.41  (0.26) [57]

With 3 or more
Children

    0.39 (0.22) [402] 0.37  (0.21) [19]
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Table11.6.  Total expenditure elasticity for ‘all alcohol’ for various household y

compositions at mean values: 1974-75HES data*

* Total expenditure elasticities at median values are presented in parentheses ( ).

Source: The 1974-1975 Australian HES data for various household compmm ositions at 
different household income levels collected by the ABS.

Table 11.7.  Elasticity estimaTT tes for various alcohol items 

Alcohol items

Elasticity estimates at

mean values*

Beer 0.93  (0.06)

Wine 2.77 (0.12)

Spirits 2.04  (0.18)

All alcohol 1.13 (0.09)

* Standard errors are presented in parentheses.

Source:  The 1975-1976 Australian HES data based on the 12 weekly
per capita income groups supplied by the ABS.

4.1 Consistent Estimates ofo Enf gel Elasticitytt

We have estimated the parameters of the double semi-log Engel function (a
single equation model), using the weighted least squares method, taking total
expenditure rather than income as one of the explanatory variables, producing 
inconsistent estimates of regression coefficients due to simultaneity of the model as
pointed by Summers (1959)76. Hence, our Engel elasticity estimates presented in the 
previous sub-section are not consistent.

76
Andrikopoulos, Brox and Carvalho (1997) also analysed the demand for domestic and imported

alcoholic beverages for Ontario, using a dynamic simultaneous equation approach. 

Household compositions Total expenditure HH

food elasticity

Head Only 1.6015    (1.6645)

Two adults no children 1.0224 (1.0508)

Three or more adults no children 1.1121 (1.0984)

Head with children 1.0170    (1.1603)

Two adults with one child 0.7074   (1.0820)

Two adults two children 1.4770    (1.2773)

Two adults & three or more children 0.5345   (0.4462)

Three or more adults with children 0.9573   (1.0825)

Total of all households 1.0203 (1.0708)
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Table11.8. Total expenditure elasticities of different alcohol items at various per capitaff

income levels

                      Alcohol commoditytt groupsWeekly per cpita 

income levels

in Australian $
Beer Wine Sprits All Alcohol*

A$ 30 1.7628 2.2064 2.3733 1.4035
A$ 50 1.4730 2.1511 2.0706 1.2810
A$ 70 1.2353 2.0975 1.8177 1.1795
A$ 100 0.9936 2.0310 1.5543 1.0751
A$ 130 0.8244 1.9722 1.3636 1.0006
A$ 160 0.6965 1.9147 1.2130 0.09431
A$ 190 0.6296 1.8757 1.1300 0.9121
A$ 220 0.5888 1.8459 1.0770 0.8928
A$ 250 0.5619 1.8212 1.0399 0.8797 
A$ 280 0.5442 1.8007 1.0140 0.8708
A4$ 310 0.5391 1.7936 1.0062 0.8681
A$ 750 0.5178 1.7387 0.9668 0.8560
Mean 1.1787 2.0832 1.7568 1.1552
Median 1.2817 2.1087 1.8675 1.1994 

* All alcohol contains all alcohol items and td obacco

Source: The 1975-1976 Australian HES data based on twelve weekly per capita income groups (these
groups are given in Footnote 22) supplied by the ABS.

In order to obtain consistent estimates of the Engel elasticities, we have used thef
instrumental variable approach.77 In this study, we have used three instrumental
variables to form an instrumental matrix Q for the data matrix X of the same order.
The three instrurr mental variaba les are measured family income, log of family income
and log of family size. It is noted that the latter variable serves as an instrument for

itself.ff  The instrurr mental variaba le estimates of coefficients ( )β((~
 foff r diffeff rent variables

can be obtained by using the Equation (3.5) of Chapter 3. It can be shown that the
instrumental variable parameter estimates obtained from formula (3.5) of chapa ter 3
are consistent, because there exists a high correlation between total expenditure (X)
and income (I), and log of total expenditure (log X) and log of income (log I) as 
shown before. The consistent elasticitytt estimates for various alcohol items are
presented in Table 11.9.

77
  Liviatan (1961) also used this method in order to get consistent estimates of the parameters.r
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Table 11.9: Consistent elasticitTT ytt estimates ofo various alcohol itemsf

Alcohol items Consistent elastiCC city estimates at mean values*

Beer 0.84 (0.12)

Wine 2.86 (0.19)

Spirits 2.01 (0.28)

All alcohol 1.03 (0.15)

* Asys mptotic standard errors are presented in parentheses.

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied
by the ABS.

The elasticity estimates presented in Table 11.9 are consistent estimates of total 
expenditure elasticities for various alcohol items. The classification of each item still
remains unaltered as in Table 11.7. Beer is found to be a necessary item, while wine 
and spirits are luxuries in Australia. The elasticity estimate for the total alcohol item
is not significantly greater than unity and hence it becomes a necessary item, 
probably because of a larger share of expenditure on beer.

5. ESTIMATION OF THE ELASTICITY INDEX 

It should be noted that the elasticity estimates presented in the previous section 
are compmm uted from a specified function at some representative value (usually the 
mean). But this representative value is arbitrary. Hence, there is no unique measurerbb
of elasticity. On the other hand, an elasticity index is a single measure of elasticity
or inelasticity of a commodity. However, it should be used with caution.  The
magnitude of the elasticity index indicates how much the elasticity of the ith

commodity deviates from unitytt over the full range of total expenditure (income). It 
is thus hoped that these estimates will describe the real picture of the quantitative 
nature of alcohol consumption in Australia, because it incorporates the effect of totalrr
expenditure (income) distribution along with the rise of total expenditure (income).

The procedures of estimating the elasticity index are provided earlier in Chaptey r
9. The elasticity indices are computed for the various Australian alcohol items, using 
the Kakwani and Podder (1976) Lorenz curve, which is described earlier in Chapter
8. The ordinary least squares (OLS) method is used to estimate Equation (8.1) of 
Chapter 8 after taking the logarithms on both sides. Table 11.10 presents the
estimated parameters of the Lorenz equation (8.1) together with the values of the

coefficient of determination (R
2
) between the actual and estimated values of V for

all the commodities. It is noted that R
2

is generally very high for all the
commodities. It is mentioned here that the original and estimated values of V are 
very close, up to two decimal places for the entire range of the expenditure.  This
shows that Equation (8.1) fits well for the Australian data.

Concentration indices and elasticity indices are also given in Table 11.10.  It is 
seen from this table that wine and spirits are highly unevenly distributed among
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individuals in Australia. While, consumption of beer is more or less equally
distributed. Elasticity indices for both per capita total expenditure and income for
various alcohol items are also given in Table 11.10.

Table 11.10. Estimates of the Lorenz funTT ction and the elasticity index of the various

alcohol items in Australia: 1975-1976

Elasticitytt indexAlcohol

items
αIααα βiβββ γI Rγγγγγ 2 ConcentrationCC

index
Total

expenditureee

IncomeII

Beer 0.3224 1.0824 1.1724 0.9728 0.2692 0.0272 -0.0726

Wine 0.4781 1.0038 0.9406 0.9978 0.4634 0.2214 0.1216

Spirits 0.5162 1.1901 1.2386 0.9675 0.3964 0.1544 0.0546

All
alcohol 0.2773 1.0129 0.9656 0.9966 0.2643 0.0789 -0.0775

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied 
by the ABS.

Table 11.11. Decomposition of the elasticity index of all alcohol with respect to its

individual items

Commoditytt

items

Per capita

expenditure

on each item

Percentage

expenditure

on each iem

Elasticitytt

idex

Contribution to 

the total elasticity

index

Percentage

contrt ibution

Beer 1.41 66.82 0.0272 0.018175 23

Wine 0.30 14.22 0.2214 0.031483 40 

Spirits 0.40        18.96 0.1544 0.029274 37

All alcohol 2.11 100.0 0.0789 0.078900 100

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied

by the ABS.

The estimates of elasticity indices for wine and spirits show that these items are
highly elastic, which means that if household income is increased by 1%, a
household is likely to increase expenditure on these items by more than 1%.  Beer
appears to have veryr small elasticity. The total of ‘all alcohol’ item is also less
elastic probably because of a large share of expenditure on beer.

The contribution of each item to the elasticity index of the ‘all alcohol’ item is
presented in Table 11.11.  If the elasticity index of ‘all alcohol’ is taken to be 100,
the contributions of beer, wine and spirits are 23, 40 and 37 respectively. Wine
contributes the highest amount of inequality of consumt ption, while beer contributesmppm
the lowest inequality to the total alcohol consumption in Australia. Therefore, for
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any future projo ection, disaggregation of the group is important for future production
estimates. These findings will also assist in setting an optimal tax on various alcohol
items, which can provide better estimates of optimal tax on alcohol than the
estimates provided by Kenkel (1996).

6. ESTIMATING THE CHANGE IN CONSUMER DEMAND

We now estimate the increase in consumer demand for various alcohol items duer
to the rise in total expenditure and changes in total expenditure inequalities in 
Australia. The new co-ordinate system of the Lorenz curve introduced by Kakwani
and Podder (1976), given in Chapter 8 is also used for this purpose. More details
about the general formulation and estimation of the increase in consumer demand
from the Lorenz curve can be found in Haque (1984).78

We have estimated the increase in consumer demand with respect to various
percentage increases in per capita total expenditure and various percentage changes 
of the Lorenz ratio by changing only two parameters (one for the total expenditure
and another for total expenditure inequality) of the Lorenz equation. There was no
effect from other parameters on the changes in consumer demand. The percentage
changes in demand estimates based on various changes of level of total expenditure
and total expenditure inequalities for various alcohol items are presented in Table 
11.12.

Table 11.12 shows that the percentage change in demand is effectively increased 
by an increase in per capita total expenditure, but also increases with the decrease of
the Lorenz ratio foff r beer and wine.  These figures however more or less remain 
unaltered with the various degrees of reduction of Lorenz ratios for spirits as well as
foff r the total of the ‘all alcohol’ item.

Earlier, Iyengar (1960b) used Indian data and showed that the percentage change
in demand would rise for necessary goods but fall for luxury goods as the Lorenz 
ratio decreased. Our results do not corroborate with his results. For example, the
percentage change in demand for wine rises due to a decrease in the Lorenz ratio,
although the elasticity estimate of this item shows that it is a luxury item.  These are
the findings, which are in direct contradiction to Iyengar’s results. This difference 
might be explained in terms of differences in consumpmm tion patterns between the
developing and developed countries. Most of the poor people in developing
countries spend any extra money on necessary items, whereas in developed 
countries, if the poor section of the population gets extra money, it is spent on 
luxury items like wine rather than on food.

In another direction, the percentage increases in demand for a commodity due to 
changes in per capita total expenditure are directly linked with its elasticity. For
example, the elasticity of beer is 1.02 and its demand rises only 55.29% for a 50%
rise in per capa ita total expenditure. But the demand rises as much as 116.06% for a
similar rise in per capita income for wine, whose elasticitytt is 1.92. It should be noted 

78
Wilson, Juniper and Lock-shin (2001) showed how to determine the inequality of alcohol consumption

using the Theil Index. 
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that these estimates are based on a simple relationship of per capita income for wine,
whose elasticity is 1.92. It should be noted that these estimates are based on a simple
relationship of per capita expenditure on each alcohol item and per capita total 
family expenditure for 12 per capita family income groups.

On the other hand, if the per capita total expenditure increases ba y 20% and the 
Lorenz ratio decreases by 10%, then the per capita increases in demand for beer andr
wine are 29.04% and 44.7% respectively. However, if one does not consider the
effect of change in the Lorenz ratio, then the percentage increase in demand for the 
above items would be 24.6% and 40.5% respectively. In general, this investigation
shows that the estimation of demand fd off r beer and wine would be underestimated ifd
the effects of income distribution were not considered. However, income distribu-
tion has no effect on the estimation of demand for spirits and  ‘all alcohol’ items. 

Table 11.12. Percentage increase (or decrease) in demand*

Percentage changes in

Lorenz ratio (100β)βββββ
Best

functional

form

chosen

by the D2

criterion

Corres-

ponding

elasticity

of thef

best

function

Commo-

ditytt

group

Percentage

increase in

per capita 

expendituree e

-10 -5 0 5 10 20

0 -4.7 -2.28 0.000 2.186 4.273 8.141 

5 1.75 4.17 6.489 8.70 10.8 14.73 

10 7.96 10.409 12.75 14.9 17.1 21.06 DSL 1.02

20 19.7 22.238 24.6156 26.882 29.0 33.04 

Beer

50 50.4 52.916 55.2905 57.546 59.6836 63.61  

0 -2.9 -1.4686 0.00000 1.4146 2.77300 5.311  

5 6.08 7.7768 9.41640 10.995 12.5114 15.35  

10 15.6 17.490 19.3097 21.063 22.7456 25.89 DSL 1.92

20 36.0 38.333 40.5438 42.672 44.7164 48.54 

Wine

50 108. 112.44 116.063 119.55 122.202 129.1

0 0.01 0.0093 0.00000 -0.0093 -0.0187 -0.037  

5 7.69 7.6850 7.67520 7.6654 7.65560 7.636  

10 15.4 15.360 15.3504 15.340 15.3299 15.31  DSL 1.47

20 30.7 30.712 30.7008 30.689 30.6784 30.65  

Spirits

50 76.8 76.766 76.7520 76.738 76.7240 76.69

0 0.01 0.0082 0.00000 -0.0082 -0.0163 -0.032

5 6.73 6.7203 6.71180 6.7032 6.69460 6.677   

10 13.4 13.432 13.4325 13.414 13.4060 13.38 DSL 1.31

20 26.9 26.856 26.8471 26.837 26.8275 26.80  

All
alcohol

50 67.1 67.130 67.1177 67.105 67.0932 67.06

* It should be noted that the effect of the family size is not incorporated with these estimates, because the

theory of the concentration curve is not yet developed for more than one variable.

Source: The 1975-1976 Australian HES data based on the 12 weekly per capita income groups supplied 
by the ABS.
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7. DISCUSSION

There are many problems in estimating the demand for alcohol in Australia using
the 1975-1976 HES data, mainly because these data are taken from a general survey 
rather than a specially designed survey. The estimated total expenditure elasticities
are affected because the grouped per capita income is used rathd er than the per capitar
total expenditure data. Consequently, the estimated coefficients of the Engel
function have lost their large sample properties and the elasticity estimates have lost
a considerable degree of efficiency. A bias is introduced in estimating the 
coefficients of the double semi-log function when using the arithmetic means as
proxies for the within group geometric means for the log X and log S variables.
Moreover, the quality elasticities of the commodities have not been estimated, since 
these data were not collected. More importantly, our estimates of expenditure
elasticities might be affected by other economic and demographic factors, which
have not been considered ind our calculations. For example, price has a significant 
effect on alcohol consumption, which was shown by Manning, Blumberg and 
Moulton (1995). They studied the differential response of price on alcohol 
consumption, which is ignored in the present analyses. Thus, a thorough analysis for
the demand of alcohol items based on wide ranging factors that affect alcohol
consumption should be undertaken for future studies.  

The following conclusions are drawn from the present analyses. The percentage m
of expenditure on alcohol beverages has decreased over the years, particularly in all
capa ital cities in Australia.

The double semi-log Engel function turned out to be the best fuff nction foff r each

individual alcohol item on the basis of the distance fuff nction D
2
-criterion. This

function has the theoretically pleasing feature that it can satisfyff other economic
criteria. This function can also easily be estimated through the WLS method, using
standard available computer software. It is observed that, on the basis of elasticity
parameters, beer is classified as a necessary item in Australia, while wine and spirits
are luxuries. All alcohol also turns out to be a necessary item, probably because of a 
large contribution of expenditure on beer, which is a necessary item.

The estimates of the concentration indices of various alcohol items show that
beer is more or less evenly distributed among individuals in Australia, but wine and 
spirits are veryrr unequally distributed. Decomposition of the elasticitytt index of all
alcohol with respect to its individual sub-items showed that beer, wine and spirits
contributed 23%, 40% and 37% respectively. These observations are important 

because the disaggregation of the ‘all alcohol’ item is essential, particularly for 
successful future production and policy purposes.

We have also estimated the percentage changes of consumer demand for various
alcohol items due to percentage changes in total expenditure and total expenditure 
inequalities. This showed that the demand for beer and wine might be increased with 
the decrease of the Lorenz ratio, but there was no effect of income distribution on
spirits and all alcohol items. These findings are very helpful for production and 
policy decisions. This is the first detailed study on the demand for alcohol items in 
Australia, and is hoped that the findings will be of interest to those people concerned 



with consumer behaviour. The results on total expenditure elasticities should interest 
market research investigators, while the elasticity indices and their effects on 
consumer demand are important in connection with production planning, health, and 
road safety policy-making purposes. This is because the effecff t of alcohol
consumption has wide ranging implications in health, road safety, criminal violencen
and other aspects of life, which can be seen from the studies of  Bradley, Badrinath,
Bush, Boyd-Wickizer and Anawalt (1998), Federal Office of Road Safety (1996,
1997), McLeod and Stockwell (1999), Norstrom (1998), Peach, Bath and Farish
(1998), and Rogers et al (2000). 
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CHAPTER 12 

CONSUMERS’ EQUIVALENCE SCALES: A REVIEW 

A recent review ofo  literature on the mf easurement ofo  consumers’ equivalencef
scale is presented in this chapter. The estimate of income elasticity based on per 

capita data is not appropriate, because the needs of the members of the household 

according to the ages and sexes vary. Thus to find a consumer unit scale, that is
exactly how many effective consumers areee there in the household, is important to

accurately estimate income elasticity, which has a wide range of policy implications.

Some of the techniques, which are usedSS to estimate equivalence scales, ared
presented here, even though none ofo  themf can be considered as accurate. MoMM re

importantlyll , the readers will yy find a proposed solution to Forsff ys th’s (1960)
identification problem, as well as how the extension of Barten’s (1964(( )4 procedure

can be used to solve Forsyth’s problem. Additionally, a few functional forms, which

are important for the estimation of ‘equivalence scales’, are also presented here.l

1. INTRODUCTION

The material well being of the household (HH) depends on its composition in 
addition to income and other factors. The word ‘household composition’ means how 
the HH is formed, i.e., what are the ages and sexes of the membem rs of the HH and
above all how many people there are in the HH. The ages and sexes of the members 
of the HH are of considerable impmm ortance in the consumer demand analysis, because 
their needs vary with these characteristics. The cost per person of maintaining a 
certain standard of living varies due to changes in these characteristics. For example, 
the cost of maintaining a newly born child is a certain fraction of a cost of
maintaining an adult. This is how the notion of consumer unit scale emerges, which 
can determine exactly how many effective numbem r of consumers are there in the
HH. In fact, these are the weighting factors that allow comparisons of economic well 
being among HHs of different types.yy

The consumer unit scale compmm rises two compmm onents. First, the income scale

measures the relative income required by HHs of different composition to maintain
the same level of satisfaction. Second, the specific scals e measures the relative
consumption expenditures on the specific item of consumption requim red by different 
HH types.



The HH need analysis also incorporates another important concept, which is
popularly known as economies/diseconomies of scale. A HH is said to enjn oy income
economies/diseconomies of scale if it enjn oys a higher/lower standard of living than a
relatively smaller HH with the same level of per consumer unit income. Like the 
consumer unit scale, Prais and Houthakker (1955) introduced the idea of ‘income’
and ‘specific’ economies/diseconomies of scale in the HH consumption analysis.
Prais and Houthakker (1955), Forsyth (1960), Singh (1972, 1973), Woodbury
(1944), Iyenger, Jain and Srinivasan (1969), Coondoo (1970), Valenzuela (1996)
and Easton (1998), etc., treated the concepts of consumer unit scales and consumer
economies/diseconomies of scale separately.

However, later authors such as Barten (l964), Bojo er (1977), Deaton and 
Muellbauer (l980), Gorman (1976), Lazear and Michael (1980), Lee (1982),
Muellbauer (1980), Nelson (l986a, 1986b, 1988), Kakwani (1980b), Tsakloglou
(1991), Chatterjr ee and Michelini (1998), Michelini (1998a, 1998b, 1999), Pashardes
(1995b), Murthi (1994) and Phipps (1998), etc., amalgamated the two different 
concepts of consumer unit scales and consumer economies/diseconomies of scale
into one single concept, which is known as HH equivalence scales. These authors
tried to equate income and various specific commodities needed by different HH
types in order to maintain a certain level of satisfaction with respect to a referencef
HH. Thus, Grootaert (1983) defined an equivalence scale as an index, which 
indicates at reference prices, the cost differential for that a HH maya  incur due to HH 
size and composition in order to reach the indiffeff rence curve of the refeff rence HH.

Such equivalence scales have many practical applications in a broad range of
areas involving the measurement of income inequality and poverty among HHs, in
the design of tax policies, as well as in setting the standards for public welfare
payments and for many other purposes. 

Economists and statisticians made many attempts to estimate consumer
equivalence scales during the last hundred years, yet none of them can be considered 
as a complete success despite their humble approach in establishing a theoretical
basis. Moreover, there is no single natural measure of consumer equivalence scales.
In this review we examine the available literatures in measuring equivalence scales.
The approach is essentially an empirical one in the sense that the estimation of a
system is formulated using the actual data. In view of data limitations, one makes
use of restrictions, which in part are of theoretical natutt re. These restrictions reduce
the dimensionality of the estimation problem and assist in dealing with certainm
shortcomings of the available data.

Empirical application requires the specification of the functional form of the
demand equations. The choice of the functional form depends on the preferences, 
aims and the vested interests of the researchers as to which approach he/she will
pursue and one is still far from a consensus on the issue of the ideal functional form.
In the past a large number of research have been devoted to the specification and 
estimation of equivalence scales. At present, it is virtually impossible to quote and 
summarize all the contributions in this field. Therefore in this review the emff pmm hasis
will be more on the essence of the approach, its possibilities and limitations.

The present state of art prevents estimating a universally acceptable unique set of 
equivalence scales. Detailed theoretical and empirical aspects of estimation of 
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consumer equivalence scales will be discussed in this chapter. There are four main 
approaches to the construction of such scales. First, the determination of consumer
unit scales for nutritional needs of different age and sex compositions will be
discussed. An excellent review of the literature in this area can be found in Visaria
(1980) together with further references therein. In this approach, needs are usually
based on physiological definitions of poverty, which vary considerably over timetyt
and across regions. Moreover, economists such as Atkinson (1975) argued against 
this concept on the grounds that ‘needs’ are social rather than physiological
concepts. The second approach is based on the use of survey questionnaires, which
are directly asked to the HHs about their needs. Kapteyn and Van Praag (1976),
Goedhart et al. (1977), Piachaud (1979, 1981) and Van Pragg and Van Der’ Sar
(1987) were the maja or exponents in this area. However, economists are suspicious
about the validity of collecting such data on the grounds of unconvincing theory.
The third approach relies upon haphazard ‘public opinion’ organized by political
pressure groups by asking people what should be the minimum survival needs of a
person and/or a child. No such study has been established yet. But actual surveys of 
expenditure do inform the public from time to time and help to establish public
opinion. Fourth, the estimation of the measurement of equivalence scales is based on
the observed expenditure of HHs. A huge amount of work has been done on the 
basis of survey expenditure data including the pioneering contributions of Engel
(1883, 1895), Rothbarth (1943), Nicholson (1949), Prais and Houthakker (1955),
Forsyth (1960), Barten (1964), Cramer (1973a), Muellbauer (1974, 1975, 1976,
1977, 1980), Bojo er (1977) and Kakwani (1977c), etc.79 From the above discussions,
it seems reasonable to estimate consumer equivalence scales based on the last
method rather than any other methods. Hence, from now on this review concentrates
on only works based on the last approach.

This chapter is organised as follows. Consumer’s equivalence scales based on
observed Household Expenditure Survey data is provided in Section 2. Section 3 is
concerned with the utility theory and consumers’ equivalence scales, while the 
translation model is presented in Section 4. The estimation of consumers’
equivalence scales based on the Extended Linear Expenditure System is given in
Section 5. Section 6 is concerned with diffeff rent types of functional forms, which are
often used to estimate equivalence scales. Some concluding remarks are provided in
the final section.

79
These works are based on consumer demand analysis. There is however another class of separate

    literature on the cost of an additional person (child) in the HH, which is familiar to demographers [see   
    Lindert (1978, 1980), and Espenshade (1972, 1984) for further references].
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2. THEORY OF CONSUMER EQUIVALENCE SCALES BASED ON

OBSERVED HOUSEHOLD EXPENDITURE SURVEY DATA 

2.1 The Engel Model 

The importance of estimating consumer equivalence scales was realized from the
beginning of the Engel curve analysis. This is because HH size and compmm ositions are
impmm ortant determinants of consumpmm tion items other than income. The measurement
of HH size is a big problem in an Engel curve analysis. One of the simplest
measures of HH size can be obtained by counting the number of individuals in the
HH and in that case the Engel relationship can be expressed as 

eij = pi ƒi (EjEEj,Sj) (12.1)

where eij, EjEEj and Sj are the expenditure on the ith commodity, total expenditure (TE) 
and HH size of the jth HH respectively; pi is the price of the ith commodity and is

assumed to be constant across sampmm le HHs; and ƒi is the special Engel function for
commodity i.

However there exists a strong positive correlation between household TE and d
size [see Cramer (l973a, p. 147)]. In order to avoid this problem, the per capita
model is

eiji / Sj = pi ƒi (EjEEj / Sj) (12.2)

This per capita model is widely used in practice, but has the disadvantage that in
a randomly selected sample EjEEj / Sj tends to be negatively correlated with the number
of children in the HH. As a result, economies of scale prevail and hence for HHs 
with the same per capita expenditure, the larger ones would enjn oy a higher standard
of living, in that they would have larger expenditure per person on luxuries. Hence,r
HH size measured by counting the number of individuals cannot be acceptable at t
least foff r the social welfare context. For these reasons, from the very beginning Engel 
(1895) himself expressed each HH in terms of total number of children (quet after
the name of a famous Belgian Statistician Quetelet), taking the newly born child = 1.
Thus, Equation (12.2) can be treated as Engel’s original curve that he deflated by a
general equivalence scale (SjS ), which can reflect HH needs. Later researchers such as
Prais and Houthakker (1955), Singh (1972, 1973), and Singh and Nagar (1973) have
considered the adult male as a standard member of the family and tried to attach
different weights to individuals of different age and sex of the HHs. This procedure
can be described ad s foff llows.

Suppose lthltt  type of age-sex member in the jth HH is denoted by jlb then total

number of consumer units in the jth HH is given by
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=
l

jljlj bS λ (12.3)

where jlλ is the relative weight for the lthltt age-sex type of members of theyy jth HH

compared to the HHs’ adult male whose weight is set to unity. These weights are
known as equivalent adult scales.

Later Sydenstricker and King (1921) introduced the idea of using specific scales
one for each commodity. They even tried to estimate these specific scales with the
parameters of the Engel curves. This concept was totally ignored until Friedman
(1952), Prais (1953b), Prais and Hounthakker (1955), etc., explored the issue for
further investigation.80 In their approach, the formulation of a general Engel function
can be expressed as

)/(/ iiiii SEfiiifpSe = , for all i,   (12.4)

where bS lilii =
1

λ foff r all i.

Here we omit the subscript j for HH; and liλ is the specific consumer unit scale 

foff r the lthltt  type of age-sex number of the HH for good i.81

The welfare measurement of the Engel model is usually based on the proportion
of a household’s TE spent on food. It has two propositions, viz., (i) the proportion of 
expenditure on food decreases as TE of the HH increases, and (ii) the average
propensity of food consumption is lower for smaller HHs than larger HHs at the
same level of TE. These two propositions do not guarantee the same level of welfare
foff r those HHs with the same foodff share but different HH compositions [Vide., 
Nicholson(1976)]. Nicholson (1976) argued that the food share approach overstatedt
the level of income required to maintain a certain level of material well-being for
those HHs serving an extra person (like a child) compared with those not having that 
person. Deaton and Muellbauer (1986) showed mathematically that the truerr
equivalence scale must be less than or equal to the Engel scale. However, if that 
extra person has substantial impmm act on all other expenditure items such as transport,
clothing and housing, etc., then it is difficult to establish the direction of the bias for
the Engel scales. Finally, it should be mentioned that this is a single equation model,
and Tsakloglou (1991) showed under certain conditions how Engle’s model can be

80 An excellent review of the literatut re on economic consumer unit scales can be found in Woodburyc
(1944) and Prais and Houthakker (1955).

81 Allen (1942) indicated that it might be possible to111 construct adult equivalent scales for HHs consisting
of parents and children, but not possible if an extra adult is added to the HH, Hence he concluded that 
the device of scale of equivalence is unnecessary and possibly misleading.
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used to estimate the consumers’ equivalence scales for different HHs compared to a
reference HH in order to maintain the same level of satisfaction for all types of HH.

2.2 TheTT Rothbarth ModelMM

The Rothbarth model is also a single equation model. Under certain conditions
this model can also estimate the need of a different HH compm osition to maintain a 
constant level of well being compared to a reference HH [see Tsakloglou (1991)].
According to this model all the consumption goods and services can be divided into
two groups, viz., (i) goods and services consumed only by adults (known as ‘adult 
goods’), and (ii) those which are consumed jointly by adults and children (known as
‘other goods’). Here the measurement of the HH welfare is determined based on the
level of expenditure of ‘adult goods’. The proposition here is that HHs with the
same number of adults are assumed to enjn oy the same level of material well-being if
they spend the same amount of money on adult goods irrespective of their sizes and 
TEs. So the whole basis of the Rothbarth model lies on the assumpmm tion that there
exists a set of ‘adult goods’, which are demographically separable from children.

However, Deaton, Ruiz-Castillo and Thomas (1989) showed that this
separability, which is necessary for Rothbarth’s method, is far from sufficient for itsth
validity. They proved that demographic separability is consistent with a number of a
preference structures and that only one can be considered to be consistent with the
Rothbarth approach. Rothbarth (1943) himself used almost all luxury goods
including savings as an adult good. Later authors such as Nicholson (1949)
estimated income differentials (or the cost of a child) rather than income scales by
fixing them at zero for children’s specific coefficient for certain commodities like
adult’s clothing, tobacco and drinks, etc. In principle Nicholson’s approach is sound
and it is one of the valid techniques available to estimate the consumers’ 
equivalence scales. Cramer (1973a) applied this technique to the British Household 
Expenditure Survey (HES) data using the double logarithmic Engel function and 
found the empirical results are disappointing especially for drinks and td obacco. This
is probably because the commodities concerned are liable to huge variations as well 
as the presence of observational errors in those commodities.

Later, Barten (1964), Gorman (1976), Pollak and Wales (1981), and Li and 
Victoria (2001), etc., indicated that children maded goods, which are shared with
them relatively more expensive than pure adult goods [this proposition was not 
accepted by Muellbauer (1977)]. In that case, a HH compensated for the costst
associated with the addition of a child will consume more on ‘adult goods’ than
before the child’s arrival. The Rothbarth model will pay compensation only to the
point where consumption of a pure adult good is unchanged.

Hence, Rothbarth’s equivalence scale is too low. Gronau (1985) pointed out that 
if parents derive utilities from the consumption of their off-springs then their mppm
marginal propensity to spend on adult goods is likely to reduce by the addition of a 
child. If the Engel slopes are affected by this and ignored, then the Rothbarth 
equivalence scales will be very small, since with the reduced propensity to spend,
larger compensation must be paid to restore any given level of adult expenditure.
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This suggests that this model would be appropriate with circumspection when the
presence of child is likely to cause a substitute for adult goods. Sen (1984) pointed 
out that Rothbarth model is reasonably good to examine the sex bias. 

Deaton and Muellbauer (1986) assumed that all non-food is an adult good and
showed mathematically that the Rothbarth scale is less than or equal to the Engel
scale. Tsakloglou (1991) tested their underlying assumptions on the same data set 
(Greek HES conducted in 1981-82), using the same structure of demand equations, 
so that no difference in the size of the equivalence scales can be attributed td o the
demand structures. His results show that Engel scales are significantly higher than
Rothbarth scales. After Rothbarth’s work, a pioneering model formulated by Prais
and Houthakker (1955) received considerable attention in estimating consumers’ 
unit scales, which dominated the field in the next two decades. This method id s now
in order.

2.3 TheTT Prais and Hd outhakkeHH r ModelMM

Prais and Houthakker (1955) incorprr orated HH compmm osition as a determinant of
the consumption pattern and rediscovered the concept of the consumer specific
scales originally introduced by Sydnestricker and King (1921). According to the 
Prais and Houthakker (PH) method, individual age-sex member types are given 
different weights for different specific items. They have also introduced a concept of t
an overall ‘income scale’. They further generalized their model by incorporating the 
concepts of income and specific economies/diseconomies of scales. Thus, the 
fundamental PH model of expenditure per effective consumer unit on commodity ir
to the standard of living of the HHs is measured by the level of income per
consumer unit and can be written as

{ }]}}]]]}/[},/{ 00θ {{{EfSe ifffifiii = (12.5)

where ei, E and Si are defined earlier in Equation (12.4) and So = l bl; l can be

described ad s λl in Equation (12.3) for income. The quantity {l - θiθθθθ } is the measure of 

specific economies of scale and {1-θ0θθθ } is the measure of income economies of scale. 

If there is no economies of scale for a particular commodity i, then θ i = 1, and if 

there is no economies of scale in the consumption of any commodity then θ 0 = 1.
Estimation of specific and income economies of scale can be obtained satisfactorily
by the method given in Prais and Houthakkes (1955), if the effective consumer unit 
scales are provided appropriately. Thus the maja or problem is to estimate the 
consumer unit scales, and hence this section is mainly concerned with a simplified 
PH model that incorporates the consumer unit scale and is given by

ei / Si = f i  {E / S0) (12.6)

where all symbols are defined earlier. Among many others, following are the main
feff atures of the PH model.
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(1) This model analysed the demand for each good separately and 
without reference to the utility maximization. 

(2) This relies on a single equation rather than a complete system
approach.

(3) Income scales are the weighted average of the corresponding specific 
scales, the weights being the budget shares of the commodity
concerned by the appropriate equivalent adult scales.

(4) Income and specific effects are in general of an opposite sign due to
an increase in HH membem rs.

(5) This is an under identified model.

The identification problem makes it impossible to get a unique set of consumer
unit scales. Prais and Houthakker (1955) did not realize the identification problem of 
their model, because they succeeded in estimating specific scales assuming income
scales to be unity for all household type.

It was Forsyth (1960) who first pointed out that the relevant specific scalest
couldn’t be identified when the budget constraint needs to be satisfied. Later,
Cramer (1973a) mentioned that 

…no amount of infoff rmation about observed Ed ngel curves will render these coefficients
determine.

Their argument was based on an algebra exercise for a mathematical
specification of an Engel curve of Equation (12.6), which is summarized below. The 
budget constraint asserts that the sum of expenditures on all commodities must equal
TE, i.e.,

Σei = E: for all HH compmm osition vectors,                           (12.7)

If TE varies and HH composition remains unaltered then

1=
∂
∂

E

ei ; for all HH composition vectors.                     (12.8)

Similarly, if HH composition varies and TE kept constant then from Equation
(12.7), we can write

0=
∂
∂

b

e

l

l

l

foff r all l. (12.9)

Putting equations (12.8) and (12.9) in  Equation(12.7), it can be shown that 
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li
l

ilil
l

SE

Se
λlλλλλλ=Λ

)/(

/(

0

(12.10)

This shows that income scale lΛ  is the weighted average of the corresponding

specific scales iλ  for all i, the weights being the budget shares for all the

commodities taken under consideration corrected by the appropriate equivalent unit 
scales.

Forsyth’s argument states as follows. There are, only (N-1) independent Engel
functions for any HH of a given composition if the budget constraint, i.e. Equation
(12.7) holds good. Because if consumption of a HH at a fixed level of E is compared f
with another HH who may have an additional age-sex member type, there will be
only (N-1) independent comparisons of the respective Engel functions from which 
(N+1) parameters [N for specific scales and 1 for overall income scale] are to be
estimated. However, Equation (12.10) can be used to reduce the number of
parameters by one. Thus, the system of equations is left for solving N unknowns
from (N-1) equations, which is indeterminate. Also it can be shown that Forsyth’s
specification of the constant elasticity Engel function for solving the consumer unit 
scales problem suffers from an identification problem too.

2.3.1 A Proposed Solution ofo  the Forsf ys th’s Problem

A generalised Engel function, which satisfies the budget constraint, can be 
expressed as

)/()/(/ 00 SESESe iiiii φβα += (12.11)

or )/()/( 00 SESSESe iiiiii φβα += (12.12)

where αi and βi are the parameters of the Engel function and φi (E / So) is such that 
the budget constraint holds good, i.e., Equation (12.7) implies that 

i

αi Si = So

and
i

βi Si = 0                                                                                     (12.13)

Differentiating (11.13) with respect to bl, we get

αiλi1 = Λl

(12.14)

andd βiλil = 0l
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Equation (12.14) shows that there are two restrictions on λil for any one l

commodity. This shows that a given Engel function, which can satisfy the budget 

constraint, should have a determinate system of equations involving λil ‘s and l Λ1.

This is because for any i there are exactly (N-1) independent λil ‘s [the residuall λil,

and Λi can be determined by Equation (12.14), which can be compared with exactly
(N-l) independent Engel functions for consumer expenditure HHs of different type]. 
This shows that Forsyth’s conclusion is not valid in general.

2.3.2 Illustrtt ations with Linear FunctionsFF 82

Estimating two sets of coefficients for a linear function, which satisfies the 
adding-up criterion, can be achieved by an iterative procedure, which is similar to
Prais and Houthakker (1955).

Let us suppose that the Engel function is given by the following equation

Λ
+=

l
ll

ii

lli
l

i

b

E

b

e βα
λlλ

; or all i ;

or              b

bE

e
lli

l

l
llii

i λ lλ

βα
=

Λ+ /

or b

bE

e
lli

li

l
lli

i λlλα
γ

=
Λ+ /1

where iii αβγ /= . .

Now suppose, we start with an initial value of Λ1 = 1 foff r all l, then bll
l

Λ = So

(HH size)

Therefoff re LLiiiiii
i

i bbb
M

e λLλLαλiλαλiλα
γ

++==
+ 1111

1
;

82 A similar illustration can be made with the Working (1943) Engel function, which is later
     generalised and applied by Leser (1963).
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where M = E/So can be compmm uted for every HHs. Then try different values of γiγγiγiiγ and

foff r each trial value of γiγγiγiiγ  regress [ei / (l+γiγγiγiiγ M)] on b1, b2 ......... bL, and choose that γiγγiγiiγ
foff r which the coefficient of determination R

2
will be maximumm m.

Therefoff re ili
i

i Max λiαα ˆˆ* =

α

λα
λ

ˆ

ˆ
ˆ

*
i

ilλλλi
ilλλλ =

This should be done for every i, and 1Λ̂ to be compmm uted from the relation

=Λ
i

ilil λlλβ ˆˆˆ , for all l;

where iii
γiiγαβ ˆˆˆ = .

This process will be repeated for each household and for every item until 
convergence is achieved, although convergence does not guarantee identification of
the equation. Singh (1973) also indicated that there is a convergence problem for
some of his data analysis.

The above discussions clearly indicate that there is a substantial controversy
about the identifiability of the PH model. Under this circumstance, the following are
the ways to avoid the identification problem of the PH model and give an indicationm
to estimate both the ‘specific and income scales’. 

First, identify some items such as adult’s clothing for which adult’s specific
scales are zero, as a-priori information to estimate the remaining specific scales and 
income scale. This approach was originally introduced by Rothbarth (1943) and later
used by Nicholson (1949), Henderson (1949), Garganas (1977), Deaton and 
Muellbauer (1986), Gronau (1985), Bradburyr (1989a, 1989b), Deaton Ruiz Castillo
and Thomas (1989), and Barnow (1994).

Second, nutritional information on food requirements can be used ad s a basis forff
various food scales. Other commodity specific scales can then be estimated 
conditional upon these food scales. Food scales used for this purpose have very little 
credibility, because these do not reflect the average pattern of consumption in a 
society. Despite this problem, Muellbauer (1980) considered this to be ‘worth
serious consideration’ and used this information for British HES data. Earlier Howe
(1974) also used this technique to estimate consumer equivalence scales.

The third method is based on a regression of expenditure on HH compmm osition.
This means it ignores the effect of standard of living on a certain consumption item
say ith item (say, salt) whose Engel elasticity = 0. Under this situation, we can write 
the following expression. 
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l
lili be )/( λ = Constant = ci, (say)

Therefore, LiLiii bcbcbce λλλ 1221111 +++=

Now regress e
i
on {b1, b2 ........, bL), and accept ili

i
i cMaxc λi

ˆˆˆ = , which gives

iiiil cc ˆ/ˆˆˆ
1λλ = (12.15)

Other specific scales can also be estimated whose elasticities are approximately 
= 0. This method is generally satisfactory for necessary goods, but it has no value 
for luxury goods. However, using a-priori infoff rmation foff r some items based on this
method, income and specific scales for other items can be estimated. Kemsley
(1952) and Quenouille (1950) and others applied this method for their analysis. Theth
beauty of this approach is that its estimated coefficients can be examined through
the statistical tests.

Despite the problems associated with the PH model researchers around the world
still estimate consumers’ equivalence scales, using their method, and incorporating
price information. Later, authors estimated consumers’ equivalence scales based on 
the utility theoryrr , which is described below.

3. UTILITY THEORY AND CONSUMERS’ EQUIVALENCE SCALES 

Consumers’ equivalence scales can be constructed for different HH compmm ositions
through the utility functions. For example, suppose the utility function of a selected 
standard HH is given by 

U = U (Q, S, Z) (12.16)

where Q is a vector of commodities consumed by the HH, S is the vector of the HH
compositions of each age and sex category, and Z id s a vector of other relevant
covariates such as seasons, regions, education and occupation, etc. Associated with
this utility function, there is a cost function (C), which gives the minimum
expenditure. Under this situation if E is required to attend U at prices P for a given S
and Z then the following relation holds.

C (U, P, S, Z) = E                                          (12.17)C

If Uo and Po are some reference utility level and prices then in order to maintain

the same level of satisfaction, then the additional cost of a certain HH type Sh with

Zh covariates compared to a reference HH type S° with Z° covariates, can be
expressed as
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Mh = C (Uo ,Po, Sh,Zh) / C (Uo, Po, So, Zo) (12.18)

This ratio is popularly known as the equivalence scale.83 In order to avoid
identification problem of the separate influence of S and Z, we have to assume that S
and Z are independent since both S and Z differ across HHs. Equations (12.16) to
(12.18) involve direct utilities and are unobservable, but they can generate a
corresponding system of demand functions which can relate observable expenditures
on goods to total expenditure, prices and HH compositions. For example, Hicksian’s 
compensated demand functions can be written as 

( )
p

C
qp

i
ii log∂

∂= (12.19)

and Marshallian demand functions can be obtained by substituting v (E, P, S, Z) for
direct utility U (Q, S, Z),  i.e.,

( ) ( )f
p

ZSPvC
qp

i
ii log

],,,[
=

∂
∂

= (12.20)

This approach is criticised by Pollak and Walesk (1979, 1981), Fisher (1987),
Fisher and Shell (1971) etc., [see also Deaton (1982) and Deaton and Muellbauer
(1980, 1986) for a critique of Pollak and Wales]. They argued that this method is not 
appropriate for welfare comparisons, because the addition of an extra person leads
the HH to change their consumption as well as their utility indifference curves. They
refer the preferences of the HHs as ‘conditional’ and ‘unconditional’ depending on
the given HH composition variables or not; and the associated preferences are calledana
‘conditional’ and ‘unconditional’ equivalence scales respectively. The ‘conditional’
equivalence scales can be estimated from the conditional demand systems, using
some identifying assumptions. Blundell and Lewbel (1990) showed how these
assumptions vary across demand models and forms of the HH compositions that 
give different sets of equivalence scales [see also Whiteford (1984) for different sets
of equivalence scales based on different models]. On the contrary, Pollak and Wales
(1981) argued that ‘unconditional’ equivalence scales are appropriate for welfare
comparisons and should be considered in the longrun, because HHs are the decision
makers about their labor supply, inter temporal consumption patterns, inter-
generational transfers, as well as compositions of HHs.

However, such a broad concept of welfare may not be useful for most practical
policy implementations. In this context, Deaton and Muellbauer (1986) favoured the
narrow concept of welfare, which assumes that the overall welfare function is
separable into a number of sub-utility functions. This sub-utility function can thenff

83 Deaton and Muellbauer (1980, 1986) provided a generalized version foff r the estimation of an
    equivalence scale based on a utility function.
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take care of most of the variaba les mentioned in the preceding paragraph. Some of 
the very popular models, which are used to estimate equivalence scales based on
utility theory are given as follows. Each of these models are assumed to have a fixed
structure of preferences, which remains constant across HHs, although allowance is
made to varyr  some parametric changes in the foff rmumm lation of demand fd uff nctions.

3.1 TheTT Barten ModelMM

Barten (1964) was the first who to use the utility theory to estaba lish the
relationship between commodity demand, income and HH compositions, etc. He 
argued that quantities consumed of the bundle of goods and services should be taken
as ‘standard of living’. This is because a HH is said to have higher level of utility if 
it consumes higher quantity of one or more goods and services for a given identical
preferences and market prices. He showed how his theoryr could be used to analyse
the different needs of different HH compmm ositions for various goods and services. He
defined the HH utility as

;.........,2,1, ni
s

q
UU

i

i == (12.21)

where qi is the quantity of the ith commodity of the HH and si is its specific scales,

which takes into account the effecff t of the ith HH age-sex type (bl) on the utility
derived by the HH from a unit of the ith commoditytt , which can be expressed as 

( ),ss ii = i = 1, 2, …, N; and l = 1, 2, …, L

Now for a given age-sex type, TE and market prices (pi), the HH maximizes the
utility function (12.21) subject to the budget constraintt

=
s

q
pE

i

i

i
i
* (12.22)

where spp iii =*
 is the shadow price. Under the equilibrium conditions, the 

commodity demand functions can be written as

( )Ep((qsq iiii ,*= (12.23)

From Equation (12.23), it is possible to derive the elasticity of demand with
respect to HH composition for the jth HH, and it is given by
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∂∂
∂∂

+
∂
∂

=
∂
∂

j jjji

jiij

ii

ii

ii

ii

bSp∂∂∂pq

Sbqp

bS

Sb

bq

qb
(12.23a)

This shows that the overall effecff t is the weighted sum of the specific effects, 
weights being the price elasticities of demand for commodityt  i. It can also be seen
from the overall effect that a change in the HH compmm osition can be translated into a 
pseudo-price change.

3.1.1 Barten’s Solution to Forsys th’s Problem84

Barren (1964) reformulated the equivalence scales in the traditional Engel curve 
as (12.6), i.e.,

=
S

Ef
S

e
i

i

i

0
,  i = 1, 1, 2, 3, ….., N.          (12.24)

where S0 and S i correspond to the effective number of consumer units of HH with

respect to overall ‘income’ and ‘specific’ scales respectively, and are defined by

( ),SS kk =     k = 0, 1, 2, …., N;          (12.25)

where bi (i=1, 2  ....., L) is the number of persons of the ith age-sex tyt pe in the HH. 
The partial derivative of ei with respect to bl is given by

∂
∂

−
∂
∂

=
∂
∂

l

ii

l

i

i

i

l

i

b

S

S
e

b

S

S
e

b

e 0

0

η
(12.26)

where ηi is the partial income elasticity with respect to ei . Now multiplying (12.26)

by
e

b
i

l we have

liilil ggfiii 0η−= ;  i = 1, 2,  .....,N; & l = 1, 2, …, L;      (1.27)

where lilil gandgfiii 0, are (partial) elasticities of ei , S i and S0 with respect to bl

respectively.

84
In his original paper Barten (1964) used qi,the quantity consumed of the commodity i, instead of ei, the

expenditure made on the ith commodity.
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Multiplying (12.27) by Wi = share of the expenditure on the ith commodity and 
summing over i, we have

oliiiliili gWiiiWgWiiiWfiiiw ηiiη−= (12.28)

However, by equations (12.8) and (12.9) for the budget constraint, it is implied 
that

;0=fW ili
i

foff r all l  (12.29) l

andd 1=iiWiiiW ηiiη ; (12.30)

where =
E

e
W i

i

Thus from Equation (11.28), we have

=
i

iliol gWiiiWg foff r all l   (12.31)  l

i.e., the income scale olg  is the weighted average of the corresponding specific

scales ilg for anyff 1; the weights being equal to the share of the expenditure for the

ith commodity.
Therefore, Equation (12.27) can be written as

−=
i

iliiilil gWiiiWgfiii η ; (12.32)

The system of Equation (12.32) involving ilg unknowns can be written in

matrix notation as

F = [I- η W/ ]G; (12.33)

where F = [fiffif l] and G = [gil] are NxL matrices, η = [η i] and W = [Wi] are Nx1; and 

I is the NxN identity matrix.

It can be shown that the matrix [I-η W/] is singular because of (12.30), and 

hence G cannot be solved uniquely for a given set of estimates of [F] and [η ].

Muellbauer (1980) pointed out that this result is valid not only in the neighborhood
of a given point, but also extends to the wider set of points for which the matrix [I -

ηW/] is continuous and of rank N-1.
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At this stage Barten suggested to delete a row of F, the corresponding row and 

column of [I- ηW/], and the corresponding row of G in order to reduce the matrix [I

- ηW/] of full rank. The deleted row of G can be estimated by using the estimates of
other rows and rd estrictions. Thus Barten concluded:

Forsyth’s objb ection against the traditional method is not very difficult to overcome.

However, Barten’s above solution to Forsyth’s problem is dubious. This is
because, if the kth row of G has been deleted, the solution of (N - I) elements of any
column of G from the reduced system of equations is identical to that of (12.33).

This impmm lies that Barten assumes gkl to be zero foff r all l (for a particular k).l

Clearly the solution of gkl ( ki ≠ ) and 0=gkl satisfies the k equations.

Now from Equation (12.29) we can write

−=
≠ki

ilikkl f iiiWiiiWWfkkkf )/1( foff r all                  (12.34)

Further from (12.27) we can write

kjigWgf
j

jljWW jiililffifif ≠−= ,;ˆ η foff r all l                 (12.35) l

where gil
ˆ are solutions obtained frd om the truncated system assuming; 0=gkl .

Substituting (12.35) in the right hand side of (12.34), we have

.ˆ)/ˆ()/ˆ()/ˆ(

ˆ

]ˆˆ[)/1(

lallforgWgWWgWg

W

gW

W

gW

gWgWWf

olkkWWkWolkkWWkkWWkWolkWWkol

kWWk

i kk j
jljii

kWWk

ki
iliWWiW

kj
jljiil

ki
ikWWkklff kf

ηηkkη

ηiiiη

η

−=−+−=

W iiWWiW ηiiiη−
+

−
=

−−=

≠≠kkk j≠

≠≠

Hence ilĝ ( ki≠ ) and 0≠gkl  satisfyff the kth equation for all l. Therefore,

Barten’s solution to Equation (12.33) is satisfied by all the row vectors except one
which is null. If a row vector of G is null then there is no way of revising the values

of its entities without changing the values of the rest of the ilg ’s. Muellbauer

(1980) also pointed out that even after deleting one row and column in 

[I - ηW/], the remaining matrix is still singular since

CONSUMERS’ EQUIVALENCE SCALES: A REV W

l



206

2

=
=

ηi

n

i
iW if η i = 0

Earlier this point was also made by Singh and Nagar (1978). This implies that
Barten’s procedure cannot give the unique solution and hence we cannot identifyff

ilg ’s and olg ’s from his formulation of the demand system.

3.1.2 Extension of Barten’s Procedure for a Solution of Forsyth’s Problem

Coondoo (1972) extended Barten’s analysis to solve Forsyth’s problem. He used 
the restriction given in (12.31) in order to derive another restriction. He argued that 
the gil’s remain unaltered in response to a partial change in E.  However, the gol’s
may change as a result of budget reallocations arising from such partial changes in
E.  But from (12.27) we have

0=
∂

∂
E

g∂∂∂ggol

i.e. income scale is invariant with respect to changes in E. Moreover in order to
satisfyff (12.27) and (12.31),  we have

olil
i gggg

E

e
=

∂EEEE∂E

∂
foff r all l  (12.36) l

which must be true.  Equation (12.36) can also be expressed as

olilii ggWiiiW =ηiiη ,   for all

or 0=− olilii ggWiiiW ηiiη

or 0=− iliilii gWiiiWgWiiiW ηiiη

or 0]1[ =− ilii gWiiiW η[[ηη foff r all (12.37)

Thus, for some i if Wiη i ≠ Wi, we have an independent restrictions on the gil’s in

(12.37). In such case (12.27) together with (12.37) yields a set of N independent 
equations for solving gil’s for l, gol can then be calculated by (12.31).  Actually, G
can be solved frd om

CHAPTER 12

l

l

l



 207

GWIF ]ˆ[ ηWWηη−= (12.38)

whereη̂ is the diagonal matrix with η i being the ith diagonal element.

Obviously, ( ηη ˆWηηWI − ) is in general non-singular. Therefore the estimated

solution of G is unique and is given by

FWIG 1/ ]ˆ[ˆ −−= ηη (12.39)

If we pre-multiply (12.38) by W/ it can be shown that G obtained from (12.38)
can satisfy the restriction in (12.31), i.e.,

0
// ˆ gGWGW == η

where go = [gol], a vector of order lxl for income scales since W′F = 0 by (12.29).
The solution of Forsyth’s problem for a general Engel function, which satisfies

the adding up criterion is now illustrated below. 
Suppose, the form of the Engel function is expressed as

)/()/()/( 00 SESESe iiii φβα += for all i, (12.40)

or )/()/( 00 SESSESe iiiii φβα +=

where Sk =k Σgklblbbl, k = 0k , 1, 2 ....., n; and αi and βi are the parameters of the Engel

function, and φ (E/S) [ ≠ 0 at least for some E ] is such that the adding-up criterion
is satisfied.

In order to satisfy the budget restriction, i.e., Σ ei = E, we must have

SS ii 0=α

and 0=iiS β
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This means olili gg =α (12.41)

0=ili gβ

Now for given (12.40) and (12.41), if comparisons of consumer expenditure of mm
HH of different composition types are made, there is a determination system of 
equations involving gil’s and gol’s foff r each 1; we have (N-I) independent gii’s [the
remaining gii and gol can be estimated from (12.41)] and hence there is exactly (N-1)
independent comparisons of Engel functions. The method illustrated in Section 3.1.2
can also be appa lied to estimate the consumer unit scales for those functions, which
satisfy the adding-up restrictions such as the linear function, the Working (1943)
function and the double semi-log Engel function introduced by Haque (1989b). 

Muellbauer (1980), Pollak and Wales (1981) and Lewbel (1985), etc., studied the
PH model extensively in terms of utility and cost functions. Muellbauer (1974,
1980) showed that the model could only be valid if the HH utility is of Leontief
type, and the compensated price elasticities are all zero. He also criticized this model
on the grounds that marginal rates of substitutt tion are not defined as well as
symmetry and concavity constraints, which are the main basis of the utility theory
and are lacking here. PoIlak and Wales (1981) and Lewbe1 (1985) on the other hand 
incorporated the price effect in the model and showed that this modified PH modelt
can be consistent with the utility theory if the direct utility function is additively
separable. However these restrictions are hardly met by the HH consumption
behavior and hence jeopardize the entire basis of the PH model. Chavas (1989)
however derived the necessary and sufficient conditions in order to make the PH
model consistent with consumer theory and also established its validity on
theoretical grounds.

Functions can be used td o measure the welfare compmm arisons between HHs. Deaton
and Muellbauer (1986) expressed the Barten model with the vector of demographics
B as

 u = u[qi/si(B)]; i= 1, 2  .....n;                         (12.42)

where u is the measure of welfare of a reference HH and qi/si (B) is the actual
consumption of the reference HH. The quantity si(B) = 1 if no extra person
consumes the good, and it would be 2 if the extra person consumes exactly the same
amount as before. The cost of the demand functions can be derived as follows,
assuming qi = {Qi/si (B)} as the objb ective of the utility with effective prices pi = pi si

(B)

x = c [u, pisi(B)]                                   (12.43)
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and         qi = sihi [u, pisi(B) ] (12.44)

There are two main feff atutt res in these equations viz., (i) scaling up the reference 
demand by ‘si’ corresponding to the needs due to the addition of an extra person in 
the HH, and (ii) the substitution effects on demand that occurs when an extra person
in the HH alters the effective prices of the reference HH goods.

This model is quite general yet it fails to answer questions like what happens if
the reference HH does not consume certain goods or a HH with an extra person does
not consume the good through substitution effects. Gorman (1976) incorporated 
these problems by adding fixed costs of extra persons in the Barten’s model in the 
following way

 x = c [u, pisi(a)] = Σpjpppjdjddjj(B),  i = 1, 2, …., n                       (12.45)

where d’s are fixed costs associated with the demographic vector B. It should be
noted that fd off r the refeff rence HH all d’s are zeros due to the absence of extra persons.

4. THE TRANSLATION MODEL 

The demographic translation model was first introduced by Pollak and Wales
(1978), which assumes different ‘pre-committed’ quantities of each good. The direct
utilitytttyy function is thus given by

)( ii kqUu −= ,  i = 1,2  .........,n (12.46)

where ki’s = 0 for all i for the reference HH. A household requires less than the
refeff rence HH to have the same level of welfare if the ki’s are negative.

Now let qi* =qi - ki

and E* = E -d
i

pi ki

Therefore, maximizing the utility function (12.46) subjb ect to pq* = E* yields the
demand fd uff nction of the foff rm

qi = ki + qi (E*, p)                                      (12.47)

This implies that HHs other than the reference HH first purchase ki foff r all i
commodities and thd en allocate the remaining budget money in the same manner as
the reference HH. Hence to attain a certain level of satisfaction, the non-reference

HHs would require an additional cost of Σpiki. Unlike Barten’s model, the
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translation model can handle the case where the reference HH does not purchase a
commodity, but other comparable families do.  In a way, the translation model is
similar to the PH model because the overall effect of an extra person enters through
the TE variable. There is no price like substitution effect in the model. This model
does not take into account the cost differences among various HH types. As a result,
empirical fit of the model is expected to be veryrr  poor [see Pollak and Wales (1981)].

Gorman (1976) combined the translation and Barten model into a single
expression and replaced the original demand system by

qi = ki + si [qi (E* , p)]                                       (12.48) 

Note that the translation model can be obtained from the above equation if si = 1
for all i. Similarly, the Batten model (scaling model) can be obtained if ki = 0 foff r all
i. This specification can also be obtained from the original demand system by first 
scaling and then translating.

The ‘reverse Gorman’ specification can be obtained by first translating and then
scaling, which gives the demand equation as 

qi = s
i [ki + qi (E*, p)]                                      (12.49)

which satisfies the first order conditions corresponding to the direct utility fuff nction

u = U (qi / si) - ki;  for all i=l,2....n

Bradbury (1992) generalised the translation model assuming that the demand for
a commodity in the HH j has two components namely demographic (bij) and
reference (q*ij).  Therefore the total demand for HH j is given by

qij = bij + q*ij

The utility function of the HH demand was assumed to be separable and can be
expressed as

ujuuj = U (u1,u2) (12.50)

where u1 = U (blj, b2j2 ,  .......), and 

u2 = U(q*lj,q*2j2 , ........ )

The utility function (10.50) should be maximised subject to
i

pi (bij + q*ij) = E.
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According to Gronau (1987) TE, E can be divided into the consumption of an
extra person in the HH as

E1 = Σ pi nij , and

E2 = Σpi q*i

The cost of consumption for an extra person enters into the welfare function 
through u1, which will varyr with family compositions and hence incorporates the
factor of economies of scales. The utility fuff nction u2 incorprr orates the costs of
children to the extent their consumpmm tion is allocated to nij rather than the qi*.

Bojer (1977) first indicated that the measurement of welfare using the Barten
type functions rests on the assumptions: (i) that there is a one to one correspondence 
between the utility level of one HH member (head) and the utility level of all
remaining members; (ii) that the distribution among the members within HH is
equitable; and (iii) an increase in income of any member of the HH will benefit all
the members of the HH; which might not be necessarily true. He incorporated all
these problems and showed how the Barten-type function can be derived from a
simple model of distribution for decision-making and joint consumption of the HH. 

He pointed out that there is no general valid equivalent scale except one set of 
scales for every level of income. The theory is analogous to that of constant utility
price indices and the usual index formulae apply when consumer unit numbers are 
known. However, such consumer unit numbers are generally not known and hencembb
he used a method of approximating the true equivalence scales, using budget rr
percentages of foodstuffs of different HHs, which has often been taken as an index
of welfare. He argued that such approximation is necessary, because Muellbauer 
(1975) indicated that consumer unit scales couldn’t be identified from HES data.

5. THE EXTENDED LINEAR EXPENDITURE SYSTEM (ELES)

The Barten and Translation models need price variation for identification
reasons. Prices are assumed to be constant in a single year HES data. Lluch (1973)
extended the Linear Expenditure System (LES) in such a way that there is enough
restrictions to estimate the Barten parameters without price variations. Kakwani 
(1977c), Officials in Social Welfare Policy Secretariat (1981), and Binh and 
Whiteford (1990) used this method for the Australian HES data to estimate the
consumer equivalence scales, while Griffiths and Valenzuela (1996) estimated
equivalence scales for Australian household consumption goods based on the
Bayesian approach.

The usual linear expenditure demand equation can be expressed as

)( iliilil ee αβα −+= (12.51)
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where eil  = pl i qil is the expenditure on the ith commodity for  the lthltt type HH;

αil = pi ci sil is the subsistence expenditure on the il
th commodity for the t-type HH;

α = Σαil is the subsistence expenditure of the l l-type HH; 

βi = the marginal budget share of the ith good, β0 >0 and Σ bi= 1;
e l = total expenditure of thel l-th HH;
p i and c i = prices and subsistence amount of the ith good respectively, pi, cio; i=1,2
......  n; and qil and sl il = quantity consumed and equivalence scales of the ith good for
the l-type HH respectively.

In the absence of price variation, the demand Equation (12.51) has been 
extended to identifyff the specific scales (sil) by introducing the linear aggregate
macro-consumption function as given below

iil le αββllβl )1( −+= (12.52)

where li = net income of the l-type HH , and β = common marginal propensity to 
consume.

The (n+l) equations given in (12.51) and (12.52) define the ELES which is
formed to incorporate HH compositions. There are two noticeable points in the 
ELES model, viz., (i) there is no allowance for subsistence savings, and (ii) there is 
no direct demographic effects on savings, which is not necessarily true, because
there is enough justification that HHs’ saving has often been planned to spend for
the satisfaction of the HH member in some future time. Hence, the estimates of the
consumers’ equivalence scales obtained from the ELES model should be treated 
with caution.

6. FUNUU CTIONAL FORMS

The specification of functional forms is an integral part of demand analysis. It is
very important, because the estimated consumers’ equivalence scale depends on the
functional form used. Only a few functional forms are presented here, which can be
used to estimate consumer equivalence scales.

6.1 The Extended Working-Leser Function

Engel estimates of equivalence scales rest on the assumption that the HH welfare
depends on the HH food share of expenditures. Therefore money needed for the
maintenance of an extra person of a HH would be to restore the previous food share
of the HH. This requires an Engel function for food. The extended Working (1943), 
Leser (1963) function given below is widely used for this purpose

Wf = α - β log (E/S) + Σ γlγγlγ sl +l ε (12.53)
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where Wf is the food share, sl is the number of persons in the categoryl 1, S is the

total number of persons in the HH, E is the TE, α, β, γ are the parameters andγ ε is a
distutt rbr ance term.

Converting Engel curve estimates into equivalence scales is given as follows.
Suppose Wfoff is a fixed fd oodff share that we wish to maintain foff r two HHs with
budgets E* and Ed o (reference HH). This implies that an additional (E* - Eo)
expenditure is required for the HH to maintain the same food share. In this case the
equivalence scale is given by 

M=E*/Eo

For the Engel curve described in (12.53), E* is the expenditure required by HH,

h to maintain the same level of satisfaction as the reference HH, h = 0 with Eo and
Slo, (i =1.2....L). When food share is equal E is defined by

000* )/(log)/(log l
l

l
h
l

l
l

h SSESSE +−=+− γβαγβα

Taking anti-logs and rearranging terms, this equation can be expressed as

−==
l

l
h
ll

hh SSSSEEM ))(/(exp]/[]/[ 000* β )βγ(((( (12.54)

This can be evaluated at the mean food expenditure by the estimates of equation 
(12.53). Bosch-Domenech (1991), Deaton and Muellbauer (1986), Espenshade
(1984), etc., used this function for the estimation of equivalence scales.

Tsakloglou (1991) also used the extended Working-Leser Engel function with
the following form

Wf = αo + α11ogE + α2 (Little Child) + α3 (Big Child)      (12.55)

Deaton, Ruiz-Castillo and Thomas (1989) also used this kind of Engel function,
but more flexible in the sense that demographic separability can be examined only at 
particular configurations of the explanatory variables. They used the following fory m
for good i

εδγηβα +++++= ZSSSSEW il
l

liilillαααiWWiW )/(log)/log( (12.56)

The main difference between (12.53) and (12.56) is the introduction of new

terms log S and Z. Hence, the sign of γiγγiγγ shows how the demand pattern changes with
HH scales. If η i = 0, the demand for good i is unaltered due to the scaling HH
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resources and nd umbem rs. The Z variables are the determinants of HH behavior. The
equivalentce scales based on Engel function (12.56) are given by

)/()]/()[( iij
l

liliiiil WiiiWSSM +−+−= βγγβη(((η (12.57)

Estimates of the ratios are obtained by replacing the estimated parameters and 
replacing Wi and (Sj / S) by their values at the sample mean of the data.

Muellbauer (1980) used the two types of the Working-Leser function for his 
analysis.

For the reference HH at reference prices pi si = 0, for all i; he used the function

EW iiiWWiW logβα +=  for all i                           (12.58)

with Σα i = 1 and Σβ i =0 to satisfyff the adding up criterion.
The demand equation for a non-reference HH at a non-reference price is given 

by

Wi = {pi si/co) [α i + βi log (E /co)] + ε (12.59)

where co is the cost of living index which applies simultaneously for comparisons
across HHs and prices. Thus, co is defined relatively to a reference HH at reference 
prices, which have been normalized at unity and is given by

=
)(

)()(
0

u

uBSp
c

i

iii

β
β

Earlier, Muellbauer (1977) introduced two other demand functions, which are 
given below.

6.1.1 The PIGL Demand System

In budget share, the PIGL demand function is given by

)(

)/(((((
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)/(((((
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γγ
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6.1.2 The PIGII LOGG G FunctionG

The PIGLOG function is given by

ααααβ
αβ
α

/)α )/(
loglog

loglog
iiiiii pp

E
WiiiW +−

−
−= (12.61)

Another way of expressing (12.61) for HH, l is thatl

ααβ /)1( iililil puuWiii −−= (12.62)

This shows that budget shares are a weighted average of those of ‘rich’ (βi) and

the ‘poor’ (α i pi}/α; using the utility level as weight.
The uh should fall within the range (0,1);

where uh = {1ogEh - logα}/{1ogβ -logα}

6.2 The Bojer Demand Function

Bojo er (l977) estimated the following demand function by the Ordinary Least 
Squares (OLS) method

k
k

kl
l

lii DbEqp +++=
==

7

1

3

1

γγβEβEα (12.63)

where Dk, k = l,2,  ....., 7; are seven dummy variables for the residential area,
occupational status of the head of the HH, and seasonal variation.

Household members are divided into 3 groups: children (aged 0-16 years), adults 
(aged 17-69 years) and elderly (aged 70 years and over).

The total expenditure corresponding to a budget percentage for foodstuffs can be
written as

)]/()[(),,( 21 βαγ −+= VbbbvE ll (12.64)

assuming b3 = 0.
Comparing the income of a HH with b1 adults and b2 children to that of a one-

adult HH and he found that (v-β) cancels out. The equivalent income scales are
independent of (v). Therefore,

)/()()/()(1

)/()()0,1,(/),,(

1221*11

1221121

α ))γ((((γγγ((((γα )))γ((((γγγ((((γ

αγ((γγαγγ((γ

++++=

+++=

bb

bbvEbbvE

(12.65)
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where b1
* is the numbem r of adults minus 1. Each adult adds a scale-value of

)/( 11 αγ((γγ + , and each child adds a scale-value of [ )/( 12 αγ((γγ + ] to the HH.

6.3 The Pollak-Wales Demand FunctionsWW

Pollak and Wales (1981) estimated the generalised CES demand functions
(pooled and unpooled) along with other five functions [see the specification of these
functions in Pollak and Wales (198l), p. 1549], which incorporated demographic 
variables into compmm lete demand systems. Their comparisons are based on the 
following generalised such as CES demand system into which they incorporated 
single demographic variables, the number of children in the HH for the British 
Household Expenditure Survey data.

)/1(/
1

1

Ep
p

p
EpW ii

ii

ii
iiiWWiW −+=

−

−
α

β

β
α γγ

γγ
; 0=β i ;        (12.66)

where E is the total expenditure on the included categories and Wi is the share of

total expenditure devoted to the ith category; α’s, β’s and γ are parameters. The γ
parameter γ isγ the elasticity of “substitution between ‘supernumerary quantities’,   

(q i - α i ) with three goods; the generalised CES function has six independent 
parameters.

They observed that the pooled specification for the demographic variables has no
effect on consumption behavior; where as an unpooled specification affects all
demand system parameters. Using the likelihood values they found that the two 
Gorman demand functions, viz., scaling and thd e modified Praid s and Hd outhakker
models dominated over others.

6.4 The Linear Demand SySS stemyy

The linear fuff nction

iiiiii TiiiTEe εγβα +++= (12.67)

where ei is expenditure on commodity i, E is the total expenditure and Ti is the

vector of test variables; iii and γβα ,, are the parameters to be estimated. The 

equivalence scales are to be estimated for households on the basis of ‘reference
taste’ taken to be zero.

The demand fd uff nction foff r each of the commodity provides the identifying
information for the ELES, Engel and generalised translation models. Equivalence
scales are calculated at a specified single income level. 
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The subsistence expenditure of the reference HH in the ELES model,

ili
i

i
i

ill Scp== αα

The ELES also assumes β i parameters are identical across different HH tyt pes.

Comparing (12.51) and (12.67), the subsistence expenditure of the reference HH 
is given by 

ssrie βα /* −=

where αsr and r βs are the estimated parameters for the savings for the reference HH.
Similarly, the subsistence expenditure of the comparison h-HH type is given by:

ssr βα /− .

Therefore, the ELES equivalence scale (at the subsistence expenditure level) is
given by

Mh (ELES) = srsh αα / (12.68)

Similarly, the specific scale for the ith item of the h-HH type other than savings is
given by

)/(

)/(
)(

sisrir

sishih
ih ELEEE SEEM

ββαα
ββαα

−
−

= (12.69)

The Engel model states that HHs, are equally well-off if the proportion of their
TE spent on food is equal, i.e.

eih / Eh = eir / Er

where eih and eir are the expenditure on the ith commodity made by the h-HH typer

and r-HH type respectively, whereas Eh and Er are the TE of the h-HH type and r-r

HH type respectively.
Substituting the expected food expenditures given by (12.67) and assuming that

the reference HH has TE, E*, these food ratios would be equal if

)](*[(/][ fhfffrfffrfffhff
h EEngelEEM ββα((αα −+= (12.70)

If the βth parameters are defined to be equal across HHs then 
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frfffhff
h EngelEEM αα /][ = (12.71)

which is independent of TE level.

6.5 Further Considerations on Functional FormsCC

Theil (1965) proposed a number of log-linear specifications, which subsequently 
became famous as the ‘Rotterdam System’. Such models have no restrictive
structuring of the estimating equation, because the estimated coefficients are
constants. However, these constant coefficients should be taken seriously, because
Barten (1977) considered a ‘constant in applied econometrics as a magnitude which
varied less than the variables it linked’. Usually, the estimated demand models have 

large residuals. This is not necessarily reflected in R
2

(the coefficient of
determination) when the expenditure or the quantity purchased for a particular item
is taken as the dependent variable. Not all the variations in observed demand can be
examined by the variations of TE or prices. One should look at the demand system
as an attempt to see the impact of changes in TE and prices rather than to explain
changes in demand exhaustively.

Usually, intertemporal homoscedasticity is assumed for most demand models,
which might not be true, and worth further investigation. It is clear in the case of 
LES that for a long period, the dependent variables are expenditures in current 
prices, which might introduce heteroscedasticity as a function of the general price
level. One way to deal with such a problem is to take budget shares for goods as
dependent variables. But other methods should be explored for further research.

To compare the empirical performance of various functional forms, one can use
the following statistic for their judgments. 

. The average information inaccuracy measure due to Parks (1969).

. Testing the co-efficient of certain terms of the models is one way to measure    
     the performance of different models. Theil (1967) compmm ared the performance
     of the Rotherdam System, the Indirect Addilog System and the LES, with or

without linear trends in the bi’s and γiγγiiγ ’s and also a naive model implying no
    changes from year to year.

. The coefficient of determination (R
2
) and/or the distance function, D2-

criterion can also be used td o choose the fuff nctional foff rm.
. The likelihood fd uff nctions should be maximised fd off r various alternatives in order

to select an appaa ropriate model from various alternatives [see Deaton (1974)].
. The non-nested hypothesis testing procedure can also be used td o find ad best

functional form, when they belong to separate families. Such a test is appaa lied
on a pair wise basis. Haque (1989b) used this test to choose a suitable
functional form for his Engel curve analysis. 

Lancaster and Ray (1998) estimated equivalence scales based on alternative 
models, using the Unit Record Data obtained from the Australian HES.  Donaldson
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and Pendakur (1999) estimated income-dependent equivalence scales from
equivalent-income functions. On the other hand, Betti (1999) estimated equivalence
scales based on a non-parametric approach, and Pendakur (1999) provided semi 
parametric estimates and tests for base-independent equivalence scales. Lastly, a 
number of authors such as Coulter, Cowell and Jenkins (1992b) and Matalgliati and
Michelini (1999) estimated equivalence scales based on the extent of inequalityt  and
poverty.  More importantly, Lancaster, Ray and Maria (1999) provided a cross-
country study of equivalence scales and expenditure inequality on Unit Record 
Household Budget Data.

7. CONCLUSION

The essence of consumers’ equivalence scales is to provide an income level and 
specific scales for different goods and services for various family types, so that they 
can maintain the same level of living even if they differ by HH compositions. Suchf
scales can assist to design tax policies, public welfare payments, and also help to
measure income inequality and poverty for different HHs more accurately.
Consumer demand analysis can also be performed more accurately if such scales are 
incorporated in the demand functions. In tht at sense, the current chapter helps to
understand the underlying theory on consumers’ equivalence scales as well as their
applications to real data for policy-making purposes. Although this is a review work, 
it has considerable usefulness. At the same time, this review is mainly based on the
consumer demand model that concentrates on one side of the market only. It ignores
two important factors viz., (i) HH production and dynamic aspects of consumption,
which most HHs face; and (ii) consumpmm tion capa ital that influences HH demand.

In practice, consumer demand analysis has been done without any valid reasons
of its potential uses. However, in this review, it has become clear how such system
can be used to construct consumers’ equivalence scales, as an empirical basis for 
forecasting and planning the composition of the demand bundle, for the constructionf
of certain price indices, and for the design of an optimal tax structure, etc.

The specification of functional forms and the choice of a best functional form
from various alternatives have also been discussed. We thus recommend choosing a 
simpler functional form such as the Working-Leser functional form. Construction of 
consumer equivalence scales will then be estimated from the chosen functional
form.

Many models are mentioned in this review to estimate consumers’ equivalence 
scales. It is now up to the individual investigators to choose which model and for
what purpose the equivalence scales would be constructed. Gorman’s (1976)
combined translation and Barten’s model is worth trying. The modified PH model
should always be kept in mind as an alternrr ative model. The Rothbarth technique is a
good way to estimate consumers’ equivalence scales and should be used when the
PH or Barten models would be used to estimate equivalence scales. Properties of
various demand md odels and thd eir links with each other are worth investigations in
relation to the estimation of consumers’ equivalence scales.
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CHAPTER 13 

CONCLUSIONS

In this chapter we have summarised the main II findinff gs and made somegg
concluding remarks about the contributions of the book. Here we mainly discussed 

the merits and demerits of various methods of estimating income elasticity. We also 

discuss the usefulness of income elasticity for making economic and social policies
for the development of the society. It is argued here that income elasticity can be t

used to measure economic development in terms of economic growth and other 
social changes.

1. INTRODUCTION            

The book is basically concerned with the estimation of income elasticity by
different appaa roaches. The Australian HES data are used to estimate income
elasticity. In order to estimate income elasticity, one needs to specify and estimate
Engel relationships. As such, the specification and estimation of Engel relationships 
constitutt te the central theme. The merits and demerits of these methods of computing
Engel elasticity are given in Section 2. Section 3 is concerned with the use of Engel
elasticity. Estimation of the change in consumer demand with respect to changes in
income and income inequalities is discussed in this section. Finally, a few
concluding remarks of the book are given in Section 4.

2. METHODS OF COMPUTING ENGEL ELASTICITY

In this book, we have computed Engel elasticity for various consumption items
by different approaches. The merits and demerits of each of these methods are
discussed here. In general, econometricians apply the Generalised Least Squares
(GLS) method to estimate Engel elasticity for a limited number of Engel 
relationships from grouped data. They then select a best Engel functional form from
a number of alternative functions, which are under investigation on the basis of
some economic and statistical criteria and they estimate income elasticity based on
that best functional form. Unfortunately, in most cases no single relationship
satisfies all the economic and statistical criteria. For example, in our study different 
fuff nctional foff rms tutt rned out to be the best functional form for different consumption
items, even though the double semi-log functional (DSL) form is found to be
suitable for most of the Australian household consumption items.  This is a new



Engel function we have introduced in order to estimate Engel elasticity, which hasr
the pleasing ability to satisfy a number of economic and statistical criterion.

The GLS method is widely applied to estimate linear functions and the functions,
which are non-linear in variaba les but linear in parameters. But there are still many
problems associated with the latter type of Engel functions when estimated by the
GLS method. For example in order to get unbiased estimates of logarithmic/inverse
Engel functions, the GLS method needs the within group geometric/harmonic means
which are not available from official publications. In general, most investigators use 
the reported within group arithmetic means as proxies for the within group
geometric/harmonic means, and hence an unbiased estimate of Engel elasticity
cannot be achieved when the logarithmic/inverse relationships are estimated by the
GLS method. Kakwani (1977b) attempted to estimate the within group geometric/
harmonic means based on concentration curves foff r Indonesian data and used thd ese
within group geometric/harmonic means to estimate income elasticityt for various
consumpmm tion items. He found that the differences of elasticity estimates based on the 
estimated within group geometric/harmonic means, and using arithmetic means as 
proxies for geometric/harmonic for logarithmic/inverse relations are significant. We
have also estimated within group geometric/harmonic means based on concentration
curves and observed that thd e estimated within group geometric means exceed the
observed arithmetic means for about 50% of the per capita income classes for every

item, which is contradictory to the familiar inequality A.M ≥ G.M. Thus, the method
of estimating within group geometric/harmonic means based on a concentration
curve is subjb ect to criticism. Our results indicate that the differences between the
elasticity estimates based on the within group geometric/harmonic means and using
arithmetic means as proxies for geometric/harmonic means are not negligible. 

The concept of the average elasticity of a variable elasticity Engel function is
also considered and extended for multivariate Engel functions in Chapter 4. 
Empirical results show that the elasticity for the hyperbolic functional form
computed at average values are frequently below 1 for some known luxury items,
while the average elasticity of this function is able to classify the item correctly.
Thus, the average elasticity of a variable elasticity Engel function is more reliable in
classifyff ing various consumption items.

It is recognized that total expenditure rather than income is a satisfactory index
of the true economic position of the households. However, Summers (1959) shows
that estimating a single relationship with total expenditure as one of the independent
variables using the Ordinary Least Squares (OLS) method produces inconsistent 
estimates of Engel parameters due to the simultaneity of the model. Later, Liviatan
(1961) used the instrumental variable approach and showed that consistent estimates
of Engel parameters could be obtained if recorded hd ousehold ind come could be used
as an instrument for household total expenditure. We also use the instrumental
variable approach to obtain consistent estimates of Engel parameters for multivariate 
Engel relationships, which have not been applied previously. The difference
between the elasticity estimates obtained by the GLS method, taking total 
expenditure as one of the independent variables, and the Generalised Instrumental 
Variable (GIV) approach, is referred to as the bias due to inconsistency. These
biases are not significant except for a limited number of consumption items. Thus,
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Prais’s (1953a) remark that specifying the correct model and introducing more
accurate data might ignore the amount of bias introduced by the simultaneity of the 
model might be acceptable.         

So far, we have discussed only the problems of using the GLS method to the
commonly used Engel functions for grouped data. In this regard, a number of 
alternative approaches are introduced to overcome the problems of the GLS method 
for a number of multivariate Engel relationships. Using the Box-Cox transformation,
a general Engel function, which encompasses most of the commonly used Engel 
fuff nctions as a sub-set of a broad class of functions, is established for Australian HES
data. It is shown in Chapter 5 that for most of the commodities the commonly used 
Engel functions are not appropriate, although the double log Engel function is not 
significantly different from the Box-Cox function for five out of ten consumption 
items. The elasticityt  estimates obtained from the Box-Cox Engel function do not
vary substantially from those of the widely used functional forms for various
consumption items. The Box-Cox Engel function yields high standard errors for the
estimated elasticity probably due to the need of estimation of power parameters. The
conditional standard errors are however small and close to those of various widely
used simple functional forms. Also, elasticity estimates obtained from the Box-Cox 
Engel function satisfy some a priori beliefs, which are not generally satisfied by
other commonly used Engel functions. Thus, we come to the crucrr ial conclusion that
the more flexible Box-Cox Engel function is the most appropriate function for the
Australian HES data.

A new method of estimating Engel elasticity is presented in Chapter 7, which is
based on two types of concentration curves, namely concentration curves for income
and expenditure for a particular item. The elasticity estimates based on this new
Engel curve is better than the commonly used Engel functions in two respects, viz.,
goodness of fit and the adding up criterion. This method is based on grouped data
and is free from the problem of estimating unbiased income elasticity due to the use 
of inappropriate grouped arithmetic means for non-linear Engel functions. 
Specification of the concentration curve is a big problem, but the greatest 
disadvantage of this method is that one cannot incorporate the effect of more than
one variable in specifying a concentration curve. However, it is important to note
that if the data are classified according to income for different family composition
then the effects of family composition and economies of scale could be incorporated 
by computing income elasticity for different compositions and then these elasticities
could be combined to find an overall income elasticity of demand for the whole
population.

The demand for food and alcohol in Australia is presented in chapters 9 and11
respectively, where the measurement and estimation of elasticity indices are
discussed. It is argued here that the elasticity index is a better measure to classify an
item i.e., whether the item is elastic or inelastic, than its elasticity measure. Because,
the elasticityt  index is a unique measure, while elasticitytt  depends on particular values
at which it is calculated. More importantly, it is demonstrated how the contributions 
of sub-items to the inequality measure of a broad group say ‘all food’ or ‘all alcohol 
and tobacco’ can be measured by decomposing the elasticity index of that broad 

CONCLUSIONS



224

group with respect to its sub-items. It is thus hoped that the empirical findings of the
study will help health planners for any future course of action.

3. USES OF INCOME ELASTICITY

The income elasticity is commonly used in demand forecasting. Demand
forecasting using income elasticity has a number of problems, because a demand 
foff recast should be made with a new set of prices and a newf size distribution of
income. The distribution of income may be assumed to be invariant over time, but 
the assumption of constancy of relative prices is not justifiable. Aggregation is
another problem in demand forecasting. The demand function derived from the HES
data may be valid for the average household. Hence, the aggregate demand is found 
by aggregating the demand function over all the households. For predictionr
purposes, the change in both aggregate income and its distribution among
households should be taken into consideration if the marginal propensity to consume
varied frd om household td o household. However, if the double-logarithmic functional
form is used, the problem of aggregation could be avoided by assuming a
proportional change in income of each household. In that case the aggregate demand 
for a particular item could be calculated in the following way.

Let D be the demand of a particular item and β be the income elasticityt  and if the
change in income/overall expenditure is assumed to be the same for all households,

say α per cent, then the prediction for aggregate demand is given by

( )β=* DD (13.1)

We have already shown that the double logarithmic Engel function is not 
appropriate for all the commodities. In fact, frequently, a variable elasticity Engel 
function fits best to the HES data. On the other hand no theoretical income
distribution fits well to real data. Therefore, an alternative method of estimating the
increase in consumer demand from HES data is presented in Chapter 8. This method 
relaxes earlier assumptions about the constant elasticity Engel function and the
Paretian or Lognormality income distribution. Thus, in Chapter 8, we consider the 
effects of changes in income and income inequalities on the future levels of 
consumpmm tion of different commodities. Any planned governmental investment leads
to an increase in real income and expenditure of households. As a consequence, the
demand fd off r diffeff rent consumption items will increase.mppm Unless necessary steps are 
taken in advance to meet the increased demand for consumption, an inflationary
pressure is likely to build up in certain sections of the economymm . Therefore, it is of 
considerable importance to forecast aggregate demand for different items for proper
production planning. Thus, income elasticity and the demand function derived from
cross sectional data are of great importance for production planning, policy makingmm
and for prediction purprr oses.

Apart from the above mentioned uses, HES data can be used in making social 
policies, showing how poverty may affect certain sections of the population, what 
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proportion of households live in various states of poverty and how these proportions
change through time. Econometric investigations are of great interest to academics 
in understanding the demand structure of consumers and income elasticity.

4. CONCLUDING REMARKS

As far as the method of estimating income elasticity is concerned, the GLS
method should be used to estimate the double semi-log Engel function if the
complete cross-classification data are available. The Box-Cox Engel function should 
be used to estimate the income elasticity for different items, particularly for those
items where there is any doubt about the commonly used Engel functions. This is 
because the Box-Cox Engel function is the most appropriate function for Australian
HES data, even though it yields high standard errors of the estimated elasticity and
needs a large number of observations. If data are available for only a small number
of broad income groups, the GLS method should not be used to estimate income
elasticity. In that case, the new method of computing income elasticity presented in
Chapter 7 should be used. In order to take into account the effect of family size, 
family composition elasticity for separate types of families can be calculated and
then the elasticity for the whole population can be obtained from these family
composition elasticities, provided family composition data are available. The 
income elasticityt  index is a useful and unique measure to identifyff whether an item is
an elastic or inelastic commodity. So, the income elasticity could be estimated where
there is any doubt whether the item is an elastic or inelastic commoditytt . The
increase in consumer demand over time can be estimated by our alternative method 
for demand projection. It is thus hoped that our method gives a better result than the
existing methods for demand projections. Thus, we recommend our method to
estimate the increase in consumer demand with two directional changes, namelyd
changes in income and changes in income inequalities of the households. However,
all these conclusions are conditional upon the particular model specification adopted 
in this book and need not hold universally.

The investigations, which were undertaken as a contribution to our knowledge of
an important sector of the economic system, did not have any special practical aims 
in mind. However, it is hoped that some of the findings will be of interest to many 
whose concern with consumers’ behaviour is not purely academic. Thus, much of r
the material presented here in estimating income elasticity should be of interest from
the market research standpoint, while the increased consumer demand is important 
in connection with proper production planning and policy making.

The present book should be regarded only as indicative of the tytt pe of probleyy m
that may be solved by an econometric analysis for the HES data. The results
presented in this book are thus in the nature of a series of pieces of research, which
are based on previous research, but attempmm t to add ad brick here and thd ere and end
with the hope that in doing so no weak points are left in the structure.
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